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Preface

. . .with its help, debates can be resolved forever, if they can be settled on the basis of
some data; and if one took the pen it would be enough for the two disputing men to
say to one another: Let�s calculate.

Leibniz in a letter to P. J. Spener, 1687

Computational chemistry has reached a high degree of maturity and comprehen
sion making it one of the vivid research areas in modern chemical and physical
research in general. This is true because an accurate simulation of spectroscopic
properties is one of the major challenges and at the same time a precious benefit
of modern theoretical chemistry. Predictions concerning single molecules, mole
cular clusters, or even the solid state in combination with detailed information from
apparatus based experiments are therefore providing ingredients to an auspicious
revolution in the borderland between theory and experiment: computational spec
troscopy. At first sight, the term seems to contradict itself: from the traditional point
of view, spectroscopy (or spectrometry) belongs to the realm of the experimentalists,
while computational chemistry is allocated to the domain of theory. The frantic
developments in both areas during the last years have nevertheless helped build new
bridges between both worlds.

This is important because until the end of the last millennium theoretical and
experimental chemistry were separated by respectable gaps. Studying chemistry in
the 1990s was yet sometimes accompanied by dialectical training: equipped with the
sanguine knowledge that molecular orbitals are artifacts (learned from an exciting
theoretical chemistry course), one stumbled into an organic chemistry exam being
forced to explain the formation of a covalent bond in terms of those very orbitals.
Those days are history now for several in part ambivalent reasons. The main
cause nevertheless is a simple one: modern computational chemistry deals with
observable properties and this positivistic shift does not leave too much room for
‘‘overinterpretations.’’One can always try to find an experiment, which allows either
falsification or confirmation of the computer simulation. This is in sharp contrast to
the second major application area of computational chemistry: the underpinning of
chemical concepts. Led by Coulson�s famous request, ‘‘. . . give us insights, not

XI



numbers . . .,’’ more and more chemical perceptions as well as new molecular
categories were introduced. It is, however, still unclear whether the addition of
those ad hoc concepts is always helpful in characterizing the huge variety of
chemical phenomena. On the contrary, many of these early chemical concepts
resembled Leibniz�s voces metaphysicae, that means phrases, which we use believing
that we understand entities just by pinning names on them. Or, to quote Wolfgang
Pauli, many of the earlier concepts deduced from approximate quantum chemistry
were so fuzzy that they were not even wrong.
In order to keep pace with new developments in terms of more rigorous solutions

for Schrödinger equation, we anyhowmay not demand that ideas from the early days
of numerical theoretical chemistry persist permanently. The decade long debate and
struggle for a unique definition of aromaticity is only one of the many examples of
those fruitless endeavors. The (in part humoristic) suggestion by Heilbronner as
early as 1971 at the famous Jerusalem symposium on ‘‘Aromaticity, Pseudo Aroma
ticity, Anti Aromaticity’’ to introduce the term ‘‘schizo aromaticity’’ for molecules,
which are aromatic by one definition and nonaromatic by another, illuminates this
dilemma quite graphically.
The situation changed dramatically during the last 20 years. Reliable first princi

ple electronic structure calculations on the one hand and sophisticated molecular
dynamic simulations for complex systems on the other hand are nowadays well
established instruments in the toolbox of theoretical chemists, and these rapid
developments are paving the way for the study of increasingly large and chemically
complex systems. At the same time, experimental molecular spectroscopy is also an
extremely active and fast developing field, which is evolving toward the possibility of
performing precise measurements for single molecules and, even more intriguing,
for the hub of chemistry itself, the individual covalent bond. The title of this book
Computational Spectroscopy states its aim: From basic research to commercial appli
cations in the area of environment relevance, we will compile the major develop
ments during the past 5 10 years. A multitude of apparatus driven technologies will
be covered. Nevertheless, the selection of topics is of course a subjective one.
Summarizing the results of so many different disciplines, I hope that this book
will on the one hand attract the attention of newcomers and on the other hand
inform the experts about developments in scientific areas adjacent to their own
expertise.
At Wiley, I would especially like to thank Dr. Elke Maase and Dr. Martin Graf for

their guidance through all phases (from the first concept of the book to the final
cover design) of this challenging and fascinating project.

July 2010 Jörg Grunenberg
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1
Concepts in Computational Spectrometry: the Quantum
and Chemistry
J. F. Ogilvie

1.1
Introduction

During the nineteenth century andmost of thefirst half of the twentieth century, after
Dalton�s recognition of the atomic nature of chemical matter, which is everything
tangible, that matter was regarded by most chemists as a material. Even though
chemists, followingCouper, Kekule, van�t Hoff, and others, drew structural formulae
in terms of atoms connected by bonds represented as lines, chemical samples were
generally regarded as materials or �stuff�. When, after 1955, molecular spectra,
particularly of organic compounds, began to be recorded routinely in the mid
infrared region andwith nuclearmagnetic resonance, the outlook of chemists shifted
from macroscopic properties, such as density, melting point, and refractive index,
to purportedly molecular properties, such as the effect of adjacent moieties on
the characteristic infrared absorption associated with a carbonyl group or on the
chemical shift of a proton. The first �quantum chemical� calculations, on Hþ

2 by
Burrau and on H2 by Heitler and London, all physicists, had as subjects chemical
species remote from common laboratory experience, but Pauling�s brilliant insight
and evangelical manner stimulated great qualitative interest in a theoretical inter
pretation of chemical properties, even though a large gap existed between the
primitive calculations on methane and other prototypical molecules and molecules
of substances of practical interest. This gap was bridged largely through the efforts
of Pople and his collaborators during the second half of the twentieth century in
developing computer programs that enabled efficient calculation of observable
molecular properties; not coincidentally, Pople was also an early exponent of the
application of nuclear magnetic resonance spectra in the publication in 1959 of an
authoritative monograph [1] that was seminally influential in the general application
of this spectral method [2].

Chemists concerned with quantitative analysis have always understood the dis
tinction between spectroscopy and spectrometry: spectroscopy implies the use of
a human eye as a visual detector with a dispersive optical instrument and hence
necessarily qualitative and imprecise observations, whereas spectrometry pertains to
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an instrument with an electrical detector amenable to quantitative measurement
of both frequency and intensity. For spectra throughout the entire accessible range of
frequencies from 106Hz, characteristic of nuclear quadrupole or nuclear magnetic
resonance, to radiation in the X ray region sufficiently energetic to cause ionization,
a significant use of the numerical results of computations based nominally on
quantum mechanics, such as of molecular electronic structure and properties, is to
assist that spectral analysis. Pople�s programswere based, to an increasing extent over
the years, on selected quantum mechanical principles that arose from quantum
theories. During the past century, the practice of chemistry has thus evolved much,
frombeing a largely empirical science essentially involving operations in a laboratory
and their discussion, to having allegedly an underpinning based on quantum
theories.

During the nineteenth century, a standard paradigm formost chemical operations
was that both matter and energy are continuous; following a philosophical point of
view of Greek savants and concrete ideas of Bacon and Newton, Dalton�s contention
that matter is particulate provided a basis to explain chemical composition, but
Ostwald remained skeptical of the existence of atoms until 1909 [3]. The essence of
the quantum concept is that both energy and matter ultimately comprise small
packets, or chunks, not further divisible retaining the same properties. In Latin,
quantum means how much?. A descriptor more enlightening than quantum is
discrete, so we refer to the ultimate prospective discreteness of matter and energy.
(In a mathematical context, integers take discrete values, even though they number
uncountably, and have a constant unit increment, whereas real numbers 1.1, 1.11,
1.111, . . . vary continuously, with an increment between adjacent representatives as
small as desired.) One accordingly distinguishes between the laws of discreteness,
based on experiment, and various theories that have been devised to encompass or to
reproduce those discrete properties. The distinctions between physical laws and
theories or mathematical treatments are poorly appreciated by chemists; our objec
tive is thus to clarify the nature of both quantum laws and quantum theories, thereby
to propose an improved understanding of the purported mathematical and physical
basis of chemistry and the application of computational spectrometry. After distin
guishing between quantum laws and quantum theories, we apply to a prototypical
problem three distinct quantum mechanical methods that nevertheless conform to
the fundamental postulate of quantum mechanics; we then consider molecular
structure in relation to quantum mechanical principles and their implications for the
practice of chemistry aided by computational spectrometry.

For many chemists, the problem so called the particle in a box is the only
purportedly quantum mechanical calculation that they are ever required toundertake
as a manual exercise, but its conventional solution is at least problematic. Any or all
treatments of a harmonic oscillator in Section 1.3 serve as a viable alternative to that
deficient model. The connection between quantummechanics and chemistry might
be based on a notion that �quantummechanics governs the behavior of electrons and
atoms in molecules,� which is merely supposition. While Dirac and Einstein had, to
the ends of their lives, grave misgivings about fundamental aspects of quantum
mechanics [4], and even Born was never satisfied with a separate and thereby
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inconsistent treatment of the motions of electrons and atomic nuclei that
underpins common quantum chemical calculations, almost all chemists accept, as
recipes, these highly mathematical theories, in a mostly qualitative manner
embodied in orbitals �for fools rush in where angels fear to tread� (Pope). For
those chemists who undertake calculations, typically with standard computer pro
grams developed by mathematically knowledgeable specialists who have no qualms
about producing more or less efficient coding but who might refrain from ques
tioning the underlying fundamental aspects, the emphasis is placed on the credibility
of the results. For the molecular structures of stable species that have been
established by essentially experimental methods, although a theoretical component
is invariably present, the empirical nature of the computer coding its parameters are
invariably set to reproduce, approximately, various selected properties of selected
calibration species reduces its effect to a sophisticated interpolation scheme; for
the molecular structures of such fabulous species as transition states, as these are
inherently impossible to verify, the results of the calculations merely reinforce
preconceived notions of those undertaking such calculations. We trust that recon
sideration of the current paradigm in chemistry that abides such questionable
content will motivate an improved understanding of the mathematical and physical
bases of chemistry and a reorientation of chemistry as an experimental and logical
science of both molecules and materials. For this purpose, computational spectrom
etry has a substantial role to play in a fertile production of information about the
structure and properties of molecules and materials.

1.2
Quantum Laws, or the Laws of Discreteness

The universe comprises matter and energy; as chemists, we might ignore the
possibility of their interconversion. With regard to matter, we classify anything on
or above an atomic scale and that displays a rest mass as either material or molecule.
Molecules exist only in a gaseous state of aggregation under conditions in which
intermolecular interactions are negligible, thus describable as constituting an ideal
gas; an isolated atom is simply a monatomic molecule. Molecules hence exist most
purely in interstellar clouds, but even appropriate gaseous samples in a terrestrial
laboratory that exhibit properties nearly characteristic of a free molecule might, to
a sufficient approximation, be deemed to contain molecular entities. A material is
found in a condensed phase or in a compressed gas, under which conditions
rotational degrees of freedom are much hampered. A few condensed samples, such
as liquid dihydrogen, have properties, such as spectra in the infrared region, that
might resemble those of free molecules. In contrast, a single macroscopic crystal
of diamond or sodium chloride or a sheet of �polyethylene�, for instance, might on
structural grounds be regarded as constituting a single molecule. For H2O, the
smallest internuclear distances in the gaseous phase and in liquid water or solid ice
differ by more than their experimental uncertainties, and their infrared spectra
concomitantly differ. How can we consider H2O to be the same species in the
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molecular vapor and the material solid? For energy, we limit attention to its radiant
form as constituting a free state like an interstellar molecule; a discrete unit of
radiation is called a photon.

We summarize in Table 1.1 some fundamental properties of molecules and
photons [5].

The experiment best known to demonstrate the discreteness of a property
of a particle with rest mass is Millikan�s measurement of the charge of an electron
on a drop of oil suspended in a vertical electric field. Assuming that discreteness of
electric charge, one readily observes the discreteness of mass of molecular ions
with a conventional mass spectrometer. The unit of charge is that on the proton or
the magnitude of charge that an electron carries. Masses of individual atoms are
classified with exact integers, but actual atomic masses, or masses of not too large
molecules of particular isotopic composition, assume nearly integer values in terms
of unified atomicmass unit or dalton. Under appropriate conditions, the total energy
W of a molecule confined to a finite spatial volume might take discrete values, but
even for an unconfined molecule the rotational, vibrational, and electronic contribu
tions to total energy might be observed to alter in discrete increments. The linear
momentum~p of a confinedmolecule is supposed to assume discrete values. Not only
the total angular momentum ~V of a molecule but also the separate electronic,
nuclear, and rotational contributions thereto appear to assume, in a particular
discrete state, integer or half integer values in terms of Dirac constant h (Planck
constant hdivided by 2p); these angularmomenta likewise alter in unit increments in
various processes.

A photon possesses neither net electric charge nor rest mass, but its energy and
linear momentum are directly related to its wave attributes frequency n ¼ E=h and
wavelength l ¼ h=jpj; their product nl equals the speed c of light. Any photon carries,
independent of frequency, intrinsic angularmomentum ~V to the extent of oneunit in
terms of h, in the direction of propagation if it be circularly polarized in one sense
or opposite the direction of propagation for circular polarization in the other sense.
As a limiting case of elliptical polarization, linearly polarized light as a coherent
superposition of these two circular polarizations lacks net angular momentum and
so imparts no total angular momentum to an absorbing target.

Evenwhenneglecting a distinction betweenmolecules andmaterials, these laws of
discreteness, or quantum laws, of molecules and photons provide an ample basis for

Table 1.1 Physical properties of molecules and photons.

Property Value for molecule Value for photon

Charge Z 0,� 1e,� 2e, . . . 0
(Rest) mass M > 0 0
Energy W ffi Wtr þWrot þWvib þWel þ W hn
Linear momentum j~pj > 0 j~pj h=l
Angular momentum j~Vj ½JðJþ 1Þ�1=2�h j �Vj �h
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the conduct and explanation of chemical operations for almost all practical purposes
beyond which a continuum of properties suffices.

1.3
Quantum Theories of a Harmonic Oscillator

In attempts to explain or to encompass various experimental data interpreted in terms
of discrete properties at a molecular level, scientists have devised various quantum
theories. Planck proposed reluctantly in 1900 the first theory to involve a discrete
quantity, for which he invoked harmonic oscillators; he attempted to explain the
distribution of energy, as a function of wavelength, radiated by a black body [3]. As that
distribution is continuous, the requirement for a discrete quantity in a theoretical
derivationisnotobvious.Thatdistributionhasbeenderivedalternativelywithclassical
statistical thermodynamics [6], although the incorporation therein of the Planck
constant remainsenigmatic.Thesecondapplicationofaquantumconditionappeared
in Einstein�s treatment of the photoelectric effect in 1905, but in retrospect
a recognition of the quantum laws makes that derivation almost trivial. In relation
to infrared spectra of gaseous hydrogen halides, in 1911 Bjerrum, a Danish chemist,
sought todevelopanexplicitquantumtheoryofmolecules forvibrationalandrotational
motions; as this treatment preceded Rutherford�s revelation of the structure of the
nuclear atom, this endeavor was bound to fail. Equally incorrect but far better known
is Bohr�s theory, in 1913, of an atomwith one electron for which some enhancements
by Sommerfeld and Wilson failed to remedy the fundamental deficiencies [3].

In 1924, Born and Heisenberg recognized that a proper description of an atomic
particle must be concerned with its mechanics and dynamics, hence with equations
of motion in terms of position, momentum, and time. InHeisenberg�s development
of the first enduring quantum theory in 1925 [3], the crucial particular in his paper is
expressible as

pjqk qkpj ¼ i h dj;k ð1:1Þ
Therein appear symbols to denote a component of momentum p or of position q,
i ¼ 1

p
, Dirac constant h, and Kronecker delta function dj,k that equals unity if j¼ k

or zero otherwise; the left side of this equation contains a commutator, printed as
[pj, qk]. In one dimension, this equation becomes

pq qp � ½ p; q� ¼ i h ð1:2Þ
From this relation are derivable both de Broglie�s relation, l¼ h/p, andHeisenberg�s
principle of indeterminacy [5],DqDp� 1/2 h, whereas the reverse derivations are less
obvious. One may thus regard this equation, as Dirac recognized directly in 1925, to
constitute the fundamental postulate of quantum mechanics. A parallel postulate in the
form of a commutation relation involving energy and time is less relevant here.
Among quantities that naturally fail to commute are matrices, and a variable with its
differential operator; such quantities to represent p and qmight hence form a basis of
quantum mechanical calculations.
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To illustrate and to contrast three methods of quantum mechanics in a nonrel
ativistic approximation, we apply this commutator to a canonical linear harmonic
oscillator in one spatial dimension. According to classical mechanics, the frequency
of its oscillation is independent of its amplitude, whereas according to quantum
mechanics a harmonic oscillator has states of discrete energies with equal incre
ments between adjacent states, as we derive below. Because the latter oscillator
possesses no angular momentum, it behaves as a boson. The classical potential
energy V associated with this canonical form is expressed as

VðqÞ ¼ 1=2 ke q
2 ð1:3Þ

in whichVexhibits a parabolic dependence on displacement coordinate q; coefficient
ke is also the factor of proportionality inHooke�s law, F(q)¼ keq, relating a restoring
force to that displacement.

1.3.1
Matrix Mechanics

According tomatrixmechanics, eachphysical quantity has a representativematrix [7].
For coordinate matrix Q, we accordingly define its elements qn,m. Combining the
relation for the restoring force of an oscillator ofmass mwith Newton�s second law in
nonrelativistic form, we obtain

FðqÞ ¼ ke q ¼ m d2q=dt2 ð1:4Þ
Expressing a ratio ke/m of parameters as a square of a radial frequency v0, for which
the units are appropriate, we rewrite this differential equation as

d2qðtÞ=dt2 ¼ v2
0 qðtÞ ð1:5Þ

For this equation to be applicable to a system described by means of matrix
mechanics, each element of matrixQmust separately obey this equation; we express
this solution in exponential form as

qn;mðtÞ ¼ q0n;mexp ð ivn;m tÞ ð1:6Þ

in which appear two arbitrary constants q0n;m and vn,m, appropriate to an ordinary
differential equation of second order. Substitution of this solution into that differ
ential equation yields the following condition:�

v2
0 v2

n;m

�
q0n;m ¼ 0 ð1:7Þ

Hence, either q0n;m ¼ 0 or vn,m¼�v0. Because numbering of matrix elements is
arbitrary, we apply a convention that a conditionvn,m¼ þv0 corresponds to emission
of a photon as the oscillator passes from a state of energy with index n to another state
with energy with index n 1, whereas a condition vn,m¼ v0 corresponds to
absorption of a photon as the oscillator passes from a state of energy with index n
to another state with energy with index n þ 1. With numbering of elements
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beginning at zero, the coordinate matrix thus assumes this form,

Q ¼

0 q00;1 0 0 � � �

q01;0 0 q01;2 0 � � �

0 q02;1 0 q02;3 � � �

� � � � � � � � � � � � � � �

0
BBBBBBB@

1
CCCCCCCA

ð1:8Þ

in which nonzero elements accordingly appear only on the first diagonals above
and below the principal diagonal. As momentum, in a nonrelativistic approxima
tion, is defined as a product of a constant mass and the temporal derivative of
coordinate q, so that p¼ m dq/dt, we have for each element of the momentum
matrix pn,m¼ i m vn,mqn,m; with vn,m¼�v0 and m¼ n� 1, we obtain

P ¼ i m v0

0 q00;1 0 0 � � �
q01;0 0 q01;2 0 � � �
0 q02;1 0 q02;3 � � �
� � � � � � � � � � � � � � �

0
BBBBBB@

1
CCCCCCA

ð1:9Þ

which has nonzero elements along diagonals only directly above and below the
principal diagonal.

The total energyW of a state of the oscillator is a sum of kinetic T and potential V
contributions, which together constitute the Hamiltonian HO applicable to this
problem,

W ¼ HO ¼ 1=2 p2=mþ 1=2 keq
2 ¼ 1=2 p2=mþ 1=2 m v2

0q
2 ð1:10Þ

We form accordingly an energy matrix W as a sum of squares of matrices P for
momentum and Q for coordinate with their indicated multiplicands, 1/2m�1 and
1=2 m v2

0, respectively, which yields

W ¼ m v2
0

q00;1 q
0
1;0 0 0 � � �

0 q00;1 q
0
1;0 þ q01;2 q

0
2;1 0 � � �

0 0 q01;2 q
0
2;1 þ q02;3 q

0
3;2 � � �

� � � � � � � � � � � �

0
BBBBBBBB@

1
CCCCCCCCA

ð1:11Þ

Nonzero elements appear therein only along the principal diagonal. Moreover, all
factors dependent on time have vanished, which signifies that the energies of states
are independent of time, thus corresponding to stationary states. Amplitude coeffi
cients q0n;m, which originate as constants of integration, remain to be evaluated; for
this purpose, we apply directly the commutation law, which here contains a unit
matrix on the right side.
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½pq qp� ¼ 2 i m v0

q01;0 q
0
0;1 0 0 � � �

0 q02;1 q
0
1;2 q01;0q

0
0;1 0 � � �

0 0 q03;2q
0
2;3 q02;1q

0
1;2 � � �

� � � � � � � � � � � �

0
BBBBBBBB@

1
CCCCCCCCA

¼ i h

1 0 0 0 � � �

0 1 0 0 � � �

0 0 1 0 � � �

� � � � � � � � � � � � � � �

0
BBBBBBBB@

1
CCCCCCCCA

ð1:12Þ
Therefore,

q01;0 q
0
0;1 ¼ i h=ð 2 i m v0Þ ¼ h=ð2m v0Þ

q02;1 q
0
1;2 q01;0q

0
0;1 ¼ h=ð2m v0Þ; . . .

ð1:13Þ

Solving successively these equations and consistent with microscopic reversibility,
we obtain

q0nþ 1;n q
0
n;nþ 1 ¼ q0n;nþ 1q

0
nþ 1;n ¼ jq0n;nþ 1j2 ¼ ðnþ 1Þh=ð2m v0Þ ð1:14Þ

We substitute this general relation into the energy matrix. The corresponding
elements qn,m of coordinate matrix Q increase along each diagonal according to
[1/2 (n þ 1)]1/2. When we replace radial frequency v0 by circular frequency
v0¼v0/(2p), we derive a general result

Wn � Wn;n ¼ ðnþ 1=2Þ h v0 ¼ ðnþ 1=2Þh n0 ð1:15Þ
This result signifies that the interval of energy between states characterized with
adjacent integers is constant, equal to h n0, and that the state of least energy,
characterized with n¼ 0, has a residual, or zero point, energy equal to 1/2 h n0.
Transitions in absorption or emission, according to type electric dipole of form
charge times distance, e q, are thus governed by the nonzero elements of coordinate
matrix Q; these transitions are hence possible only between states of adjacent
energies.

In principle, the rows and columns of all matrices here number infinitely, but to
form each matrix with a dozen rows and columns suffices for any practical purpose.
Although these calculations by hand withmatrices of even such an order are tedious,
calculation with mathematical software [8] such as Maple is readily effected; accord
ing to contemporary methods of teaching mathematics, many students are
introduced to such software in calculus courses, so there is no major impediment
to such use for chemical applications. In the same way, one shows directly that the
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numbering ofmatrix elements is arbitrary, so that nonzero elements q0n;m ofmatrixQ
might occur for n¼m� k, for instance, with k¼ 2 or 3 rather than 1 as above; in that
case, the energies still have values (n þ 1/2) h n0 with nonnegative integer n, and two
or three states have the same energy. Transitions of type electric dipolar still occur
only between states of adjacent distinct energies.

1.3.2
Wave Mechanics

According to wave mechanics, an observable quantity might be represented with
a differential operator. To conform to the fundamental postulate of quantum me
chanics, either coordinate q or momentum p, but not both, might be selected to be
a differential operator. According to a coordinate representation, we choose momen
tum p to become i h d=dq, whereas according to a momentum representation we
choose coordinate q to become i h d=dp; the reason for such choices is simply
to impose conformity with that fundamental postulate. A differential operator
requires an operand, called an amplitude function or wavefunction; for operator
d/dq, we choose y to denote its operand, whereas x for operand of d/dp. Among
properties thaty(q) and x(p) must obey are that these functions must be continuous,
remain everywhere finite and singly valued, and satisfy appropriate boundary con
ditions; the first derivatives ofy(q) and x(p) with respect to their specified arguments
must likewise be well behaved except possibly at infinite discontinuities of potential
energy. Amplified discussion of various properties of y(q) is available elsewhere [9].

Also according to wave mechanics, the possible energies W of a system in
a stationary state are obtained upon solution of Schrodinger�s equation independent
of time. For such a system, the coordinate representation is generally preferable to the
momentum representation, because the potential energy is typically expressible
more readily in terms of coordinate than in terms of momentum. For a particle of
mass m subject to displacement q, the kinetic energy according to classical formula T
(q)¼ 1/2 p2/m becomes operator 1/2 (h2/m) d2/dq2 in the wave mechanical coor
dinate representation. For a canonical linear harmonic oscillator, the potential energy
in terms of coordinate q remains V(q)¼ 1/2 keq

2, as in matrix mechanics. Inserting
these quantities into Schrodinger�s equation, we obtain

HO ðqÞyðqÞ ¼ ½ 1=2 ðh2=mÞ d2=d q2 þ 1=2 ke q
2�yðqÞ ¼ WyðqÞ ð1:16Þ

inwhich the termsbetween brackets constitute theHamiltonian operatorHO ðqÞ that is
applicable to this particular problem. To solve this differential equation, of type
second orderwith linear symmetries,we best invokemathematical software [8], as for
matrixmechanics above: withMaple the direct solution, againwithv0 substituted forp

(ke/m), is directly expressed as

yðqÞ ¼ c1WMðpW=ðh w0Þ; 1=4; 2p v0 m q2=hÞ= q
p

þ c2 WWðpW=ðh v0Þ; 1=4; 2p v0 m q2=hÞ= q
p ð1:17Þ
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With coefficients c1 and c2 as constants of integration, two independent solutions
contain Whittaker M, as WM, and Whittaker W, as WW, functions, each with three
arguments. For amplitude functions to be well behaved according to a condition
specified above, namely, that yn(q) ! 0 as q ! 1, the difference between the first
and second arguments must be equal to half a nonnegative integer: so
p W/(h v0) 1/4¼ 1/2 n. Replacing radial frequency v0 by circular frequency v0,
we hence obtain

Wn ¼ ðnþ 1=2Þ h n0 ð1:18Þ
as in the solution according to matrix mechanics.

Plotting the part of the solution above containing theWhittakerM functions shows
that, for even values of integer n, the curves diverge for positive and negative values of
q; for this reason, we set c1 equal to zero. In terms of Whittaker W functions, the
amplitude function y(q) thus becomes

ynðqÞ ¼ c2WWðn=2þ 1=4; 1=4; 2p ðk mÞ1=2 q2=hÞ=q1=2 ð1:19Þ
Integration constant c2 remains to be evaluated; for this purpose, because Maple is
unable to perform a general integration for symbolic integer n, we integrate
yn(q)	yn(q) over q from 1 to1 for n from 0 to 5, withyn(q)	 as complex conjugate
of yn(q); as yn(q) here has no imaginary part, yn(q)	yn(q)¼yn(q)

2. On inspection of
those results of integration, we discern that

c2 ¼ ð2n=n!Þ1=2=p1=4 ð1:20Þ
causes each integral to become equal to unity, corresponding to normalization of
amplitude function yn(q). After we test this result by integrating yn(q)

2 from 1
to 1 for further values of n to verify our deduction, yn(q) becomes thereby
completely defined for n of arbitrary value. In Figure 1.1, with each function
displaced upward n units for clarity, we plot yn(q) in terms of Whittaker W
functions for n¼ 0 . . . 3 and with q in a domain 2.5 . . . 2.5; for the purpose of
these plots, we take h¼ ke¼ m¼ 1, but such values affect only the scales on the axes,
not the shapes of the curves.

In Figure 1.2, we plot similarly a product yn(q)
2. According to Born�s interpre

tation, a product yn(q)	yn(q) dq represents a probability of a displacement of an
oscillator having a value between q and q þ dq; the unit integral for normalization is
consistent with this concept.

We test two properties of these amplitude functions. When we integrate over q
between 1 and 1 a product of the first two amplitude functions,

ð1
�1

y1ðqÞ	y0ðqÞ dq ¼ 0 ð1:21Þ

or any other two distinct functions, we obtain zero; this result verifies that these
amplitude functions are orthogonal. When we integrate likewise the same product
with a further multiplicand q within the integrand, for the purpose of calculating
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a transition probability or the intensity of a transition between the two states with
which these amplitude functions are associated, we obtain a real quantity.ð1

�1
y1 ðqÞ	 qy0ðqÞ d q ¼ 1=2 ðh=pÞ1=2=ðm keÞ1=4 ð1:22Þ

According to further integrals of this type, for two amplitude functions yn(q) and
ym(q), only when m¼ n� 1 does this integral differ from zero, and the values of
integrals ofynþ 1(q)	qyn(q) increasewith n as [1/2 (n þ 1)]1/2, in accordancewith the
result from matrix mechanics.

With Mathematica software, the solution of this Schrodinger equation is
expressed directly in terms of parabolic cylinder functions. A conventional approach
to this solution yields a product of an Hermite polynomial and an exponential
function ofGaussian form, towhich theseWhittakerW functions are equivalent. The
parabolic cylinder functions are in turn related closely to Whittaker functions; both
are related to confluent hypergeometric functions in a product with an exponential
term. Conversion from Whittaker or parabolic cylinder functions to Hermite or
hypergeometric functions is unnecessary, because the former satisfy the pertinent

Figure 1.1 For a canonical linear harmonic
oscillator according to wave mechanics and
either coordinate or momentum
representation, amplitude functions yn(q) or
xn(p) in terms of Whittaker W functions on the

ordinate axis versus displacement q or
momentum p, respectively, on the abscissal axis
for n 0, 1, 2, 3, calculated with h ke m 1;
each curve is displaced n units.
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differential equation as effectively as the latter functionsmultiplied by an exponential
term; avoiding that conversion makes this direct solution practicable without prior
knowledge of its form. All these special functions arise in solutions of various
differential equations, and their use in one or other chosen form has comparable
convenience.

We repeat this calculation within the momentum representation, with amplitude
function x(p); this representation is useful for scattering conditions such as chemical
reactions. Converting coordinate q to i h d=dp, we obtain Schrodinger�s equation
accordingly in this form:

HO ð pÞ xðpÞ ¼ ½1=2 p2=m 1=2 ke h
2 d2=d p2� xð pÞ ¼ W xð pÞ ð1:23Þ

the terms between brackets constitute the Hamiltonian HO ð pÞ applicable to this
formulation. With Maple, the solution of this equation appears again in terms of
Whittaker functions,

xðpÞ ¼ c1WM½pW=ðh v0Þ; 1=4; 2p p2=ðh v0 mÞ�= p
p

þ c2WW½pW=ðh v0Þ; 1=4; 2p p2=ðh v0 mÞ�= p
p ð1:24Þ

Figure 1.2 For a canonical linear harmonic
oscillator according to wave mechanics and
either a coordinate or a momentum
representation, probability functions yn(q)

2 or
xn(p)

2 in terms of WhittakerW functions on the

ordinate axis versus displacement q or
momentum p, respectively, on the abscissal axis
for n 0, 1, 2, 3, calculated with h ke m 1;
each curve is displaced n units.
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With thedifferenceof thefirst twoargumentsof theseWhittaker functionsset equal to
halfanonnegative integer, for thesamereasonasbefore, theresultingfunctionssatisfy
requisitesofanamplitudefunctionx(p);withndenotingthat integer, solvingforWand
replacing the radial frequency v0 by circular frequency n0 as before, we obtain

Wn ¼ ðnþ 1=2Þ h n0 ð1:25Þ
as in the solutions according to both matrix mechanics and wave mechanics in its
alternative coordinate representation. With Mathematica, the solution of
Schrodinger�s equation is again expressed in terms of parabolic cylinder functions.

Plots show again that theWhittaker M functions in x(p) above must be eliminated
because they diverge for |p|
 0 for even n; with the other,WhittakerW, functions we
proceed exactly as above. The amplitude function x(p) in terms of momentum thus
becomes

xnðpÞ ¼ c2WWðn=2þ 1=4; 1=4; 2p p2=ðhk1=2 m1=2ÞÞ=p1=2 ð1:26Þ
which has no imaginary part. To evaluate integration constant c2, we integrate xn(p)

2

over p from 1 to 1 for particular values of n from 0 to 5, and discern that

c2 ¼ ð2n=n!Þ1=2=p1=4 ð1:27Þ
is required for each integral to becomeequal to unity, corresponding tonormalization
of amplitude function xn(p); after we test this result by integrating xn(p)

2 from 1 to
1 for further values of n to verify our deduction, xn(p) becomes completely defined.
Taking again h¼ ke¼m¼ 1 for convenience, we plot xn(p) for n¼ 0 . . . 3 for p in
a domain 2.5 . . . 2.5; the resulting plot appears in Figure 1.1, and the corresponding
functions xn(p)

2, for which a probabilistic interpretation is applicable analogously to
yn(q)

2, yield a plot in Figure 1.2.
The fact that, with h¼ ke¼m¼ 1, these plots of both xn(p) and xn(p)

2 for these
functions of momentum p are identical with the corresponding plots of yn(q) and
yn(q)

2 for the functions of coordinate q merely reflects the symmetry of the
Hamiltonian: before conversion of either p or q to a differential operator according
to a coordinate ormomentum representation, respectively, theHamiltonian contains
p2 and q2, with their respective coefficients 1/2 m�1 and 1/2 ke. If we absorb these
factors into variables p0 and q0, the Hamiltonian becomes expressed simply as
HO ¼ p02 þ q02, thus exhibiting an entirely symmetric form. All these curves involving
xn(p) that contain Whittaker W functions are likewise identical to the corresponding
curves of products of Hermite polynomials and Gaussian functions according to
a common representation of these amplitude functions for the canonical linear
harmonic oscillator.

To test some properties of these momentum functions, we integrate a product
of two amplitude functions for the first two states, with n¼ 0 and n¼ 1, between
1 and 1:

ð1
�1

x1ðpÞ	x0ðpÞ d p ¼ 0 ð1:28Þ
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As for any other two distinct functions, the result zero verifies that these amplitude
functions xn(p) are orthogonal. To calculate a transition probability or intensity of
a transition between these two states, before we integrate the same product with
a further multiplicand q within the integrand, we convert q to its corresponding
operator, i h ðd=dpÞ, appropriate for the momentum representation.ð1

�1
x1ðpÞ	 i hðdx0ðpÞ=d pÞ d p ¼ i 1=2ðh=pÞ1=2=ðm keÞ1=4 ð1:29Þ

This integration yields a purely imaginary quantity. Apart from that additional factor
i, this result is equivalent to that for the corresponding integral in the coordinate
representation above, as expected because a transition probability is proportional to
the modulus of this integral; for that reason, the presence of factor i is immaterial.
According to further integrals of this type, for two amplitude functions xn(p) and
xm(p), only when m¼ n� 1 does this integral differ from zero; the values of this
integral of xnþ 1(p) p xn(p) increase as [1/2 (n þ 1)]1/2, in accordance with the results
from both matrix mechanics and the coordinate representation.

According to some authors, an amplitude or wavefunction in a momentum
representation is merely a Fourier transform of the corresponding function in the
coordinate representation; this assertion is incorrect because coordinate and mo
mentum are not mutually reciprocal quantities. On incorporating a factor h�1/2, we,
however, proceed with such a transform,

xnðpÞ0 ¼
ð1

�1
ynðqÞ exp ð 2p i q p=hÞ h�1=2d q ð1:30Þ

and its inverse Fourier transform,

ynðqÞ0 ¼
ð1

�1
xnðpÞexp ð2p i pq=hÞh�1=2d p ð1:31Þ

We distinguish the results of these transforms as primed quantities because the
calculation in the former case shows that, with xn(p) defined above, the ratio xn(p)0/
xn(p)¼ in. Such a result is expected because a Fourier transform of a real even
function, such asy0(q),must yield a real function, x0(p)0, whereas aFourier transform
of a real odd function, such as y1(q), must yield a purely imaginary function, x1(p)0.
This factor i is again immaterial because only the product of an amplitude function
with its complex conjugatemight have physical significance: any solutiony(q) or x(p)
of Schrodinger�s equation independent of time, multiplied by i a or exp(i a), remains
a solution because that equation is homogeneous; if the magnitude of constant
a differ from unity, the normalization might suffer.

In summary of this application of wave mechanics to a canonical linear harmonic
oscillator, with this approach we find the energies of discrete states and the nonzero
values of integrals over amplitude functions for two adjacent states; expressions for
amplitude function y(q) or x(p) according to either a coordinate or a momentum
representation, respectively, arise almost incidentally. With regard to the plots of
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these functions, with the mass of the oscillator taken to be that,me, of an electron at
rest and with frequency n0 taken to be that of blue light, force coefficient ke assumes
a value approximately 13N m�1; the width at half maximum value of y0(q) in
Figure 1.1 is then approximately 3� 10�9 m and the corresponding width of x0(p) in
Figure 1.2 is approximately mec/180, with speed of light c. The latter value justifies
a nonrelativistic approximation for the purpose of these calculations; the ratio of the
two widths is approximately h�1/2, as expected.

1.3.3
Dirac�s Operators for Creation and Destruction

As both matrix multiplication and the product of a quantity and its differential
operator naturally exhibit in general a failure to commute, the fundamental
postulate of quantum mechanics is readily implemented in their terms. Other
quantities might be defined to conform to this postulate. In 1928, Dirac adapted,
for use in a space of occupation number, two noncommuting operators, a for
destruction and a� for creation, that so conform and that he had previously applied
to treat a radiation field. The state of a system, denoted with index n, is represented
in a dual space of complex vectors of kinds ket, denoted |ni, and bra, denoted hn|;
such a ket or bra is supposed to carry complete information about that state. An
observable property of a system is represented by an operator, such as A, that
operates on a ket, as in A |ni, to yield another ket. The creation and destruction
operators act on a state through its ket to alter the index, denoting the occupation
number, of that state in favor of an adjacent integer value, either a decrement for
a or an increment for a�. An inner product hm|ni of two kets, defined with one ket
and the bra corresponding to the other ket, is in general a complex number, and
hm|ni¼ hn|mi	, in which an asterisk denotes, as before, a complex conjugate. Two
kets are orthogonal if an inner product of one ket with the bra corresponding to the
other ket evaluate to zero, so hm|ni¼ 0. A ket is normalized if the corresponding
inner product with itself equal unity: hn|ni¼ 1.

To apply this formalism to a canonical linear harmonic oscillator [10], we define
destruction operator a to have a property such that its operation on a ket,

ajni ¼ n
p jn 1i ð1:32Þ

yields a resulting ket with its index decreased by unity and a scalar multiplicand n
p

,
with a special case a |0i¼ 0. A creation operator a� has analogously a property,

a�jni ¼ ð
p

nþ 1Þ jnþ 1i ð1:33Þ
The resulting ket has its index increased by unity and its scalar multiplicand isp (n þ 1). An auxiliary operator, N, defined as a�a, is called a number operator
because, consistent with relations above, it operates on a ket to yield the value of its
index like an eigenvalue, as in

Njni ¼ a�ajni ¼ njni ð1:34Þ
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For application to a linear harmonic oscillator, we relate these creation and destruc
tion operators to coordinate and momentum, as follows, in conformity with the
fundamental postulate above:

q ¼ ða� þ aÞ ðp
h=4p m v0Þ

p ¼ i ða� aÞ ðp
m v0 h=4pÞ

ð1:35Þ

in which the symbols imply the same quantities as in preceding sections. With such
definitions, a� and a are precisely complex conjugates of one another:

a ¼ pq ðp
2 m n0=hÞþ i p= ðp

2 m n0hÞ
a� ¼ pq ðp

2 m n0=hÞ i p= ðp
2 m n0hÞ

ð1:36Þ

We test the commutator of operators p and q, acting on a ket, as follows, by
substituting their definitions above in terms of a� and a,

½p; q�jni ¼ ðpq qpÞjni ¼ i hjni ð1:37Þ

which yields the expected result.
The nonrelativistic Hamiltonian, HO¼ 1=2 p2=mþ 1=2 keq2, in which p and q

become expressed simply in terms of operators a� and a according to the above
relations, acts on a ket to generate the energy of its state, either directly,

HO jni ¼ ðnþ 1=2Þ h n0jni ð1:38Þ
or in bracket notation,

hnjHO jni ¼ ðnþ 1=2Þ h n0 ð1:39Þ
Another quantity of interest is the bracket for q that is evaluated as

hnþ 1jqjni ¼ ½
p

ðnþ 1Þ h=ð2 m n0Þ�=2p ð1:40Þ
Other quantities are generated analogously.

Those who have been shown, in an unbiased manner, these three approaches
in manual form to solve for the energies of a canonical linear harmonic oscillator
according to quantum mechanics have found it easiest to use Dirac�s operators,
and wave mechanics (with Hermite functions) the most difficult and complicated.
The use of Dirac�s operators for this problem has a distinct advantage in yielding
general results in terms of the symbolic designation of states, whereas, with
current software in application of both matrix and wave mechanics, one must at
present solve for particular values of n and attempt to perceive a general relation.
With appropriate general software for computer algebra [8], including operations
involving noncommutative algebra, all three approaches are readily implemen
ted; tedious manipulations are thereby eliminated in favor of both enhanced
understanding of the underlying mathematical operations and greatly extended
results.

16j 1 Concepts in Computational Spectrometry: the Quantum and Chemistry



1.3.4
Discussion of Quantum Theories in Relation to an Harmonic Oscillator

What do these results of calculations on a linear harmonic oscillator signify? Matrix
mechanics of Heisenberg, Born, and Jordan and wave mechanics of Schrodinger
together constitute pioneer quantum mechanics [11]. That these two approaches are
equivalent was proved first by Eckart and Schrodinger, then by Pauli, Dirac, and von
Neumann in increasingly sophisticated treatments. The major significance of that
equivalence is that amplitude functions,y(q) and x(p) for instance, remain artifacts of
wave mechanics: they are absent from, and play no part in, our calculations with
either matrix mechanics or Dirac�s operators. After one generates a Hamiltonian
matrix according to matrix mechanical methods, a standard procedure to obtain the
eigenvalues converts that matrix to a diagonal form. In the preceding derivations, all
three approaches to quantum mechanics, each based on the fundamental postulate
of quantummechanics, yield precisely the same results for the observable properties
of that system of the harmonic oscillator, specifically the energy differences of its
discrete states and the intensities of transitions between those states. The latter are
proportional to the squares of a matrix element qn,m in matrix mechanics, of an
integral

Ð
ymðqÞ	qynðqÞdq over all space in wave mechanics in the coordinate

representation, and of a bracket hmjqjni evaluated with Dirac�s operators.
Apart from these three approaches to nonrelativistic quantum mechanics that we

illustrate here, there are relativistic quantummechanics in various formulationswith
which one takes into account the dependence of electronicmass on velocity, quantum
electrodynamics, quantum chromodynamics pertaining to a strong nuclear force,
and higherv algebras [11], among others. With the wave mechanics of Schrodinger,
the only quantum theory with which most chemists become acquainted, one might
calculate the discrete energies and angularmomenta ofmolecules in a nonrelativistic
approximation, and possibly also the discrete linear momentum of a confined
molecule only three of ten properties in Table 1.1. In relation to that entire table,
wave mechanics evidently constitutes a grossly incomplete theory, with thus circum
scribed validity and applicability, which Dirac and Einstein appreciated. The discrete
mass and net charge of a particle or molecule must be treated as parameters wholly
experimental in origin. As matrix mechanics is formally equivalent to wave me
chanics, it provides no improved explanation of these laws of discreteness. To
encompass an interaction of photonswithmatter such as a treatment of the emission
of a photon by an atom or molecule, one must apply quantum electrodynamics [12],
according to which the radiation field becomes quantized; this theory is applicable
to interactions between molecules [13]. Despite chemists being almost totally
ignorant of quantummechanics in a form other than nonrelativistic wavemechanics
in a coordinate representation, Schrodinger�s approach applied in quantum elec
trodynamics leads to intractable infinities, whereas Heisenberg�s approach is prac
ticable [14]. On that basis, onemight considermatrix mechanics [15, 16], despite little
or no development since 1926 [17], to be more fundamental than wave mechanics.

As an inevitable conclusion from the preceding calculations, quantummechanics
is not a physical theory, certainly not a chemical theory, but merely a mathematical
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algorithm or rathera collectionofmathematicalalgorithms applicable toproblemson
microscopic systems. The unifying property of these disparate approaches is their
conformity to the fundamental postulate of quantummechanics p q q p¼ i h in
onedimension so that dynamical variables denotingposition andmomentumfail to
commutewithoneanother.Anotherandpractical formulationofquantummechanics
has been constructed on the basis of quaternions [18, 19]; these quantities, which are
hypercomplex numbers that commute according to addition but not multiplication,
havenotonlyusefulchemicalapplicationsindescribing, forinstance, theorientational
motionsofmolecular entities in lattices, but also commonpractical applications in the
manipulation of animated figures in computer games. That commutator relation is
mysterious as quantities coordinate q andmomentump, forwhich symbols on the left
sideappear tobenominally real, consistentwithourexperienceofclassicalmechanics,
whereas the right side is purely imaginary. Sucha condition is clearly consistentwith a
mathematical formalism, not with a physical theory. One might object to this
conclusion on the basis that the quantities involved are operators: yes, Dirac�s a� and
a are undoubtedly operators, and p ! i h d/dq in wavemechanics in its coordinate
representationandq ! ihd/dp in itsmomentumrepresentationundeniablybecome
differential operators as indicated, but their conjugate variables, q in a coordinate
representation and p in a momentum representation, remain in wave mechanics
simply scalar or vectorial quantities applied with multiplication sign, �, as operator
within those respective calculations. A matrix can certainly act as an operator, for
instance, in operating on an eigenvector to produce an eigenvalue, but one cannot
consider energy matrixW, in the above derivation according to matrix mechanics, to
operate on anything: it is a meaningful quantity that stands on its own. The various
quantities through which this fundamental postulate is applied in the various
methods, implicitly or explicitly, possess, nevertheless, a complex nature sufficient
for that postulate to be properly obeyed. Quantum mechanics is thus a collection of
mathematicalmethods that onemight apply to calculate adesiredquantity. If the latter
quantity be a classical property, such as amolecular structure, a classicalmethod such
asmolecular mechanics can yield equivalent results: in either case, apart from tests on
the simplest molecules such as H2 and HeHþ , the accuracy of those calculations of
equilibrium internuclear distances falls short of an accuracy derived frommeasure
ments of optical spectra according to the experimental standard errors, cf. HCl for
instance [20].Onemight laborunderadelusion that a typical calculationofamolecular
structure with one or other common computer programs for quantum chemistry is
more fundamental than the unquestionably empirical approach in molecular me
chanics;first of all, in those programs the separate treatment of nuclear and electronic
motions is anempirical concession, andeven then, apart fromtheuseof experimental
masses and charges of particles, there is typically no optimization of orbital exponents
that is at least essential for a description ab initio. If and when one undertakes
a calculation, one should simply choose a convenient approach consistent with the
computational resources at hand, and with any approximations or assumptions that
one is prepared to accept to obtain some answer.

Another query that likely springs to a reader�s mind is our application here to
a system described as a canonical linear harmonic oscillator according to potential
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energy expressed as V(q)¼ 1/2 keq
2 in each case. This description is consistent

with the fact that, for the property of discrete energies at equal intervals that defines
a quantum mechanical linear harmonic oscillator, there exist uncountably many
harmonic functions of potential energy [21]. ADavidson function for potential energy
is expressible as V(q)/ (q/q0 q0/q)

2, with q0 as a reference coordinate [20, 22]; such
an oscillator might be taken also to constitute a rigid rotor because an integralÐ
ynðqÞ	q�2ynðqÞdq over all space, which enters a calculation of a rotational param

eter, has a constant value for all states n. In contrast, for a linear harmonic oscillator
with potential energy in its canonical form V(q)¼ 1/2 keq

2, the value of that integral
increases for stateswith increasing n or energy, contrary to our experience of decreasing
values for rotational parameters Bn of real diatomic molecules [20].

An harmonic oscillator, canonical or otherwise, is a convenientmodel for exercises
in either classical or quantum mechanical methods, convenient for the three deriva
tions above, for instance, but what is its relevance to the distribution of radiant energy
fromablackbody?Theexperimentalmeasurementsonwhich theempirical curvewas
based were best performed with a hohlraum a heated cavity with a small orifice
throughwhich lightescapes towardadetector; thisdevicepresumably consistsof solid
walls of refractorymaterial, whichmight be heated electrically, andwhich enclose air.
Whereare theharmonicoscillators?What is theactual sourceof theradiationwith that
quintessential distribution? The best that one might state is that a field of radiation
appears dynamically equivalent, in some sense, to harmonic oscillators in some set
[12, 23]. Anharmonic oscillator is clearly afictitious concept because no real entity has
equally spaced states of infinite number. Moreover, a canonical linear harmonic
oscillator is a boson, possessing no intrinsic angular momentum. According to
Table 1.1, each photon carries angular momentum to the extent of one unit in terms
of h if it be circularly polarized. Like energy, angular momentum is a rigorously
conserved quantity; for that reason, no purely vibrational transition of a free diatomic
molecule in electronic state 1S, such as CO, occurs with absorption or emission of
a single photon involving circularly polarized light: an altered rotational state invari
ably accompanies that vibrational transition under those conditions. For an hypo
thetical system such as a linear harmonic oscillator in one spatial dimension, angular
momentum is irrelevant: the emitted radiation is linearly polarized [12]. For a cavity in
three dimensions, the situation is less clear because of the uncertain nature of the
emitters, but in any case the connection between that hohlraum and an harmonic
oscillator is tenuous, other than a pragmatic success of the model.

Among many facets of quantum mechanics that become discernible through our
preceding calculations on the canonical linear harmonic oscillator, one might pose
a question about the choice of a vehicle for this demonstration. Why have we not
devoted attention, instead, to a particle confined to a segment of a line, sometimes
inelegantly called the particle in a one dimensional box? The answer is that despite its
popular use in demonstrating wave mechanics, even though its quantized energies
are derivable without wave mechanics, the solution fails signally to conform to the
properties of such a system: explicitly, although the amplitude or wavefunction
varies continuously everywhere, its first derivative has major discontinuities at the
boundaries of the confining segment. Such an infinite, positive, potential energy
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except for a small domain is a highly artificial condition, and one for which the
corresponding solution in momentum space is all but impracticable. To avoid
discontinuities of dyn(q)/dq for a particle confined to a line segment that arise from
those infinite discontinuities of potential energy at the boundaries, relaxing that
infinity to a finite difference of V(q) causes the particle to become no longer confined
to the line segment the particle is no longer completely in the box. Evenworse, taking
the boundary conditions into account with a finite barrier as the difference between
V(q) within the segment and V(q) outside deprives the solution of its contrived
simplicity. An appropriate solution of this dilemma is to apply a finite barrier at the
boundaries of the segment, and then to suggest that the particle becomes increas
ingly confined as the barrier increases, but this stratagem merely shirks the
fundamental deficiency of this artificial problem. A particle confined to the circum
ference of a circle evokes no such internal inconsistency of the model, but that
example entails other disadvantages. In relation to quantum mechanics, this model
of a particle confined to a line segmentwith an infinite potential energy becomes thus
totally misleading, but in applications in statistical mechanics this model is less
objectionable. A major problem with quantum theories is that their mathematical
structure is poorly understood by chemists, despite their application of recipes to
chemical systems for which they are obviously inappropriate. For the canonical linear
harmonic oscillator according to wavemechanics, amplitude functionsy(q) and x(p)
and their first and second derivatives are everywhere continuous and well behaved.

1.4
Diatomic Molecule as Anharmonic Oscillator

A frequency of light absorbed or emitted by any real molecule of a particular species
depends on the amount of energy that that molecule has; its dissociation requires an
energy of only a finite amount: for these reasons, the properties of that species bear
only a slight resemblance to the properties of a quantum mechanical harmonic
oscillator. A function described as potential energy that is central to a harmonic
oscillator arises, moreover, only indirectly for a real molecular species, as we proceed
to explain. Assuming an assembly comprising two atomic nuclei and N electrons,
N> 1, we consider that those nuclei remain fixed in space with the electrons free to
move in their vicinity. To calculate the possible energies of this system, we postulate
this Hamiltonian operator that takes into account the kinetic energy of the electrons
and their electrostatic interactions with each other and with the nuclei, plus an
electrostatic repulsion between the two nuclei.

HO ðr i; RÞ ¼ Tðr i; RÞþVðr i; RÞ

¼
XN
i 1

1=2p2i =me þ
XN
i 1

XN
j>i

1=rij
XN
i 1

ðZa=ria þZb=ribÞ
8<
:

þZaZb=R

)
e2=ð4 p e0Þ ð1:41Þ
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Here appear symbols denoting distance rij between two electrons, distanceR between
two nuclei of atomic numbers Za and Zb, distance ri between an electron and one or
other nucleus, and electronic linear momentum pi; the sums run accordingly. The
energies E(R) possessed by this system that depend on the internuclear distance
become a potential energy V(R) for the motion of the nuclei in the field of the
electrons. If the two atomic centers could be considered to have no internal structure,
their energies would become calculated from this Hamiltonian [20],

HO ðRÞ ¼ p̂2=ð2 mÞþ h2 J ð Jþ 1Þ=ð2 m R2ÞþVðRÞ ð1:42Þ
which contains terms for the kinetic energy of vibration of those atomic centers along
a line joining them, the kinetic energy of those atomic centers perpendicular to that
line that corresponds to a rotation of the diatomic species about the center of mass,
and the potential energy resulting from E(R) calculated with the preceding Ham
iltonian; reduced mass m is defined as the product of the atomic masses divided by
their sum, MaMb/(Ma þ Mb). We assume a bound electronic ground state for this
diatomic system for which the vibration rotational energies [20] become expressible
for a particular isotopic variant i as

Ei
vJ ¼

X1
k 0

X1
l 0

Ykl ðvþ 1=2Þk ½ J ð Jþ 1Þ�l ð1:43Þ

for states with vibrational v and rotational J quantum numbers sufficiently small.
Because each atomic center possesses an internal structure comprising an atomic
nucleus and multiple associated electrons, we postulate instead an effective Hamil
tonian for the nuclear motion of this form [20],

HO eff ðRÞ ¼ p̂ ½1þ gvðRÞme=mp� p̂=ð2mÞ
þ ½1þ grðRÞme=mp� h2Jð Jþ 1Þ=ð2 m R2ÞþVðRÞþDVðRÞ ð1:44Þ

in which m/(1 þ gv(R)me/mp) serves as an effective reducedmass mv(R) for vibration
and m/(1 þ gr(R) me/mp) analogously as mr(R) for rotation; both are functions of
internuclear distance. These two g factors andDV(R) take into account that the atomic
centers are composite; gv(R) and gr(R) are called vibrational and rotational g factors,
respectively, and conventionally have as coefficient a ratio of electronic and proton
rest masses so that their magnitudes assume order unity. Each g factor is assumed to
have an electronic and a nuclear contribution,

gr;v ¼ gelr;v þ gnur;v ð1:45Þ

The electronic contributions take into account that the vibrational and rotational
motions of the nuclei are interpreted formally to induce interactions between the
electronic ground state of interest and electronically excited states. Each g factor is
assumed also to be expressible as a sum of contributions due to each atomic center
separately,

gr;v ¼ gr;v
a þ gr;v

b ð1:46Þ
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The other termDV(R) is also divisible into contributions from atomic centersA andB
and contains two parts: one takes into account that the internuclear potential energy
V(R) depends slightly on the nuclear masses and includes that dependence as an
adiabatic correction that reflects only the electronic ground state; the other part takes
into account further interactions between the electronic ground and excited states. As
a result of the terms in this effective Hamiltonian additional to that in the preceding
simplified Hamiltonian, there arise further terms as coefficients of vibrational and
rotational quantum numbers in the vibration rotational energies for particular
isotopic variant i,

Ei
vJ ¼

X
k 0

X
l 0

�
Ykl þZa;v

kl þZa;r
kl þZb;v

kl þZb;r
kl

�
ðvþ 1=2Þk½ JðJþ 1Þ�l ð1:47Þ

Mechanical term coefficients Ykl contain molecular reduced mass m and parameters
in some assumed algebraic form of V(R). Extra mechanical term coefficients depend
also on parameters in some assumed algebraic forms of other terms in the effective
Hamiltonian as follows: Za;v

kl contains parameters in some assumed algebraic forms
of gav ðRÞ and DVa(R) for atomic center A, whereas Za;r

kl contains parameters from
gav ðRÞ and gar ðRÞ for atomic center A, and analogously forZb;v

kl þZb;r
kl for atomic center

B. There hence occur two observable quantities for each set k,l thatmight in principle
be evaluated from isotopic variants of each atomic type, but three contributors to
them arise in general, specifically radial functions gav ðRÞ, gar ðRÞ, and DVa(R) for
atomic center of type A and analogous quantities for atomic center of type B. As
spectral lines split upon the imposition of an appropriate magnetic field according to
the Zeeman effect, one can evaluate the rotational g factor separately from the other
contributors, but for no molecular species have such splittings been measured for
many states of vibrational and rotational energies. No comparablemagnetic, or other,
property provides direct experimental information about the vibrational g factor, and
the adiabatic corrections, like V(R), are purely artifacts of a separate treatment of
electronic and nuclear motions. Any radial function is fundamentally an artifact of
that separate treatment, but for the rotational and vibrational g factors in principle,
and for the rotational g factor in practice [24], an expectation value of that radial
function in a particularmolecular state is an experimentallymeasurable quantity. The
inversion of such data with both a vibrational and a rotational dependence might
yield a unique representation of that radial function for internuclear distance within
a particular domain; in that sense, the rotational g factor and even its radial function is
a quantity determined from experiment.

A prototypical application of computational spectrometry [25] enables separate
evaluation of parameters for potential energy, vibrational and rotational g factors, and
adiabatic corrections as follows. Methods have been developed for accurate calcula
tions of the rotational g factor that reproduce the few experimental values measured
with various techniques; the results of those calculations are then applied as
constraints infitting the spectral data of diatomicmolecules so as to enable evaluation
of parameters, of number limited by the extent of spectral data according to the range
of quantumnumbers v and J for appropriate isotopic variants, of the other three radial
functions.
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We have applied this approach to a few molecular species H2 [26], HeHþ [27],
LiH [28], and NaCl [29] of diverse types, but in each case not involving atomic
centers of large atomic number Z because further complications would then arise
from the finite and isotopically varying nuclear volume; for small Z, such effects on
the spectra from finite nuclear volume are much smaller than those that might be
considered to arise from finite nuclear mass [20]. This approach has been tested on
comparison of radial functions for potential energy, vibrational g factor, and adiabatic
corrections defined for a small domain of internuclear distance fromspectral analysis
with the corresponding functions from separate quantum chemical calculations,
which are not limited to a small domain. These tests have satisfactorily established
the validity of the approach, which has in turn verified the algebraic basis of this
method of spectral analysis [25]. To avoid extended discussion of technical details, we
refer the reader to an application toH2 [26] that effectively demonstrates the power of
this computational spectrometry.

The sophistication of theoretical treatment or calculation of a molecular species is
in inverse proportion to the number of atomic centers [30]. For this reason, diatomic
molecules provide a proving ground for theories and algorithms. Like an hypothetical
linear harmonic oscillator, a diatomic molecule is effectively a system of one spatial
dimension in which vibrational motion occurs along the internuclear axis; although
rotational motion occurs perpendicular to this axis, this motion is readily enveloped
in a quantitative treatment because only kinetic, not potential, energy is associated
with this motion, despite its inclusion within an effective potential energy.

1.5
Quantum Mechanics and Molecular Structure

Let us consider, instead of a hypothetical oscillator or even a diatomic molecule as
an anharmonic oscillator, a real polyatomic molecule of which we might seek to
calculate the structure and molecular properties. For this purpose, we choose first
a chemist�s perhaps favorite organic chemical compound, ethanol. On the basis of
a chemical formula C2H5OH, we construct a molecular Hamiltonian for use in a
conventional calculation; for this purpose, we take consistently into account the
kinetic energy Tof both nine atomic nuclei, each of massMk, and their 26 associated
electrons, each of mass me, and the potential energy V of electrostatic interaction
between each two particles.

HO ðri; RkÞ ¼ Tðr i;RkÞþVðr i;RkÞ

¼
X26
i 1

1=2 p2i =me þ
X9
k 1

1=2 p2k=Mk

þ
X
i<j

1=rij þ
X
k<l

ZkZl=Rkl

X
i;k

Zk=rik

8<
:

9=
;e2=ð4 p e0Þ ð1:48Þ
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This formula exceeds that, 1.41, for a diatomicmolecular species in containing a sum
for the kinetic energy of the atomic nuclei and a further sum of terms for repulsion
between nuclei. The additional symbols denote distance Rkl between two nuclei of
atomic numbers Zk and Zl, distance rik between an electron and a nucleus, and
nuclear linear momentum pk; the sums run accordingly. According to wave me
chanics in its coordinate representation for which we seek to solve Schrodinger�s
equation independent of time, we replace those squared momenta, p2, with opera
tors, h2 r2, in three dimensions; ignoring any magnetic effects, we form this
expression:

HO ðr i; RkÞ ¼ 1=2 h2
X26
i 1

r2
i =me 1=2 h2

X9
k 1

r2
k=Mk

þ
X
i<j

1=rij þ
X
k<l

Zk Zl=Rkl

X
i;k

Zk=rik

8<
:

9=
; e2=ð4 p e0Þ ð1:49Þ

This Hamiltonian requires an operand for its differential operators in laplacian r2;
for this purpose, we assume thatY(ri,Rk) is an amplitude function of both electronic
and nuclear coordinates with requisite properties. Because, for a system of multiple
bodies, no exact algebraic solution of

HO ðr i; RkÞYðr i; RkÞ ¼ EYðr i; RkÞ ð1:50Þ
is practicable, after eliminating the motion of the center of mass we have recourse to
integration.

E ¼
ð ð

Yðr i; RkÞ	 HO ðr i; RkÞYðr i; RkÞ dti dtk=
ð ð

Yðr i; RkÞ	Yðr i; RkÞ dti dtk
ð1:51Þ

Here, dti and dtk are elements of volume for integration over coordinates of all
electrons and all nuclei, respectively, minus three coordinates to define the center of
mass; each integration is performed over all space, from 1 to1 for each Cartesian
coordinate. This integration yields merely a sequence of values of energy En, some
discrete and some continuous; the state of least energy is discrete because themotion
of the center of mass of this stable molecular system is separated.

Let us contemplate another such calculation, this time on dimethyl ether,
H3COCH3. For this purpose, we construct the appropriate Hamiltonian and again
prepare to solve Schrodinger�s equation but thisHamiltonianHOðr i; RkÞ is exactly the
same as the preceding one! The energies Enmust perforce be the same, and likewise
the amplitude functionsYðr i; RkÞ that reflect merely the content of an Hamiltonian
on the basis ofwhich they are evaluated in a particular case. As a result of this exercise,
either molecule in a quantum state has only indefinite extension in both space and
time [31, 32] no atoms, no association of electrons with particular atomic nuclei, no
conformers, and no electric dipolarmoment (with respect to laboratory coordinates);
possessing spherical symmetry, eachmolecule acts like so effectively constitutes a
point mass. That same calculation is applicable not only to a molecule of ethanol or
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dimethyl ether but also to methane and methanal together, or to ethene and water
together any combination of the same nine atomic nuclei of C, O, and H and 26
electrons, always avoiding generating magnetic couplings, such as for free radical
species, forwhich additional terms in theHamiltonian arise. For the same reason,we
associate neither rotational nor vibrational nor electronic state, nor a combination of
these, with a particular energy the calculation yields just numerical values of
energies, somediscrete and some continuous. Selected differences between energies
in that single sequence ormanifoldmight be comparedwith energies proportional to
the frequencies of spectral lines of any compounds fitting the stoichiometry
C2H5OH or H3COCH3 or CH4 þ H2CO or H2O þ C2H4. A calculation of this kind
would not be a fruitful practice of computational spectrometry.

Such a systematic calculation on ethanol or comparable system is still beyond the
capabilities of extant computational resources, but an almost rigorous calculationwas
performed on the trihydrogen cation, Hþ

3 , in a nonrelativistic approximation [33]. As
the simplest polyatomic species, this molecular ion comprises three protons as
separate atomic nuclei and two associated electrons; after separation of variables
pertaining to the origin of coordinates defined at one nucleus, a solution of
Schrodinger�s equation, similar to above, yields energies of internal, or spectrally
pertinent, states of this system.Quantummechanics requires all identical particles to
be treated as indistinguishable, thus not only indistinguishable electrons but also
indistinguishable protons; because no operator representing distances between
particles commutes with the Coulombic Hamiltonian, particular internuclear dis
tances or bond lengths are immeasurable for this or any other molecule in
a stationary or quantumstate. Taking into account the indistinguishability of identical
particles, one might, however, calculate a distribution of probability of a distance
between particles of any two types. Cafiero and Adamowicz reportedmean distances,
and their dispersions, for the separations between particles in Hþ

3 [33]; to decide on
that basis whether Hþ

3 is, in a conventional sense, a linear or a triangular molecule
was impossible. Applying isotopic substitution according to a separate calculation on
HDTþ, so that these nuclei become distinguishable, these authors deduced that the
equilibrium geometric shape defined by the atomic nuclei of that species corre
sponds to a nearly equilateral triangle. An analogous rigorous calculation on
benzene, C6H6, in its stationary state of least energy would yield only a single,
mean, internuclear distance C C¼ 2.09� 10�10 m, a mean distance C H¼ 2.69
� 10�10 m, a mean distance H H¼ 3.80� 10�10 m, and another mean distance
between any two electrons of the 42 associated with each formula unit. According to
such a calculation, there is no indication whatsoever of a molecular structure or
conformation. With regard to isomerism and chirality, Sutcliffe and Woolley dis
cussed classical molecular structure in relation to prospective quantum mechanical
calculations on HCN, C3H4, and C8H8 [34].

Several computer programs, such as those named Gaussian (originating from
Pople�s work) or Dalton, are available for calculating a molecular structure on the
basis of a separate treatment of electronic andnuclearmotions, proceeding iteratively
from initially estimated internuclear distances and interbond angles until a local
minimum of energy is attained. On the hypersurface in a hyperspace of 21
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dimensions corresponding to 3N 6 internal degrees of freedom for a noncollinear
structure with the nine atomic nuclei of C2H6O in its electronic ground state, there
would hence exist not only local minima corresponding to those four specified
structures constituting ethanol and its structural isomers but also combinations of
free radicals. One attractive feature of these computer programs is the provision of
not only one or more desired structures, in the form of optimized internuclear
distances and interbond angles in some set, but also wavenumbers of harmonic
nuclear vibrations, at a modest additional computational cost. These wavenumbers
might be based on algebraic second derivatives of energy with respect to displace
ments from the equilibrium structure according to normal coordinates that is,
according to a modeling of the internal vibrational degrees of freedom as if the
molecule were a set of harmonic oscillators with some distinct and some identical
vibrational frequencies. Even though this model is a gross approximation for a real
molecule that has only toofinite energies of dissociation into various fragments, the
information is helpful for analytical purposes associating a measured infrared
spectrum with a prospective structure of an unknown compound. To compensate
for the crudeness of the approximation, an empirical factor, such as 0.95 for bond
stretchingmodes, is typically applied to each calculated harmonic wavenumber to aid
a comparisonwith experiment. In that sense, despite its purely fictitious nature, the
harmonic oscillator is a valuable armament in a chemist�s arsenal of mathematical
methods that constitute computational spectrometry to attack a dearth of infor
mation about a particular molecular structure. An alternative and accurate calcu
lation of wavenumbers for anharmonic vibrationalmodes is at present an operation
far from routine, and computationally expensive; when distinguishing among
similar structures, such intensive calculation is necessary. As an instance of this
application, computational spectrometry involved the simulation of the infrared
spectrum of HC5 on the basis of extensive calculations of molecular electronic
structure and with anharmonic vibrations; of two absorption lines recorded in
infrared spectra of products of photolysis of methane with vacuum ultraviolet
radiation, their assignment not only to HC5 but also to a conformer of a particular
geometry had to be confirmed with such calculations [35] because experimental
data in the formofwavenumbers and relative intensities of lines of isotopic variants
were insufficient to enable a positive identification in the absence of such calcula
tions. As an empirical procedure, a separate treatment of electronic and nuclear motions
might pragmatically preserve molecular structure, but at a loss of quantum mechanical
justification of its application.

With regard to general molecular structure and electronic structure in particular,
much explanation of chemical phenomena in textbooks of general, inorganic, and
organic chemistry invokes orbitals in an almost invariably qualitative manner. An
atomic orbital is precisely a solution of Schrodinger�s temporally independent
equation for an atom comprising a single atomic nucleus and a single electron;
that solution is a wavefunction or amplitude function of a nature in three spatial
dimensions analogous to amplitude functions y(q) or x(p) that we derived in our
analysis for the canonical linear harmonic oscillator. As we demonstrated above for
that system, the wavefunction is indeterminate within a factor of a complex number
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of modulus unity, which contains i ¼ 1
p

as one case; such a condition precludes any
possible observation. Despite the fact that chemists have a limited interest in the
properties of isolated atoms, the atomic orbitals that pertain only to atomic hydrogen
or an equivalent species, such as Heþ that has only one electron, are almost
invariably cited to explain properties of molecular entities or materials with many
electrons incontestably a non sequitur! Moreover, their application is by no means
limited to H atomic centers because such a H atom is much less interesting than
other atomic centers for whichmultiple simultaneously directed chemical bonds are
postulated. From our scrutiny of the canonical harmonic oscillator, we recall that
a wavefunction of spatial coordinate, denoted y(q), arose in only one of the three
approaches that yielded identical solutions of the energies and matrix elements of
transitions of that system, and even then that approach yielded also an alternative
solution x(p) of Schrodinger�s equation in terms of amomentum variable; that either
wavefunction is purely an artifact of that particular approach is hence incontestable,
but the existence of multiple successful approaches might not imply that one
particular approach or its artifact is less viable or fundamental. A Liouville trans
formation [36] enables a conversion of that differential equation into a form
applicable to a nominally disparate problem; such a transformation converts that
equation for a canonical linear harmonic oscillator into a differential equation
applicable to a Morse oscillator, or to a Davidson oscillator, or even to a central
Coulombic system namely, an atom with one electron, H. The implication is that
both matrix mechanics and Dirac�s operators are applicable to the H atom; Pauli
indeed solved the H atom according to matrix mechanics [17] before Schrodinger�s
solution according to wavemechanics, and quaternions have since been applied also
to solve this one electron atom [18]. The consequence of this recognition is that an
atomic orbital is by no means an essential feature of quantummechanics applied to
the H atom.

Because Schrodinger failed to accommodate the then known requirements of
general relativity in designing his differential equation, wavemechanics ismerely an
approximate treatment for the H atom. Dirac�s equation in his relativistic version of
quantum mechanics is also an approximation because it fails to cope, for instance,
with the emission spectrum of H, which was the result of a simple experiment that
eventually launched quantum mechanics [3]; for an acceptable account of that
emission spectrum, quantum electrodynamics [9, 12] is required. Wave mechanics
is clearly a deficient approach for even the simplest atom. An orbital is formally
inapplicable to any other atomic or molecular system because the derivation of such
a wavefunction begins with a Hamiltonian that lacks any term to take into account
repulsion between electrons that comprise part of any such other system. For orbitals
to be applied to describe the hydride anion H�, for instance, would imply
an Hamiltonian in which terms appear for attraction of both electrons to the proton
as atomicnucleus but no term for repulsion between those electrons; as all terms, and
distances between any two particles, have similar magnitudes, this neglect of
repulsion is incontestably a gross approximation. For other atoms, or molecular
systems, in which an attraction exists between an electron and one or other atomic
nucleus of atomic number Z greater than unity, the analogous approximation might
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be less severe but remains appreciable. In any practical application of a quantum
chemical calculation, such as is effected with Dalton or Gaussian, the iterative
process inherent in a self consistent field and further mathematical contortions to
take account of electron correlation accomplish numerically by brute force, to an
extent satisfactory for many purposes such as for a treatment of HC5 [35], what is
algebraically unachievable for any system comprising independent particles num
bering more than two. These calculations have traditionally been initiated with trial
atomic wavefunctions that resemble those ofH orbitals, even though these functions
are almost invariably decomposed directly into sums of Gaussian functions for ease
of computation of integrals over electronic coordinates. When density functional
theorywasfirst developed, it required a basis set of orbitals, but even that impediment
is now overcome [37], allowing a significant and usefully accurate calculation of
molecular structure and molecular properties with no explicit invocation of wave
functions. Despite this advance, it seems inevitable that unenlightened authors of
textbooks and even research papers will blissfully continue to invoke unseen and
unseeable artifacts orbitals in their qualitative discussion of molecular structure
and chemical properties �where ignorance is bliss, �tis folly to be wise� (Thomas
Gray).

As an atomic orbital is defined as a solution of Schrodinger�s temporally inde
pendent equation according to nonrelativistic wave mechanics applied to an atom
comprising only one electron, such an orbital is accordingly just an artifact of
a particular calculational method; our three detailed treatments of the canonical
linear harmonic oscillator had as motivation just such a proof. One might argue that
even though alternative approaches yield, in the particular instance of that oscillator,
identical results for its observable properties, namely, the frequency and intensity of
its optical spectrum, this condition neither diminishes the validity of the wavefunc
tion normakes it less important in circumstances inwhich alternative computational
methods are impracticable. Such a reluctance to accept the fallacy of an orbital
ignores the fact that Schrodinger�s equation is a nonrelativistic approximation that
fails quantitatively even for the hydrogen atom: four quantum numbers, not just
three that result from the solution of Schrodinger�s equation, are required to specify
the state of that atom and to provide a nearly correct account of the spectrum in gross
details. For even an application to the hydrogen atom, this failure entirely under
mines the theoretical credibility of an orbital as being other than an artifact of one
particular approximate calculation.

For any atom with multiple electrons, the applicability of an orbital to explain
any property of that atom is clearly lacking, apart from the indeterminacy because
of factor i clearly illustrated above, because the total wavefunction expressed as
a product, such as 1s22s22p2 for atomic C, of orbitals or functions for the hydrogen
atom ignores the repulsion between electrons. Such a wavefunction or an orbital
has at any point in space both a magnitude and a sign, plus or minus, depending
on whether the numerical value of that wavefunction is greater or less than zero,
but that sign is subject to an arbitrary phase convention; for that reason, such a sign
is fundamentally unobservable even if one might suppose that there exists
a �true� wavefunction of which a calculated result according to Schrodinger�s wave
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mechanics is an approximation. Nomathematical function is directly observable in a
chemical or physical experiment. A molecule contains only atomic nuclei and their
associated electrons; the total electronic density in a particular small volume of space
containing tangiblematter is an observable andmeasurable quantity, for instance, on
a solid surface with an appropriate electron microscope, or through a Fourier
transform of a diffraction pattern of X rays for the interior of a small crystal. If one
assume that such a density of electronic charge be proportional to the square of a total
electronic wavefunction, with the proportionality factor again arbitrarily defined, the
corresponding value of a product of that proportionality factor and the square of the
wavefunctionmight bemeasurable in a particular small spatial volume.Whatever the
value of that proportionality factor, the product decays exponentially with distance d
away from a particular atomic nucleus, so of form e�d, but becomes zero only at an
infinite distance from that nucleus. According to wavemechanics, a single hydrogen
atom occupies the entire universe, but not to the exclusion of other atomic centers!
For comparison, the value of y2 or x2 for the canonical linear harmonic oscillator in
terms of distance or momentum decays more rapidly away from a maximum,
namely, proportionally to e�d2; in that sense, the region of large magnitude of y2

or x2 is more localized for that harmonic oscillator than for the corresponding
property withwhich is associated a density of electronic charge near an atomic center.
For this reason, the shape of that distribution of y2 or x2 associated with electronic
charge in space depends on some other arbitrary criterion. A partition of a total
assumed wavefunction for the atomic or molecular system into components subject
to the same total energy, like a partition of electronic density in space associated with
multiple atomic centers, is arbitrary because Schrodinger�s temporally independent
wave equation is of homogeneous type,HO y ¼ Ey, as applied to a harmonic oscillator
above.

In the light of this almost universally prevailing indoctrination of chemists about
orbitals, some scientists have claimed even to have observed orbitals. Of two particular
experiments, one involved spectrometry of a sort and the other diffractometry; the
latter has stimulated greater discussion in the literature. On the basis of diffraction
experiments on a crystal of cuprite, Cu2O, authorsZuo et al. [38] three physicists and
a chemist made several novel claims, not the least of which was to have �seen an
orbital,� specifically �an unusual d orbital hole�; pertinent quotations from these
authors have been collected elsewhere [39]. Scrutiny of the original text [38] reveals
that not an orbital was observed but an orbital density, which implies a distribution of
electronic charge, and not even that charge but a �hole� or deficit of that charge. Zuo
et al. [38] plotted the difference between an electronic density in the crystalline unit
cell, fitted rather than reconstructed frommeasurements independent of phase, and
a model of electronic density of a metallic ion from theoretical atomic densities; the
result of this rather arbitrary difference of electronic densities attained a shape that
might be construed to resemble a d orbital this shape is itself a questionable
quantity, as remarked above. For a fewdecades, crystallographers have produced such
plots called deformation densities, but have generally refrained from their fallacious
association with orbitals of one or other kind. A question that is impossible to
suppress is whether such a deficit of electronic density might be expected logically to
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resemble an orbital. Adeficit, or lack of anything, is clearly not directly observable, but
must arise as a difference between two calculated quantities; in this case, one was
loosely based on experimental measurements of X ray and electron diffraction, after
the requisite Fourier transformation the calculations constitute computational
diffractometry. The basis of the sensational claim by Zuo et al. [38] was an exper
imentalmeasurement of the density of electronic charge in a crystallite about 150 nm
thick selected to be �free from defects� [38]; this density resulted from an analysis of
data obtained with the diffraction of electrons in a convergent beam, supplemented
withmeasurements of the diffraction of X rays on the same crystal. Despite the claim
of a crystallite selected to be �free from defects,� a significant consequence of the
impact of either electrons or X rays on a sample is the production of defects; as
crystalline Cu2O is a hard mineral and the amplitudes of its atomic vibrations are
small, likely its strength resists such production, but an enduring lesson from
quantummechanics is that an observation on amicroscopic system, or an interaction
with any particle or wave, even if less energetic than electrons or X rays in the case
of these experiments, inevitably alters that system. In any case, the partition of
electronic charge within a particular distribution into components described as
orbital densities is undeniably an operation susceptible to ambiguity. Compounding
the fatuous claim to have �seen an orbital,� which even according to the further
clarification by the authors [38] is a gross embellishment of a purported deficit of
electronic density, is an invocation of hybridization, as some linear combination
of atomic orbitals with desired directional properties, to explain the distribution of
charge, or its lack, between particular atomic centers in the crystal [38, 39]:
hybridization exists only in the mind of the beholder [5]. The density of other than
spherical shape was represented as a multipole expansion of the experimental data
subject to constraints of symmetry [38], as sites of Cu atomic centers lie on threefold
axes. Could somepurported deficit really resemble other than a dz2 orbital, apart from
an unavoidable ambiguity of direction z in a cubic crystal? Those calculations of
electronic structure on a crystal inevitably involve assumptions and approximations
beyond those practicable on a single small molecule, and in this case involve atomic
center Cu or Cuþ with 29 or 28 electrons per center. Further discussions [40, 41] of
these diffraction experiments [38], which were intrinsically not a spectacular inno
vation but a significant improvement upon the preceding work elsewhere, contain
pertinent references.

As another instance of an audacious claim regarding orbitals from experiments,
Itatani et al. [42] published an incredibly regular and detailed diagram of a �molecular
orbital� obtained through �tomographic imaging�. Their claims are exaggerated and
inaccurate in several ways. First, the authors depicted, and conceded to have
�measured�, only one molecular orbital, rather than the plural in their title. They
asserted that �the electrons that make up molecules are organized by energy in
orbitals�, but electrons are fundamentally indistinguishable. What was claimed to be
�measured� was the so calledDyson orbital, which has physical dimensions different
from those of an atomic (such as for H) or molecular (such as for Hþ

2 ) orbital as
generally defined; on those grounds, a Dyson orbital is not an orbital at all. A Dyson
orbital represents an overlap between the total molecular electronic wavefunction of
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a neutral molecule with N electrons and the total electronic wavefunction of the
corresponding molecular cation with N 1 electrons. In the particular case, the
wavelength of radiation that effects ionization seems indefinite, being described as
harmonics 17 51 of light at 800 nm; there is proffered no explanation of the effect of
that uncertainty on the possible electronic and vibrational states of the molecular ion
and on the concomitant ramifications for the shape of the Dyson orbital. That Dyson
orbital is inconsistent with the definition by the same authors [42] of �orbitals� that
�single electron wavefunctions are the mathematical constructs . . .�. The particular
Dyson orbital was described as the �HOMO� of N2, that is, an acronym for highest
occupied molecular orbital, which the authors mistakenly equate with �the highest
electronic state.� The deduced picture in their Figure 4 [42] that is �reconstructed�
from a tomographic inversion of �high harmonic spectra� results from a Fourier
transform of the measured squares of a transition dipolar moment, which is
a complex tensor, calibrated on the basis of a supposed 2px orbital of Ar from
computational spectrometry according to calculations of uncertain quality; according
to a standard convention of labeling atomic orbitals, the latter, unlike 3dz2 of Cu,
arises necessarily from a real, linear combination of complex 2pþ 1 and 2p�1

wavefunctions of H. Moreover, the �highest occupied atomic orbital� of Ar is 3p,
not 2p. The authors claim that the presence of positive and negative values of
a quantity with symbol �y(X)� proves this quantity to be �a wavefunction, not the
square of the wavefunction, up to an arbitrary phase�, but the authors made
assumptions about the sign of the magnitude of the matrix element and about the
polarization of the emission. As in other spectral experiments, the measured
quantity [42] is an intensity that is proportional to the square of that dipolar moment;
this complexmoment itself, rather than itsmeasured square, is stated to be �a spatial
Fourier transformof the [nonexistent] orbital in the x direction� (the relation between
x and X was undefined), so taken as lying along the internuclear axis that is
conventionally designated z. A Fourier transform of a complex quantity cannot yield
a quantity symmetric, according to that figure, with respect to an inversion center
between the two atomic nuclei.

To understand how the dependence of a molecular property on distance might be
derived from experimental data, specifically the intensities of spectral transitions, we
consider briefly the molecular electric dipolar moment of a heteronuclear diatomic
molecule [20], which we assume to be expressible as a radial function, i.e., a function
of internuclear distance. The integrated intensity of the pure rotational spectrum in
absorption is proportional to the square of the total molecular electric dipolar
moment with respect to the internuclear axis, thus producing an ambiguity of sign
of that dipolar moment. The integrated intensities of vibration rotational bands in
absorption are proportional to the squares of transition moments that correspond to
successive derivatives of that radial function with respect to internuclear distance,
which fails to resolve the ambiguity of sign, but the variation of transitionmoment for
individual lines within a vibration rotational band varies linearly with that function;
in this way, the ambiguity of sign is resolved, relative to a chosen sign for the
permanent electric dipolar moment. The latter sign is in turn unambiguously
determined from the isotopic dependence of the rotational g factor [20]. This
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molecular electric dipolar moment, moreover, is not only a physical attribute of a
molecule but also has direct ramifications for a macroscopic sample: the extent to
which the totalmolar (electric) polarization depends on the reciprocal of temperature
is proportional to the square of that moment averaged over molecular vibration
rotational states occupied at the temperature of the experiment. This situation is in
stark contrast to that of a particular orbital of any kind, which is a mathematical
construct or a function that is based incontestably on an approximation of electrons
being independent particles, that is, each electron not being subject to electrostatic or
other interaction with other electrons even in the same molecule. In view of the
multiple assumptions and approximations in the calculations of multiple stages
between themeasured intensities as a function of angle between the internuclear axis
and the polarization axis in the experiment described as �tomographic imaging of an
orbital� and the eventual purported picture of an orbital, this proof [42] of a
wavefunction is clearly nonsensical. As an example of understatement by the same
authors, there appears a remark �Yet single orbitals are difficult to observe experi
mentally� in truth, not merely difficult but impossible, for manifest reasons
expounded above. As their second reference, these authors cite a book, The Nature
of the Chemical Bond, by an author named �C.P. Linus�! Although one is tempted to
suspect that this paper [42] is a deliberate hoax, the authors merely delude
themselves.

Several claims have beenmade to have observed ormeasured orbitals bymeans of
electron spectroscopy [43], whereby an electron incident on a molecule effects
ionization to yield two electrons plus a molecular cation; the orbitals allegedly
observed are momentum functions related to x(p) of the harmonic oscillator derived
above, rather than to y(q) that appears in mistaken typical discussions of
a qualitative nature about molecular electronic structure. For a molecule, these
quantities x(p)	x(p) representing the density in momentum space have, typically,
small values corresponding to small kinetic energies of electrons in directions along
�chemical bonds,� and large magnitudes in directions between such internuclear
vectors. Although the perpetrators of such experiments on electron or optical spectra
have undoubtedly great expertise in vacuum plumbing, their understanding of
fundamental mathematical and physical concepts that underlie their chemical
interpretations is questionable. Further discussion of the physical and philosophical
aspects of these experiments and their interpretations is available elsewhere [44]. A
claimed �wavefunction for Be� [45] is likewise a result of calculations in several stages
andwith various assumptions and approximations, based on fitting 361 independent
parameters from 58 experimental measurements!

An apparent triumph of an application of orbitals to explain a real chemical
reaction was to a stereospecific electrocyclic process the conversion of buta 1,3
diene to cyclobutene. Woodward and Hoffmann [46] postulated that the stereo
chemical course of closure to form a ring of four carbon atoms is set according to the
symmetry of a particular orbital, that of greatest energy with which electrons are
associated in the electronic ground state, in the acyclic precursor. This general
ization was claimed to be supported by calculations based on an extension of
Huckel theory, but Huckel theory is recognized to have a graph theoretical basis,
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not quantum mechanical whatsoever [47]. Longuet Higgins and Abrahamson [48]
developed an alternative and systematic procedure by considering the symmetries
of electronic states, which are observable, thus generating correlations along the
entire course between reactants and products, without involving numerical calcu
lations. The so called conservation of orbital symmetry lacks physical foundation
because it relies on constituents of a basis set that one can in principle select
arbitrarily, without regard for an ultimate energy that might result from a calcu
lation as we have shown above. This triumph [46] of an application of orbitals is yet
another rebuke of the mathematical ignorance of chemists who fail to distinguish
between mathematical artifacts and chemical or physical reality [49].

1.6
Conclusions

Computational spectrometry is an established practice in at least two contexts
analyses of vibration rotational spectra of diatomic molecules [25] and of vibra
tional spectra of polyatomic molecules, such as of C5H [35]. The calculations
involved might have a basis in classical or quantum mechanics, but their appli
cation invariably has as its objective an observable property such as wavenumber or
intensity of spectral lines. As our derivations for the canonical linear harmonic
oscillator demonstrate, such observable properties are amenable to calculations
with variedmethods; eachmethodmight have its particular artifacts that are hence
of only internal significance. Even that harmonic oscillator is an artifact but a useful
initial approximation upon which perturbation methods or other mechanisms
might yield more realistic anharmonic oscillators for comparison with experimen
tal data [20]. A particular artifact of calculations of atomic or molecular electronic
structure is a wavefunction of an atom or molecule containing only one electron,
which was given the name orbital of either atomic ormolecular kind. Such artifacts,
which are legitimate components of appropriate computational procedures, have
long been accorded a far greater importance in the teaching and interpretation of
chemical phenomena than their artifactual nature warrants. The reason for this
unfortunate and unstable condition is that chemists lack mathematical under
standing, so that these artifacts are not recognized as being mere components of
prospective basis sets for calculations in a particular wavemechanical approach but
have become the focus of attention �the medium is the message� (McLuhan)!
Orbitals are the cancers of chemistry.

As a remedy of this disease, chemists must improve their understanding of
mathematical concepts and principles; one mechanism to achieve this objective that
also greatly enhances the capabilities of chemists to implement mathematics for
chemical applications involves the teaching and learning of mathematics with
software for symbolic computation [8]. Mathematics is not difficult, at least at
a level of the topics in calculus, linear algebra, differential equations, and statistics
on which chemical applications are constructed, but most chemists find tedious or
boring the traditional manipulations that manual operations entail. When powerful
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contemporary mathematical software serves as a vehicle both of teaching and
learning of mathematics and of its implementation, a chemist can attain a sufficient
mastery of the concepts and principles to undertake meaningful calculations that
would never be routinely attempted by hand.

The quintessence of this essay is that a quantum mechanical basis of molecular
structure, and thus of chemistry itself, is absolutely fraudulent [5]. With irrational
exuberance, Dirac proclaimed [50] �The underlying physical laws necessary for the
mathematical theory of a large part of physics and the whole of chemistry are thus
completely known, and the difficulty is only that the exact application of these laws
leads to equations too complicated to be soluble�, but the above discussion of their
�exact application� to ethanol proves that the utmost central idea in chemistry since
Couper�s intuition about benzene in 1858 [51], namely, molecular structure, is
fundamentally incompatible [31, 32] with �these laws�.With his relativistic quantum
mechanical wave equation, Dirac predicted the existence of the positron, thus
antimatter, but that equation predicts no bound state for even a helium atom, or
anything chemically more complicated or interesting. Which is more important for
chemistry and chemists quantum mechanics or molecular structure? They are
incompatible.

Dirac recognized [50] that �approximate practical methods of applying quantum
mechanics [needed to] be developed�, although before the computer age he could
scarcely have envisaged the success of present approximate practical methods that,
on a partially empirical basis, enable the geometric structure and infrared absorption
spectra of a molecular species to be predicted almost within experimental error of
their measurement; Dirac alluded to an objective to be an �explanation of the main
features of [complicated] atomic systemswithout toomuch computation�.Molecular
structure is a classical concept, which might be introduced into, or imposed upon,
a quantum mechanical calculation by means of a procedure due to Born and
Oppenheimer or as subsequently refined by Born; this procedure has never been
fully justified theoretically. Molecular structure is thus intrinsically foreign to
quantum mechanics; because a molecule in a quantum state has a completely
indefinite structure [31, 32], an attempt to explain a classical molecular structure
with quantum mechanics is a logical fallacy [11]. For the calculation of a classical
property such as molecular structure, one might apply a classical method, such as
molecular mechanics, or one might choose, subject to the preceding proviso,
a quantum mechanical method. In the latter case, an association of details of the
structurewith artifacts of the particularmethod of calculation, such as atomic orbitals
in a basis set for a wave mechanical calculation within a coordinate representation,
would constitute a logical fallacy.

Through the application of symbolic computation for both the teaching of
mathematics and the implementation of mathematical operations, as we have
illustrated here for the harmonic oscillator without the tortuous contortions of
a tediousmanual approach [52], both the learning andunderstanding ofmathematics
by students of chemistry and their capabilities of undertaking mathematical opera
tions can be significantly enhanced without increased time and effort [8]. An
enhanced mathematical knowledge is not only essential for chemical applications
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of quantum mechanics but also important for other aspects of chemistry in the
undergraduate curriculum. How much content of core curricula is devoted to, for
instance, mesophases [53] applications of fine chemical materials with these
properties in display devices have generated an enormous global industry, but many
chemists are ignorant of these states of aggregation or to atmospheric constituent
molecular species and their reactions in relation to global warming? An improved
understanding ofmathematics and of its applications by chemists is applicable to real
problems of our society, thus strongly justifiable, not merely for calculating energies
of a linear harmonic oscillator or as a basis of the practice of computational
spectrometry.

From an appreciation of the distinction between quantum laws and quantum
theories, there ismuch that one can learn; there is equallymuch that one can learn on
comparing quantum theories applied to a particular chemical system, but in almost
all such applications quantum theories are much less important than the quantum
laws. The latter, one applies directly to interpret atomic and molecular spectra for
analytical and other purposes, and for other aspects of chemical reactions. Quantum
mechanics might have profound philosophical implications [54], which are poorly
understood and almost invariably ignored in textbooks of chemistry; there is,
nevertheless, subtlety involved in a distinction between quantum laws and quantum
theories that we extenuate here.
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2
Computational NMR Spectroscopy
Ibon Alkorta and Jos�e Elguero

2.1
Introduction

The topic of computational NMR spectroscopy was mostly covered by a multiauthor
book published in 2004, Calculation of NMR and EPR Parameters [1]. With very few
exceptions, the most recent references in this book are from 2003. Therefore, this
chapter will cover essentially the 2004 2009 period. In 2009, an article appeared
entitled �How aromaticity affects the chemical and physicochemical properties of
heterocycles: a computational approach� in Vol. 19 of Topics in Heterocyclic Chem
istry [2], in which chemical shifts and nucleus independent chemical shifts (NICS) of
aromatic heterocycles are discussed. This chapter is not intended to be exhaustive as
far as examples are concerned but rather highlights the general significance of our
contribution to this topic.

2.2
NMR Properties

The two main NMR properties that interest experimentalists are chemical shifts
(relative to a reference and measured in parts per million) and spin spin coupling
constants (SSCC, not needing a reference and measured in hertz but depending on
the magnetogyric ratios). Other properties such as nuclear quadrupole coupling
constants (NQCC, not needing a reference and measured in megahertz [3]), relax
ation times [4], isotope effects [1], and shielding tensors [1] are not included in this
review, in part, because we have not contributed to them.

2.3
Chemical Shifts

Literature results on the use of theoretical methods to calculate chemical shifts
(d, ppm), via absolute shieldings (s, ppm), are very abundant, mainly due to the
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shifts of derivatives (X ¼ Cl, Br, SH, PH2, and SeH) it is necessary to increase the
level of the calculations to MP2 2).

In general, we have not carried out corrections for the solvent effects (for an
exception, see Ref. [35]) because we are rather skeptical about continuum models
while specific solvation effects (supermolecules) are costly (see Section 2.6). Hetero
cycles bearing nitro groups have been studied by Katritzky et al. at different
theoretical levels including the B3LYP/6 311þþG(d,p) [68]. They have carried out
continuum model calculations to simulate the solvent.

Table 2.1 Best equations for B3LYP/6 311þþG(d,p) calculations.

Equation Nucleus Conditions Intercept Slope s (reference)
(ppm)

References

Robust (50 or more points)
1 1H 31.8 1.000 TMS: 31.97 [13 15]
2 1H 31.0 0.970 TMS: 31.97 [13, 16 20]
3 13C sp, sp2, sp3 C

atoms
175.7 0.963 TMS: 184.75 [13, 17, 20, 21]

4 15N Without nitroso
compounds

152.0 0.946 CH3NO2:
154.43

[13, 21]

5 15N With nitroso
compounds

154.0 0.874 CH3NO2:
154.43

[13, 21]

Not robust (less than 50 points)
6 11B 106.5 0.900 BF3OEt3: 101.95 [13, 22]
7 17O sp2, sp3 309.7 0.926 H2O: 322.27 [13, 23]
8 19F 164.0 0.970 CFCl3: 153.70 [13, 24]
9 31P 228.6 0.785 PO4H3: 292.33 [13] a)

a) Frideling, A., Faure, R., Galy, J.-P., Kenz, A., Alkorta, I., and Elguero, J. (2004) Eur. J.Med. Chem.,
39, 37 48.

Table 2.2 Relationships between intercept, slope, and reference compound (all values in ppm).

Equation Nucleus Intercept Slope Reference Calc. Error

1 1H 31.8 1.000 31.97 31.80 0.17
2 1H 31.0 0.970 31.97 31.96 0.01
3 13C 175.7 0.963 184.75 182.45 2.30
4 15N 152.0 0.946 154.43 160.68 6.25
5 15N 154.0 0.874 154.43 176.20 21.77
6 11B 106.5 0.900 101.95 118.33 16.38
7 17O 309.7 0.926 322.27 334.45 12.18
8 19F 164.0 0.970 153.70 169.07 15.37
9 31P 228.6 0.785 292.33 291.21 1.12

2) Alkorta, I. and Elguero, J., unpublished results.
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At present, the two best methods for calculating SSCC are SOPPA (second order
polarization propagator) and EOM CCSD (equation of motion/coupled cluster
singles and doubles) [101 103]. There exists a SOPPA CCSD version [104]. An
acceptable, although less good, approach consists in using DFT based methods
implemented in Gaussian 03 [11].

In terms of the work we have done, the basis sets we have used are as follows:

Ahlrich qzp ½105� : C;N;O;F
Ahlrich qz2p ½105� : P; S;Cl;H

Del Bene has established two Ahlrich like �hybrid� bases for boron (11B) and
lithium (7Li) [106].

The only exception to the above scheme was using the Dunning VDZ basis on H.
When the systemswere too large, we replaced the qz2p basis onHbyVDZ [107 109].
This reduces the number of basis functions onH from10 to 5.However, whenwe did
that, we did not report coupling constants for any H atom that had Dunning�s VDZ
basis set. Note that the presence of VDZ does not change coupling involving other
atoms.

It has been documented in the literature that the use of smaller contracted basis
sets (such as Pople�s and Dunning�s) does not in general perform well for coupling
constants. The Ahlrich basis sets are contracted only for one s function, one p
function, and so on. The remaining functions are primitives. That is part of the
reason why they perform well.

There are results in the literature that suggest that a very largeDunning�s or Pople�s
basis set would be needed [110 113], something perhaps better than cc pVTZ or
maybe aug cc pVTZ [107, 108]. Consider, for instance, cc pVTZ. This basis is not
considered very large, but it already has 30 basis functions for second period
elements such as C, and aug cc pVTZ has 46 basis functions per carbon. The Ahlrich
basis set has 24 basis functions on C (used only as an example). Thus, using
Dunning�s basis set wewould not have been able to carry out some of the calculations
we are performing because the number of basis functions would become too large
(these calculations scale something liken7, where n is the number of basis functions).
There are some other basis sets in the literature (e.g., Sadlej J [114, 115]) that have
been constructed for coupling constant calculations.

According to Malkina, the Dirac vector model (DVM, also called Dirac van Vleck
vector model) of SSCC was proposed by Duval and Koide in 1964 [1, 116, 117];
however, there are at least two earlier papers on the DVM: one byMcConnell in 1955
�Dirac vectormodel for electron coupled nuclear spin interactions� [118] and another
by Alexander in 1961 �Spin spin interactions in nuclear magnetic resonance.
Contact contribution� [119]. Subsequently, it has been used so many times that it
has become a classical tool in NMR spectroscopy [120 122]. Nevertheless, it has long
been recognized that the DVM is too simple for an adequate interpretation of the
dependence of the SSCC signs on the number of bonds [123].

In 2003, Del Bene introduced the �nuclear magnetic resonance triplet wavefunc
tion model� (NMRTWM) [124] considering only the Fermi contact (FC) contribu
tion, and we will refer to the sign of J based on the sign of the Fermi contact term.
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For a linear system with D1h symmetry, A1 B1 � � �B2 A2, the only excited triplet
states that can have nonzero contributions to the coupling constants are those with
3Sþ or 3S� symmetry, states that do not have nodes containing the D1h axis
(Figure 2.5).

Themodel used for discussing the sign of coupling constants arose from the well
known expression for computing J, namely JAB¼ q2E/qmA�qmB, which indicates that
the energy (E) depends on the nuclear magnetic moments (m) of atoms A and B. This
implies that the wavefunction also depends on these moments. Alternatively, the
nuclear magnetic moments might be sensitive to the wavefunction. How would this
sensitivity be manifested? The sum over states expression for JAB extends over the
entire manifold of triplet states that can interact with the ground state. What in the
triplet wavefunctions might influence the alignment of magnetic nuclei? One
possibility is the phases of these wavefunctions at atoms A and B. The NMRTWM
was introduced as a tool to gain insight into what determines the sign of JAB and
employ it to consider the orientation of nuclear spins in 3Sþ and 3S� states by
considering the nodal properties of wavefunctions for these states in a model linear
A1 B1 � � �B2 A2 system. In this model, it was assumed that the orientation of the
nuclear magnetic moment vector responds to the phase of the excited triplet state
wavefunction, and arbitrarily assigns nuclear spin up (") when the wavefunction is
positive anddown (#)when it is negative. For a four atomsystemwithD1h symmetry,
the nodal patterns for 3Sþ and 3S� states and the resulting nuclear alignments are
shown in Figure 2.5. This assignment is consistent with the convention adopted for
the sign of J, which states that a positive coupling constant corresponds to a reduction
in the interaction energy when the nuclear spins are antiparallel. We have used
NMRTWM several times [106, 125 132], but the impossibility to make predictions
led us to stop using it in 2006.

InTable 2.3, we have summarized, in chronological order, our publications dealing
with the calculations of SSCC both J and K.

Figure 2.5 Nodal patterns for a four atom system with D1h symmetry.
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Table 2.3 Calculations of SSCC.

System Couplings Method Main conclusions and comments Reference

X H Y [X 13C, 15N,
17O, 19F]

1JXH E C NMRTWM applies to Ks [129]

(HF)2 clusters JFF E C The Fermi term dominates [125]
HmX YHn [Y

13C, 15N,
31P]

1JXY E C The X Y bond may be a single, double, or
triple bond

[126]

X H Y [Y 15N, 17O,
19F]

1hJHY E C Determining the sign of 1KXH and 1hKHY

should allow to determine if the HB is
proton shared or not

[133]

X H Y 2hKXY E C All 2hKXY are positive [128]
Scheme 2.11 2hJOO,

2hJNN E C Neither the Js nor the d1H provide evidence
of RAHB [134]

[127]

Scheme 2.12 2JCH DFT Tautomerism. 2JCH is always positive [135]
H X Y H,
H X H Y H

3JHH, 4hJHH FPT Karplus: molecular versus supramolecular [136]

Scheme 2.11 2hJOO,
2hJNN E C RAHB: we ratify [127] [137]

N H O P 3hJNP,
2hJHP E C Urea/phosphoric and urea/phosphate [138]

AH:XH:YH3 [A, X
19F,

35Cl; Y 15N, 31P]

1JXH , 1hJHY,
2hJXY E C The presence of a third molecule (AH) in

creases the proton shared character of the
X H Y HB

[130]

(HCN)n, (HNC)n 1JNC , 2hJNC SO Complexes n 1 6, cooperativity [139]
N H F H N 1JNH , 1hJHF,

2hJFN E C The HB in the gas phase has more proton
shared character relative to HBs in solution

[140]

(FH)2 collidine (see
Figure 2.6)

1JFH , 1hJHN,
2hJFN E C The 2: 1 FH:NH3 complex as amodel. Effect

of the proton transfer on the Js
[141]

Compound 64 2JPP , 2JFF DFT Error in one exp. J value: see Table 2.4 [142]
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Compound 11
(R3 R4 R5 H)

1JNN , 1JNC , 1JCC DFT 131 exp. coupling constants versus 243
calcd. All agree well save 1JCC

[143]

Compound 19 2JHH , 4JHFu DFT 2JHH (gem) well reproduced [53]
N H N 1JNH , 1hJHN,

2hJNN E C 66 complexes, all kind of N atoms; effect of
the NN distance on 1hJHN sign

[144]

Scheme 2.13 1JBN E C F increases and Li decreases 1JBN [106]
HmX YHn [X, Y N, O,
P, S]

1JXY E C Karplus type equations: (dihedral angle)
orientation of lone pairs is determining

[145]

X(CH3)nH(4 n) [X C,
N]

JHH, JCH, JNH, JCC, JNC E C Importance of solvating ammonium salts
such as NH4

þ with H2O molecules
[146]

C6H5X [X CH (ben
zene), N (pyridine), P
(phosphinine)]

JCC, JNC, JPC E C Protonation on the heteroatom produces
dramatic changes in the Js

[147]

RBNR, RCCR JNB, JBH, JNH, JCC E C Effect of substituent R on the Js [148]
P(CH3)nH(4 n) JPH, JPC, JCH, JHH DFT N(Et)4

þ ; only the Me are coupled with 14N [149]
Diazaboroles 25 JNB, JNC, JCC, JBR E C 1JNB is always negative [22]
HmX YHn [X N, O, P,
S]

1JXY E C Essential role of the number of lone pairs in
X and Y

[150]

[P H P]þ 1JPH , 1hJHP,
2hJPP E C See Figure 2.7 [151]

X H Y 1JFH , 1JBLi E C 1J couplings as probes of PA of bases [152]
[P H P]þ 2hJPP,

2hJPC E C Also 2hpJPP and 2hpJPC with C�P bonds [153]
25, R Li 1JBLi E C 1J (11B 7Li) is very sensitive to solvation [154]
F H P 1JFH , 1hJHP,

2hJFP E C Effect of the proton transfer on Js and Ks [155]
Compound 13 1JCN DFT CH, NH, OH tautomers of pyrazolinones [47]
X H Y [X, Y N, O,
F]

1JXH , 1hJHY,
2hJXY E C versus SO And monomers XY, X H and H Y pro

tonated and deprotonated
[156]

Formamide [solvent X:
NH3, H2O, FH]

1JNH , 1hJHX,
2hJNX E C Effect of one or two solvent molecules on

formamide Js
[157]

F Cl N 1JFCl , 1X JClN,
2X JFN E C SSCC across halogen bonds [158]

(Continued)
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Table 2.3 (Continued)

System Couplings Method Main conclusions and comments Reference

HXH [X from Li to Cl] 2JHH , 1JXH DFT and SO Clearly, SOPPA/sadJ yield better values than
SOPPA/aug cc pVTZ

[159]

N Hþ N 1JNH, 1hJHN,
2hJNN E C Models of proton sponges [160]

All systems nhJXY Review Comprehensive data on experimental indi
rect scalar NMR spin spin coupling con
stants across hydrogen bonds

[161]

Compound 31 1JNN , JNC, JHH DFT SSCC in azines are well reproduced [16]
F C�C F 3JFF , 1JCC , JCF E C versus SO 3JFF strongly depends on the geometry [162]
H2O, H3O

þ 2hJOO E C Water and hydronium clusters [163]
Cyclic (FH)n 1JFH , 1hJHF,

2hJFF E C For n 2 6, 1hJHF is always negative [164]
Compound 8 1JLiC DFT 1JLiC is very sensitive to solvent effects [32]
X Y, X�Y [X, Y C, N,
O]

JCC, JCN, JCO, JCF, JNN, JNO,
JNF, JFF

E C versus SO And selected F substituted derivatives [165]

N Hþ N 1JNH, 1hJHN,
2hJNN DFT and SO Statisticalmodeling (hybridization of bothN

atoms) and charge of the complex
[166]

Compound 66 1hJFH DFT Solvent effects [19]
HLB BLH [dibor
enes, 67 and 68; L CO,
NH3, OH2, PH3, SH2,
ClH]

1JBB , 1JBH , 1JBL E C 1JBB and 1JBH are always positive [167]

Scheme 2.14 E C 1,2 Dihydro 1,2 azaborine (69) [168]
31 molecules JCC, JCN, JNN E C versus SO E C underestimates 1JCH by 	10 Hz [169]

Methods: E-C¼ EOM-CCSD; SO¼ SOPPA; FTP¼ finite perturbation theory; DFT¼B3LYP/6-311þþG(d,p).
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2.6
Solvent Effects

The perturbation of NMR parameters (d and J ) due to solvent effects can bemodeled
in computational studies in two ways: with continuummodels to simulate dielectric
solvent effects (DSE) [172] and with specific solute solvent interactions
(supermolecules).

a) Continuum models: shielding constants (chemical shifts). Only in a few papers
[14, 35, 36], we carried out GIAO/B3LYP/6 311þþG(d,p) calculations on
bromopyrazoles in DMSO using the PCM model. On the other hand, many
authors have used continuum models to calculate shielding constants
[173 176], especially important are those of Ruud and coworkers [177, 178].
A last paper by the same group reports solvent effects on nitrogen NMR
shieldings in 1 methyltriazoles [179].

b) Continuum models: spin spin coupling constants. We have not used PCM type
calculations for SSCC, a field where the most important contributions are those
of Contreras and coworkers. UsingHN¼CH2 as amodel molecule, they studied
both dielectric solvation effect and specific solute solvent interactions (H2O and
DMSO); 1JCHðantiÞ increases monotonically with increasing dielectric constant
e [180]. These authors found that SSCC including PCM effects are in better
agreement with experimental values than those without them for pyridinecar
boxaldehydes [181]. A statistical analysis of their data indicates that this is true for
JCC (largest differences about 2 Hz) but not for JCH (largest differences 9 Hz).
They worked also on amides [182, 183]. Both Ruud [184] and Sauer [185] have
considerably improved the performance of PCM models. For reviews on this
important topic, see Refs [186, 187].

c) Specific solute solvent interactions: shielding constants (chemical shifts). The
subject is very broad since it is difficult to distinguish normal molecules from
solvent molecules in complexes. Others and we have calculated many supra
molecules; when one of these is a classical NMR solvent (water, acetone,
DMSO, etc.), they belong to this category. In the case of benzene as solvent, we
have calculated the aromatic solvent induced shifts (ASIS) with a considerable
success [188]. In the case of fluorobenzamide (66), we have calculated the effect
of water and acetone on the chemical shifts using the 1: 1 and 1: 2 com
plexes [19]. One can consider the solid state as a special case of solvation; only,
instead of solvent there are other molecules in the unit cell. For comparing
experimental CPMAS chemical shifts, we have reported calculations for
dimers [10] and trimers [34].

d) Specific solute solvent interactions: spin spin coupling constants. When discussing
quaternary ammonium salts, such as NH4

þ , it is fundamental to add water
molecules forming N Hþ � � �OH2 HBs to reproduce the experimental
SSCC [146]. In the case of 2 fluorobenzamide (66), we have calculated its SSCC
in complexes with one water molecule and one and two acetone molecules [19].
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Progress in any area of physical science requires a combination of experimental
and theoretical investigations. However, in some cases, a theoretical approach may
assume increased importance, particularly if the experimental data are fragmentary
or subject to large experimental errors. In such circumstances, if one wants to
examine a molecular property with only an incomplete set of experimental data
available, a reasonable strategy is to calculate that property in a systematicmanner for
an entire collection of related molecules and compare the available experimental
values with the corresponding calculated results. If the comparison shows that theory
and experiment agree, or at least are highly correlated, then the calculated values can
be used as a basis for discussing the property of interest. In addition, theory often has
the advantage of allowing an analysis based on partitioning of the property, which is
not possible with the experimental data. Such is the situation for scalar coupling
constants (spin spin coupling constants) inNMR. Inmany cases, understanding the
variations in related spin spin coupling constants is difficult without knowing their
components, given in the Ramsay model as the paramagnetic spin orbit (PSO),
diamagnetic spin orbit (DSO), FC, and spin dipole (SD) terms. It is only theory that
can provide this information.

2.8
The Problem of the Error in Theoretical Calculations of Chemical Shifts and Coupling
Constants

Although sensu strictu there is no error in a theoretical calculation, it is used to signify
the difference between the calculated value and the experimental one. Concerning
chemical shifts, the results of the calculations are absolute shieldingss. Someauthors
calculate the reference (e.g., TMS in 13C NMR) at the same level and transform the
calculated s to d by subtraction. This is equivalent to assuming that d¼scompd sref.
We, andmany others, prefer to assume that d¼ a þ b�scompd., a being close but not
identical to sref. and b being close to 1 but not identical. At the GIAO/B3LYP/6
311þþG(d,p) level and with the exception of some atoms (e.g., C atoms bearing
Cl, Br, and S substituents), the RMS residuals of the regressions are about 3 ppm for
13C and 9 ppm for 15N [21] (see also Table 2.2). Concerning coupling constants, no
transformation is necessary since the calculations afford directly the coupling in Hz.
Naturally, calculated and experimental values should be identical for J¼ 0Hz (or very
small), thus allowing to impose that the trendline goes through the origin (no
intercept). Concerning the more accessible SOPPA calculations, RMS is about
3 4Hz [189], and introducing some dummy variables can reduce it to 2Hz [190].
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3
Calculation of Magnetic Tensors and EPR Spectra
for Free Radicals in Different Environments
Paola Cimino, Frank Neese, and Vincenco Barone

3.1
Introduction

The tools needed by EPR spectroscopists are from the world of quantummechanics
(QMs), as far as the parameters of the spin Hamiltonian are concerned, and
molecular dynamics (MDs) and statistical thermodynamics for the simulation of
spectral line shapes. As a matter of fact, data reduction in experimental EPR
spectroscopy is achieved using a powerful device: the phenomenological spin
Hamiltonian (SH). Virtually every EPR spectroscopist is familiar with fitting the
relatively small number of parameters that enter the SH through least square or
eyeball procedures to the experimental spectra. The outcome of the analysis is a
compact description of the information content of the EPR spectrum: numerical
values for the SH parameters. These are the elements (principal values) of the g
matrix, the hyperfine couplings of various magnetic nuclei, and perhaps the nuclear
quadrupole couplings, or if applicable the zero field splitting tensor. Usually only
the principal values of the SH parameters are obtained. However, single crystal and
modern pulse experiments often yield more precise information with respect to the
orientation of the various magnetic coupling tensors in the molecular coordinate
frame. The other challenging experimental theoretical match, EPR spectral shape
versus probe dynamics, has a long history too. The two limits of essentially fixed
molecular orientation as in a crystal, and of rapidly rotating probes in solutions of low
viscosity (Redfield limit) [1], have been overcome bymethods based on the stochastic
Liouville equation (SLE), allowing the simulation of spectra in any r�egime of motion
and in any type of orienting potential [2]. The ongoing integration of the above two
aspects, namely, improved QMmethods for the calculation of magnetic tensors and
effective implementations of SLE approaches for increasing numbers of degrees of
freedom, paves the route toward quantitative evaluations of EPR spectra in different
phases and large temperature intervals starting from the chemical formula of the
radical and the physical parameters of the solvent.

In the following sections, we will try to sketch the building blocks of an integrated
computational approach [3] to the EPR spectra of organic free radicals in solution and
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to illustrate the key issues of its application. Besides presenting the main framework
of the proposed general model, special attention will be paid to the computation of
magnetic parameters, whereas the problem of line shapes will be only briefly
illustrated in the last part of the chapter. The selected examples will show that
last generation models rooted in the density functional theory (DFT) provide an
accurate description ofmolecular structure and values of themagnetic parameters in
quantitative agreement with experiments. Next, we will see that a suitable theoretical
treatment of solvent effects on themagnetic parameters is able to give full account of
the bulk and specific interaction. In particular, the last generation continuummodels
perform a remarkable job in reproducing nonspecific solvent effects, whereas in the
presence of specific interactions (e.g., solute solvent H bonds), they have to be
integrated by explicit inclusion of some solvent molecules strongly and specifically
interacting with the solute. The resulting discrete/continuumdescription represents
a very versatile tool that can be adapted to different structural and spectroscopic
situations. It is noteworthy that recent developments of classical and ab initio
dynamics approaches enforcing proper boundary conditions permit extension of
the same general approach from static to dynamic situations, thus allowing to take
into proper account the averaging effects issuing from solute vibrations and solvent
fluctuations. As mentioned above, longer timescale dynamical effects determining
line shapes require a different approach, whose integration in a consistent general
framework is under active development.

Clearly, the task at hand is a very large one and the chapter cannot serve as a
substitute for a textbook in theoretical chemistry. Therefore, some familiaritywith the
concepts of molecular quantum mechanics is assumed. Many books on the theo
retical background are recommended for further reading [4]. We will also not try to
give an extensive coverage of the literature as this has been done several times
earlier [5]. Rather, wewill try to provide a clear description of the necessary theoretical
apparatus paving the route from reliable SH parameters to complete spectral shapes
and hint at how to employ the methodology in practical applications. Most of the
discussion as well as the results makes reference to actual implementations in
modern electronic structure program packages, such as ORCA [6] and Gaussian
03 [7], that offer advanced tools for the prediction of SH parameters.

3.2
The General Model

The calculation of ESR observables can be in principle based on a �complete�
Hamiltonian Ĥðfrig; fRkg; fqagÞ, including electronic frig and nuclear fRkg co
ordinates of the paramagnetic probe together with solvent coordinates fqag:

Ĥðfrig; fRkg; fqagÞ ¼ Ĥprobeðfrig; fRkgÞ
þ Ĥprobe�solventðfrig; fRkg; fqagÞþ ĤsolventðfqagÞ

ð3:1Þ
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Any spectroscopic observable can then be linked to the density matrix
r̂ðfrig; fRkg; fqag; tÞ governed by the Liouville equation

q
qt
r̂frig;fRkg;fqag; tÞ ¼ i½Ĥðfrig; fRkg; fqagÞ; r̂ðfrig; fRkg; fqag; tÞ�

¼ L̂ðfrig; fRkg; fqagÞr̂ðfrig; fRkg; fqag; tÞ ð3:2Þ

Solving Equation 3.2 as a function of time would allow, in principle, a direct
evaluation of r̂ðfrig; fRkg; fqag; tÞ and hence calculation of any molecular prop
erty. However, the diverse timescales characterizing different sets of coordinates
allow the introduction of a number of generalized adiabatic approximations. In
particular, the nuclear coordinates R � fRkg can be separated into fast vibrational
coordinates Rfast and slow probe coordinates (e.g., overall probe rotations and, if
required, large amplitude intramolecular degrees of freedom) Rslow, relaxing at
least in a picosecond timescale. Then the probe Hamiltonian is averaged on (i)
femtosecond and subpicosecond dynamics, pertaining to probe electronic coordi
nates, and (ii) picosecond dynamics, pertaining to fast intraprobe degrees of
freedom. The averaging on the electron coordinates is the usual implicit procedure
for obtaining a spin Hamiltonian from the complete electronic Hamiltonian of the
probe. In the frame of Born Oppenheimer approximation, the averaging on the
picosecond dynamics of nuclear coordinates allows to introduce in the calculation
of magnetic parameters the effect of the vibrational motions, which can be very
relevant in some cases [8]. We end up with an averaged magnetic Hamiltonian
ĤðRslow; fqagÞ.

ĤðRslow; fqagÞ ¼ ĤprobeðRslow; fqagÞþ Ĥprobe�solventðRslow; fqagÞ
þ ĤsolventðfqagÞ

ð3:3Þ

The last two terms do not affect directly the magnetic properties and account
for probe solvent [Ĥprobe�solventðRslow; fqagÞ] and solvent solvent [ĤsolventðfqagÞ]
interactions. An explicit dependence is left in the magnetic tensor definition from
slow probe coordinates (e.g., geometrical dependence upon rotation) and solvent
coordinates. The averaged density matrix becomes r̂ðRslow; fqag; tÞ ¼ hr̂ðfrig;
fRkg; fqag; tÞifrig;Rfast

and the corresponding Liouville equation, in the hypothesis
of no residual dynamic effect of averaging with respect to subpicosecond processes,
can be simply written as in Equation 3.2 with ĤðRslow; fqagÞ instead of Ĥðfrig;
fRkg; fqagÞ.

Finally, the dependence upon solvent or bath coordinates can be treated at a
classical mechanical level, either by solving explicitly the Newtonian dynamics of the
explicit set fqag or by adopting the standard statistical thermodynamics arguments
leading to an effective averaging of the densitymatrix with respect to solvent variables
r̂ðRslow; tÞ ¼ hr̂ðRslow; fqag; tÞifqag. One of themost effectiveways of dealingwith the
modified time evolution equation for r̂ðRslow; tÞ is represented by the SLE, that is, by
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the direct inclusion of motional dynamics in the form of stochastic (Fokker Planck/
diffusive) operators in the Liouvillean governing the time evolution of the system:

q
qt
r̂ðRslow; tÞ ¼ i ĤðRslowÞ; r̂ðRslow; tÞ

� �
Ĉr̂ðRslow; tÞ ¼ L̂ðRslowÞr̂ðRslow; tÞ

ð3:4Þ
The effective Hamiltonian, averaged with respect to the solvent coordinates, is

made up of probe magnetic tensors averaged with respect to fast intramolecular
motions and solvent coordinates, while Ĉ is the stochastic operator modeling the
dependence of the reduced density matrix on relaxation processes described by
stochastic coordinates Rslow.

This is a general scheme that allows additional considerations and further
approximations. First, the average with respect to picosecond dynamic processes
is carried on, in practice, together with the averagewith respect to solvent coordinates
to allow the QM evaluation of magnetic tensors corrected for solvent effects and for
fast vibrational and solvent librational motions. The effective treatment of these
aspects is the core of this chapter.

Dynamics on longer timescales determines spectral line shapes and requiresmore
�coarse grained� models rooted into a stochastic approach. For semirigid systems,
the relevant set of stochastic coordinates can be restricted to the set of orientational
coordinates Rslow � V, which can be described, in turn, in terms of a simple
formulation for a diffusive rotator, characterized by a diffusion tensor D [9], that is,

Ĉ ¼ ĴðVÞ �D � ĴðVÞ ð3:5Þ
where ĴðVÞ is the angular momentum operator for body rotation.

Once the effective Liouvillean is defined, the direct calculation of the cw ESR signal
is possible without resorting to a complete solution of the SLE by evaluating the
spectral density from the expression [2, 10]

Iðv v0Þ ¼ 1
p
Rehvj½iðv v0Þþ iL̂��1jvPeqi ð3:6Þ

where the Liouvillean L̂ acts on a starting vector, which is defined as proportional to
the x component of the electron spin operator Ŝx.

In the last part of the chapter, wewill give a sketch of how this approach can be used
for obtaining line shapes from first principles, a topic that is still under active
development.

3.3
Spin Hamiltonian, g-Tensor, Hyperfine Coupling Constants, and Zero-Field Splitting

3.3.1
The Spin Hamiltonian

In order to more precisely state the nature of the problem, the leading spin
Hamiltonian parameters are briefly introduced. The SH is an effective Hamiltonian
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and contains only spin variables of a �fictitious� electron spin S and the nuclear spins
IA, IB, and so on. All references to the spatial part of the many electron wavefunction
and therefore to detailed molecular electronic and geometric structure are implicitly
contained in the well known SH parameters D (zero field splitting), g (g tensor), A
(hyperfine coupling), Q (quadrupole coupling), s (chemical shift), and J (spin spin
coupling), which are considered as adjustable parameters in the analysis of experi
ments and which will be explained in detail below. The SH that includes the
interactions covered above is

Ĥspin ¼ ŜDŜþ bBgŜþ
X
A

h
ŜAðAÞ Î

ðAÞ þ bNBg
ðAÞ
N Î

ðAÞ þ Î
ðAÞ

QðAÞÎ
ðAÞi

þ
X
A<B

h
Î
ðAÞ

JðABÞ Î
ðBÞi ð3:7Þ

where the sum over A refers to the magnetic nuclei, B is the magnetic flux density,
and b and bN are the electronic and nuclear Bohr magnetons, respectively. The SH

acts on a basis of product functions SMSj i � IðAÞMðAÞ
I

��� E
� � � � � IðNÞMðNÞ

I

��� E
. For not

too many spins, this basis is often small enough to allow exact diagonalization of the
SH and therefore exact QM treatments of the spin physics in the SH framework.

3.3.2
Electronic Structure Theory

On a fundamental level, the leading interactions between the positively charged
nuclei and the negatively charged electrons are summarized in the (nonrelativistic)
Born Oppenheimer Hamiltonian:

ĤBO ¼ 1
2

X
i

~r2 X
i;A

ZA

jri RAj þ
1
2

X
i 6 j

1
jri rjj þ

1
2

X
A 6 B

ZAZB

jRA RBj

¼ T̂ þ V̂eN þ V̂ ee þ V̂NN

¼ ĥþ V̂ ee þ V̂NN

ð3:8Þ

The terms describe the kinetic energy of the electrons, the electron nuclear
attraction, the electron electron repulsion, and the nuclear nuclear repulsion, re
spectively. In Equation 3.8, i and j sum over electrons at positions ri, A, and B over
nuclei with charge ZA at positions RA. The nuclear positions are assumed to be fixed
and the electrons are supposed to readjust immediately to the positions of these
(classical) nuclei. The BOHamiltonian accounts for the vast amount of themolecular
total energy and most problems of chemical structure and energetics can be satis
factorily discussed in terms of these comparatively simple interactions. Yet, the BO
operator contains the coupled motion ofN electrons and to find the exact eigenfunc
tions and eigenvalues of the (time independent) BO Schr€odinger equation

ĤBOYðx1; . . . ; xN jRÞ ¼ EðRÞYðx1; . . . ; xN jRÞ ð3:9Þ

is a hopelessly complicated task. In Equation 3.9, the many electron wavefunction
Yðx1; . . . ; xN jRÞ has been introduced that depends on the space (r) and spin (s)
variables of the N electrons (xi � ðri; siÞ). R collectively denotes the positions of the
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nuclei on which the many electron wavefunction and the eigenvalues EðRÞ depend
parametrically. According to the basic quantum theory, all that can be known about
themolecular system in the time independent case are contained inYðx1; . . . ; xN jRÞ.
It is also important to note that allmeasurements always probe theN electron system.
Molecular orbitals (MOs) to be introduced below are never observable and, in fact, the
entire theory of molecular electronic structure can be exactly formulated without any
recourse to orbitals. Yet, MOs are very convenient building blocks in the majority of
approximate methods that have been developed to date.

In the density functional theory approach to the molecular Born Oppenheimer
Schr€odinger equation, one does not attempt to approximate the many particle
wavefunction. Rather, one attempts to obtain the correct energy (or at least an energy
that is sufficiently parallel to the correct energy) as a functional of the electron density.
Owing to the celebratedHohenberg Kohn theorems, it is known that, in principle, the
knowledge of rðrÞ is sufficient to deduce the exact ground state energy. This comes at
the price of introducing an unknown exchange correlation functional Exc½r�. Since a
systematic procedure to approach the exact Exc½r� appears to be unknown, physically
motivated guesses have to be introduced. Over the years, many such approximations
have been suggested and new functionals appear in the literature almost on a weekly
basis. Unfortunately, each functional has its own strengths andweaknesses that need
to be assessed through extensive series of test calculations.

Without going into much detail, it is noted that the so called Kohn Sham
procedure allows one to solve a set of pseudo single particle equations that would
provide the exact ground state energy if the exact Exc½r� is known. This procedure
introduces the so called �noninteracting reference system� that is described by a
single Slater determinant and that shares with the physical system the electron
density calculated through Equation 3.10a:

rðrÞ ¼ SN
i jwiðrÞj2 ð3:10aÞ

In order to expand the single particle wavefunctions (orbitals) that occur in the
Slater determinant of the noninteracting reference determinant, one commonly
introduces a set of auxiliary one electron functions fjðxÞg (basis functions) that are
used to expand the orbitals as

yiðxÞ ¼
X
m

cmijmðxÞ ð3:10bÞ

The minimization of the energy is then performed with respect to the coefficient
cmi, while the basis functions are held fixed. The expansion is exact only in the limit of
amathematically complete basis set fjðxÞg, which is impossible to obtain in practice.
Thus, the results depend on the size and nature of the employed basis functions, but
there is a well defined basis set limit. Since the BOoperator is spin free, it is customary
to let the orbitals be eigenfunctions of the single electron spin operator by choosing
them to be either spin up or spin down orbitals ys

i (s ¼ a; b). The spin unrestricted
Kohn Sham equations in a finite basis set take on the form (upon dividing the
electron density into its spin components raðrÞ and rbðrÞ)
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Fs
mn ¼ hmn þ

X
kt

PktðmnjktÞþ
ð
jmðrÞjnðrÞVs

XC½ra; rb�ðrÞdr ð3:11Þ

Thus, in place of the exchange term that is familiar from Hartree Fock theory,
there now appears a local exchange correlation potential, which is defined as the
functional derivative of Exc½ra; rb� with respect to rðrÞ:

Vs
XC ra; rb
� �ðrÞ ¼ dExc½r�

drsðrÞ ðs ¼ a; bÞ ð3:12Þ

The total Kohn Sham energy is

EUKS ¼
X
mn

Pmnhmn þ 1
2

X
kt

PmnPktðmnjktÞþ EXC ra; rb
� �þVNN ð3:13Þ

The second term consists of the Coulombic self interaction of the electron cloud
and it can be written in a perhaps somewhat more illuminating way as

EJ ¼ 1
2

ð ð
rðr1Þ 1

jr1 r2j rðr2Þdr1dr2 ð3:14Þ

Likewise, the Coulomb contribution to the Kohn Sham matrix is

Jmn ¼
ð ð

jmðr1Þjnðr1Þ
1

jr1 r2j rðr2Þdr1dr2 ð3:15Þ

which emphasizes the local nature of the Coulomb potential VCðrÞ. Since this
potential is of long range, its calculation usually dominates the computational effort
of a Hartree Fock (HF) or Kohn Sham (KS) calculation. The precise functional
forms of the various approximations to Exc½ra; rb� are complicated and involve odd
powers of rðrÞ such as rðrÞ4=3. If the functional also depends on the gradient of
r (~rrðrÞ), one obtains functionals from the �generalized gradient approximation�
(GGA) family. Modern functionals may also depend on the Laplacian of the density
(~r2

rðrÞ) and the kinetic energy density (tðrÞ), which leads to the family of �meta
GGA� functionals. In recent years, the so called �hybrid functionals� have become
very popular, which involve a fraction of the nonlocalHartree Fock exchange and this
was found to improve the results for total energies as well as many molecular
properties.

There are many important conceptual and practical subtleties in DFT that
cannot be discussed in the framework of this chapter and the interested reader is
referred to a recent review that also provides pointers to the specialist literature.

3.3.3
Additional Terms in the Hamiltonian

Given an approximation to the ground state energy of the BO Hamiltonian by some
method, one needs to introduce the smaller field and spin dependent terms in
the Hamiltonian that give rise to the interactions one actually probes by EPR
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spectroscopy. These terms can be derived through relativistic quantum chemistry,
which is outside the scope of this chapter. Among the many terms that arise, we will
mainly need the following interactions:

a) The spin–orbit coupling. Unlike found in many textbooks, this term in the
Hamiltonian is of a two electron nature and reads within the Breit Pauli
approximation:

ĤSOC ¼ Ĥ
ð1Þ
SOC þ Ĥ

ð2Þ
SOC ð3:16Þ

Ĥ
ð1Þ
SOC ¼

X
i

ĥ
1el-SOC

i ¼
X
i

ĥ
1el-SOC

i ŝi ¼ a2

2

X
i

X
A

ZAr
�3
iA l̂iAŝi ð3:17Þ

Ĥ
ð2Þ
SOC ¼ Ĥ

ð2Þ
SSOþĤ

ð2Þ
SOO ¼

X
i

X
j 6 i

ĝ2el-SOCi;j ¼ a2

2

X
i

X
j 6 i

r�3
ij l̂ijðŝiþ2ŝjÞ ð3:18Þ

Here, a¼ c�1 in atomic units is the fine structure constant (�1/137), r̂i; p̂i; and ŝi are
the position, momentum, and spin operators, respectively, of the ith electron, and
l̂iA ¼ ð̂ri RAÞ� p̂i is the angular momentum of the ith electron relative to nucleus A.
The vector r̂iA ¼ r̂i RA of magnitude riA is the position of the ith electron relative to
atomA.Likewise, thevector r̂ij ¼ r̂i r̂j ofmagnitude rij is thepositionof the ithelectron
relative to electron j and l̂ij ¼ ð̂ri r̂jÞ� p̂i is its angular momentum relative to this
electron.Theone electron term is familiar frommanyphenomenological treatments,
for example, in atomic spectroscopy and ligandfield theory.The two electron termhas
contributions from the spin same orbit (SSO) and spin other orbit (SOO) terms,
which are both important for a quantitatively correct treatment of SOC. They
essentially provide a screening of the one electron term in much the same way as
the nuclear electron attraction and electron electron repulsion contributions coun
teract eachother in theBorn OppenheimerHamiltonian. Since the full SOCoperator
isdifficult tohandle in large scalemolecularapplications, it isdesirable toapproximate
it as accurately as possible. This is possible through the accurate spin orbitmeanfield
approximation (SOMF) developed by Hess et al.Without going into the details of the
derivation, we merely state the form of this operator:

ĥ
SOMF ¼

X
i

ẑSOMFðiÞŝðiÞ ð3:19Þ

With thematrix elements of the kth component of the SOMFoperator given by

�
jm

��ẑSOMF
k

��jn

�¼ �jm

��ĥ1el-SOk

��jn

�
þ
X
kt

Pkt

��
jmjn

��ĝSOk ��jkjt

	 3
2

�
jmjk

��ĝSOk ��jtjn

	 3
2

�
jtjn

��ĝSOk ��jmjk

	


ð3:20Þ
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and

ĥ
1el-SO

k ðriÞ ¼ a2

2

X
i

X
A

ZAr
�3
iA l̂iA;k ð3:21Þ

ĝSOk ðri;rjÞ ¼ a2

2
l̂ij;kr

�3
ij ð3:22Þ

Here P is the total charge density matrix calculated by some theoretical method.
Essentially like theHFapproximation gives 99% of the total molecular energy, the
SOMF operator covers around 99% of the two electron SOC operator. It will be
exclusively used below in order to approximate the SOC terms that will arise in the
equations for the SH parameters.

b) The direct magnetic dipolar spin–spin interaction. This interaction is described
by a genuine two electron operator of the form

ĤSS ¼ g2ea
2

8

X
i 6 j

ŝîsj
r3ij

3
ð̂sirijÞð̂sjrijÞ

r5ij

 !
ð3:23Þ

where the free electron g value ge¼ 2.002319. . . appears.
c) The hyperfine coupling. This term describes the well known dipolar interaction

between the electron and the nuclear spins:

ĤSI ¼ a

2
gebN

X
A

gðAÞN

X
i

siÎ
ðAÞ

r3iA
3
ðsiriAÞð̂IðAÞriAÞ

r5iA

 !
ð3:24Þ

Here bN is the nuclearmagneton, gðAÞN is the g value of theA�th nucleus, and Î
ðAÞ

is the spin operator for the nuclear spin of the A�th nucleus. While the isotropic
Fermi contact term is frequently introduced as a separate operator, it arises
naturally as a boundary term in the partial integration of the singular operator in
Equation 3.24.

d) The nuclear–orbit interaction. The interaction of the nuclear spin with the
orbital angular momentum of the electrons leads to the following term in the
Hamiltonian:

ĤLI ¼ a

2
bN
X
A

gðAÞN

X
i

lAi Î
ðAÞ

r3iA
ð3:25Þ

e) The quadrupole coupling. The quadrupole coupling describes the interaction of
the electric field gradient (EFG) at a given nucleus with the quadrupole moment
of that nucleus (only present for nuclei with spin I> 1/2). The electronic quantity
of interest is the field gradient operator. The quadrupole interaction may be
written as an operator of the following form:

ĤQ ¼ e2
X
A;i

Q ðAÞ Î
ðAÞ

F̂
ðAÞðiÞ̂IðAÞ ð3:26Þ
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where Q(A) is the quadrupole moment of the A�th nucleus, e is the elementary
charge, and the field gradient operator is given by

F̂
ðAÞ
mn ðiÞ ¼

r2iAdmn 3riA;mriA;n
r5iA

ð3:27Þ

f) The electronic Zeeman interaction. The interaction of the electrons with a static
external magnetic field is described by

ĤLB ¼ a

2

X
i

Bðli þ geŝiÞ ð3:28Þ

From the fully relativistic treatment, there arises a �kinetic energy correction�
(relativistic mass correction) to the spin Zeeman energy that is given by

Ĥ
RMC
SB ¼ a3ge

2

X
i

r2
i Bsi ð3:29Þ

3.3.4
Linear Response Theory

The equations given in the above sections are important from a conceptual point of
view as they show most clearly the basic physics that is involved in SH parameters.
However, as a basis of actual calculations, they are unfortunately much less useful
owing to the presence of the second order terms. The evaluation of these terms
would require an infinite sum over excited many electron states. In practice, at most
a few dozen many electron states can be calculated. Although quite useful results
have been obtained with this approach, the convergence of the perturbation sum is
uncertain and can, in the general case, hardly be guaranteed. In the case of DFT, the
excited states cannot be obtained explicitly since the Hohenberg Kohn theorems
apply only to the electronic ground state. Hence, it is important to look for an
alternative definition of the various SH parameters. An approach of substantial
generality and elegance is provided by the so called linear response theory (LRT). In
our view, LRT is just one realization of a family of methods that are all formulated in
a similar spirit. If time does not explicitly occur in the equations (which is not
necessary for the formulation of EPR and NMR parameters), these methods can
also be called �analytic derivative approaches.� In the framework of HF and DFT
methods, they are known as �coupled perturbed self consistent field� (CP SCF)
methods and �double perturbation theory� (DPT), respectively. All these acronyms
stand for computational methods that provide identical results and it is a matter of
taste which framework one prefers. These methods have developed to high
sophistication in quantum chemistry and have been proven to be extremely useful
in many contexts, including geometry optimization and frequency calculations
(geometric derivatives), as well as in the precise prediction of many molecular
properties. In fact, the LRT approaches can be shown to implicitly involve an
untruncated sum over excited states of the system that are (implicitly) described at

72j 3 Calculation of Magnetic Tensors and EPR Spectra for Free Radicals in Different Environments



the same level of sophistication as the ground state. The key quantities of interest in
LRT are the derivatives of the (approximate) total ground state energy with respect
to external perturbation parameters l; k; . . ., where l and k may denote compo
nents of an external field or a nuclear magnetic moment of an electronic magnetic
moment. Formally, we could take the derivative of the perturbation sum and then
make the connection to the response formalism by it with the appropriate derivative
of the approximate total energy calculated with the theoretical method of choice.
Since all SH parameters are bilinear in external perturbations, the desired quantity
is the second partial derivative of the total energy.

In order to appreciate the general concepts that are involved, the linear response
equations for a self consistent field (SCF) ground state will be sketched below. This
description is appropriate if the state of interest is well described by a HF or DFT
single determinant. The ground state energy is written here as

E ¼ VNN þ
X
i

hii þ 1
2

X
i;j

ðiijjjÞ cHFðijjijÞþ cDFEXC r½ � ð3:30Þ

The parameters cHF and cDF are scaling parameters for the HF exchange energy
and the XC energy, respectively. Thus, HF theory corresponds to cHF ¼ 1; cDF ¼ 0,
�pure� DFT corresponds to cHF ¼ 0; cDF ¼ 1, while hybrid DFT methods choose
0 < cHF < 1. The energy has been written here in terms of the occupied orbitals
yiðxÞ. They are determined self consistently from the SCF (HF or KS) equations:

ĥþ
ð
rðx0Þ
jx x0j dx

0 cHF

X
i

K̂
ii þ cDF

dEXC½r�
drðxÞ

( )
yiðxÞ ¼ eiyiðxÞ ð3:31Þ

For illustrating the concepts, it is sufficient to consider the case where the basis
functions are chosen to be independent of the external perturbations. To include such
dependence (as is necessary, for example, for geometric or magnetic field perturba
tions) is straightforward, but would lead to more lengthy equations that are not of
interest for the purpose of this chapter. Since theMO coefficients c are determined in
a variational procedure, one has

qE
qcmi

qcmi
ql

¼ 0 ð3:32Þ

And, therefore, the first derivative of the energy with respect to a perturbation l is

qE
ql

����
l 0

¼
X
mn

Pmnhjmjĥjjnil ð3:33Þ

where

hjmjĥjjnil ¼ jm

qĥ
ql

�����
�����jn

* +
ð3:34Þ

if l is a one electron perturbation and if the basis functions are independent of l.
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Through an additional differentiation, the second partial derivative becomes

q2E
qlqk

����
l 0;k 0

¼
X
mn

Pmnhjmjĥjjnilk þ
X
mn

qPmn

qk
hjmjĥjjnil ð3:35Þ

This important equation contains two contributions: the first term is referred to as
a first order contribution since it depends only on the ground state density. The
second term is a second order contribution since it requires the knowledge of thefirst
derivative of the density matrix with respect to an external perturbation and the first
derivative of the Hamiltonian. These two terms substitute the two first and second
order terms in the perturbation sumdiscussed above. It remains to be shownhow the
perturbed density matrix can be calculated.

A simple approach will be followed for the calculation of the perturbed density
matrix. To this end, the perturbed orbitals y lð Þ

i � i lð Þ�� �
are calculated in terms of the

zeroth order orbitals y 0ð Þ
i � i 0ð Þ�� �

. Differentiation of the SCF equations yields

�
F̂
ð0Þ

e
ð0Þ
i

���i lð Þ�þ�F̂ðlÞ
e
ðlÞ
i

���ið0Þ� ¼ 0 ð3:36Þ

The perturbed orbitals iðlÞ
�� �

are expanded as��iðlÞ� ¼X
a

UðlÞ
ai

��að0Þ� ð3:37Þ

(here and below, the labels i, j, k, and l refer to occupied orbitals and a, b, c, and d to
unoccupied ones). The unitary matrixU has only occupied/virtual blocks in the case
that the basis functions do not depend on the perturbation. In order to determine the
unique elements of U, one uses the perturbed SCF equations:

X
b

UðvÞ
bi

�
að0Þ
��F̂ð0Þ

e
ð0Þ
i

��bð0Þ�þ �að0Þ��F̂ðlÞ
e
ðlÞ
i

��ið0Þ� ¼ 0 ð3:38Þ

¼ UðlÞ
ai

�
eð0Þa e

ð0Þ
i

	þhað0ÞjF̂ðlÞjið0Þi ¼ 0 ð3:39Þ

However, F̂
lð Þ
depends on the perturbed orbitals. Therefore, ones needs to take the

derivative of the SCF operator carefully.

F̂
ðlÞ ¼ ĥ

ðlÞ þ
ð
rðlÞðx0Þ
jx x0j cHF

X
jb

UðlÞ	
bj K̂

bjþUðlÞ
bj K̂

jb

þ cDF

ð ð
d2EXC½r�

drðxÞdrðx0Þr
ðlÞðx0Þdxdx0

¼ ĥ
ðlÞ þ

X
jb

UðlÞ	
bj Ĵ

bjþUðlÞ
bj Ĵ

jb
cHFU

ðlÞ	
bj K̂

bj
cHFU

ðlÞ
bj K̂

jb

þ cDF

ð
fxc½r�rðlÞðxÞdx
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¼ ĥ
ðlÞ þ

X
jb

UðlÞ	
bj Ĵ

bj
cHFK̂

bjþ cDF

ð
fxc½r�y 0ð Þ	

b ðxÞyð0Þ
j ðxÞdx

� 


þUðlÞ
bj Ĵ

jb
cHFK̂

jbþ cDF

ð
fxc½r�yð0Þ	

j ðxÞyð0Þ
b ðxÞdx

� 

ð3:40Þ

Here, the �XC kernel� fxc½r� has been defined as the second functional derivative
with respect to r and it has been tacitly assumed that for all functionals in use, this
yields a factor dðx x0Þ that reduces the double integral to a single integral. Taken
together, this results in the first order equations:

UðlÞ
ai

�
e
ð0Þ
a e

ð0Þ
i

	þ �að0Þ��ĥðlÞ��ið0Þ�
þ
X
jb

UðlÞ	
bj ½ðbjjaiÞ cHFðbajjiÞþ ðaijfxcjjbÞ�

þU lð Þ
bj ½ðjbjaiÞ cHFðjajbiÞþ ðaijfxcjjbÞ� ¼ 0

ð3:41Þ

At this point it is useful to distinguish two different types of perturbation: First, the
�electric field like perturbations� yield purely real hað0ÞjĥðlÞjið0Þi and, consequently,
purely real and symmetric U matrices. In this case, one has

AðEÞUðlÞ ¼ VðlÞ ð3:42Þ

with

AðEÞ
ia;jb ¼ dijdab

�
eð0Þa e

ð0Þ
i

	þ 2ðjbjiaÞþ 2cDFðaijfxcjjbÞ cHFfðbajjiÞþ ðjajbiÞg
ð3:43Þ

V ðlÞ
ai ¼ hað0ÞjĥðlÞjið0Þi ð3:44Þ

Note that the Amatrix (the �electric Hessian�) is independent of the nature of the
perturbation and that the U and V matrices have been written as vectors with a
compound index (ai).

Second, the �magnetic field like perturbations� yield purely Hermitian imaginary
hað0ÞjĥðlÞjið0Þi and, consequently, purely imaginary and Hermitian U matrices. This
leads to

AðMÞU ¼ VðlÞ ð3:45Þ

with

AðMÞ
ia;jb ¼ dijdab

�
eð0Þa e

ð0Þ
i

	þ cHFfðibjjaÞ ðbajijÞg ð3:46Þ

Thus, the magnetic field like perturbations yield much easier response (or
�coupled perturbed�) equations in which the contributions from any local potential
vanish. In fact, in the absence ofHFexchange, theAmatrix becomes diagonal and the
linear equation system is trivially solved. This then leads to a �sum over orbital� like
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equation for the second derivative, which resembles in someway a �sum over states�
equation. One should, however, carefully distinguish the sum over states picture
from linear response or analytic derivative techniques since they have a very different
origin. For the electric or magnetic field like perturbations in the presence of HF
exchange, one thus has to solve a linear equation system of the sizeN (occupied)�N
(virtual) that may amount to dimensions of several hundred thousand coefficients in
large scale applications. However, there are efficient iterative techniques to solve
such large equation systems without ever explicitly constructing the full A matrix.
Once the perturbed orbitals have been determined, the perturbed density is found
from

PðlÞ
mn ¼

X
i

UðlÞ	
ai cð0Þma c

ð0Þ
ni þUðlÞ

ai c
ð0Þ
mi c

ð0Þ
na ð3:47Þ

3.3.5
Linear Response Equations for Spin Hamiltonian Parameters

Using the results of the preceding sections, it is now possible to provide explicit
expressions for all SH parameters.

a) Zero-field splitting. The ZFS is the least well developed SH parameter in EPR
spectroscopy. It is also the most complicated one since the SS contribution is a
genuine two electron property. For this contribution, McWeeny and Mizuno
have shown [11]

DðSSÞ
kl ¼ g2e

16
a2

Sð2S 1Þ
X
mn

X
kt

fPa�b
mn Pa�b

kt Pa�b
mk Pa�b

nt ghmnjr�5
12 3r12;kr12;l dklr

2
12

� �jkti
ð3:48Þ

The integrals appearing in Equation 3.48 look complicated atfirst glance but are
readily calculated and owing to the factorization of the two particle spin density
matrix, Equation 3.48 can be implemented for the large scale application without
creating storage of computation time bottlenecks.
It is very interesting to look at the physical content of Equation 3.48 in a little

more detail. From the form of the operator and the appearance of the spin density
matrix, it is obvious that it describes the (traceless) direct electron electron
magnetic dipole dipole interaction between unpaired electrons. Such a term is
widely used in modeling the EPR spectra of interacting electron spins within the
�point dipole� approximation. Equation 3.48 consists of two parts. In analogy to
HF theory, the first part should be recognized as a �Coulomb� contribution, while
the second one as an �exchange� contribution. Thus, even the direct dipolar
spin spin interaction contains an exchange contribution that is of fundamentally
different origin than that of the �genuine� exchange interaction used in the
modeling of interacting spins. This point does not appear to bewidely recognized.
Nevertheless, assuming an exponential decay of the basis functions, it becomes
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evident that the exchange term is expected to fall off much more quickly with
interspin distance than the Coulomb contribution. The �distributed point dipole�
like equations can be recovered fromEquation 3.48 by (a) neglecting the exchange
contribution, (b) assuming that the spin density matrix is diagonal in the chosen
basis, and (c) �compressing� the basis functions to d functions centered at the
atomic positions. One then obtains

Dkl 
 g2e
16

a2

Sð2S 1Þ
X
AB

Pa�b
A Pa�b

B R�5
AB½3RAB;kRAB;l dklR

2
AB� ð3:49Þ

where A and B sum over nuclei and Pa�b
A ¼Pm2AP

a�b
mm is the �gross� spin

population on atom A. Equation 3.49 describes the interaction of point dipoles
centered at atomic positions where each atom pair is weighted by the product of
the spin populations that reside on this atom. Note that this gross atomic spin
population differs from the usual numbers that are predicted by Mulliken or
L€owdin analysis and that are part of the output of many electronic structure
programs since the latter contain terms that depend on the basis function
overlap while Pa�b

A does not. However, since the approximation leading to the
point dipole formula (Equation 3.49) has been rather crude, large additional
errors may not be expected if Mulliken or L€owdin spin populations are inserted
into Equation 3.49. If the distance between two spin carrying fragments is large
enough, it may even be possible to reduce Equation 3.49 to a single term where
RAB must then refer to an �effective� distance. We propose to calculate it as
follows: First the center of gravity of the spin density of fragments F1 and F2 are
defined as

RðF1Þ ¼
X
A2F1

Pa�b
A RA ð3:50Þ

RðF2Þ ¼
X
B2F2

Pa�b
B RB ð3:51Þ

And then replace the vector RAB in Equation 3.49 by R12 ¼ RðF1Þ RðF2Þ. The
barred quantity Pa�b

A refers to a normalized spin population such that the sumP
A2F1P

a�b
A ¼ 1. This appears to be a slightly more rigorous approach than the

commonly used approach in which the intercenter distance is fixed by subjective
plausible choices that may, however, differ between different workers. Note also
that the full g tensor does not enter the above equations.Wehave already criticized
the use of the g tensor in the point dipole approximations for the hyperfine
couplings [12] and a similar situation also applies to the case of the dipolar ZFS
tensor.
The SOC contribution to the ZFS involves the response of the orbitals to the

SOC. The formalism to achieve an analytic derivative formulation of this part of
the SH has been worked out recently by the present author and is somewhat
more involved than the analogous methodology for the g tensor [13]. Without
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going into much detail, the three contributions to the D tensor may be rewritten
as follows:

Dð0Þ
kl ¼ 1

4S2
X
mn

hmjhSOCk jni qP
ð0Þ
mn

qSð0Þl

ð3:52Þ

Dðþ 1Þ
kl ¼ 1

2ðSþ 1Þð2Sþ 1Þ
X
mn

hmjhSOCk jni qP
ð�1Þ
mn

qSð þ 1Þ
l

ð3:53Þ

Dð�1Þ
kl ¼ 1

2Sð2S 1Þ
X
mn

hmjhSOCk jni qP
ðþ 1Þ
mn

qSð�1Þ
l

ð3:54Þ

The components SðmÞ
l (m¼ 0, �1) are the vector operator components of the

total spin. The spin densities P(m) are the response densities with respect to a SOC
perturbation. They are calculated from a nonstandard set of coupled perturbed
equations analogous to the ones described above for the g tensor as

qPð0Þ
mn

qSð0Þl

¼
X
iaaa

Uð0Þ;l
aa ia

camic
a
na þ

X
ibab

Uð0Þ;l
ab ib

cbmic
b
na ð3:55Þ

qPðþ 1Þ
mn

qSð�1Þ
l

¼
X
iaab

Uð�1Þ;l
abia

camic
b
na

X
ibaa

Uð�1Þ;l
aaib

camac
b
ni ð3:56Þ

qPð�1Þ
mn

qSðþ 1Þ
l

¼
X
iaab

Uðþ 1Þ;l
ab ia

cbmac
a
ni þ

X
ibaa

Uðþ 1Þ;l
aaib

cbmic
a
na ð3:57Þ

With the U coefficients calculated from

m ¼ 0 :

�
eð0Þaa e

ð0Þ
ia

	
Ukð0Þ

aa ia
þ cHF

X
jaba

Ukð0Þ
ba ja

fðbaiajaajaÞ ðjaiajaabaÞg ¼ �
aajhSOCk jia

	
ð3:58Þ

�
eð0Þab

e
ð0Þ
ib

	
Ukð0Þ

ab ib
þ cHF

X
jbbb

Ukð0Þ
bb jb

fðbbibjabjbÞ ðjbibjabbbÞg ¼ �
abjhSOCk jib

	
ð3:59Þ

m ¼ þ 1 :

�
eð0Þaa e

ð0Þ
ib
ÞUkðþ 1Þ

aaib
þ cHF

X
jaba

Ukðþ 1Þ
bb ja

ðbbibjaajaÞ cHF

X
ba jb

Ukðþ 1Þ
bb ja

ðjbibjaabaÞ

¼ ðaajhSOCk jibÞ ð3:60Þ

78j 3 Calculation of Magnetic Tensors and EPR Spectra for Free Radicals in Different Environments



�
eð0Þab

e
ð0Þ
ia

	
Ukðþ 1Þ

abia
þ cHF

X
jbba

Ukðþ 1Þ
ba jb

ðbaiajabjbÞ

cHF

X
bb ja

Ukðþ 1Þ
bb ja

ðjaiajabbbÞ ¼ 0
ð3:61Þ

m ¼ 1 :

�
eð0Þab

e
ð0Þ
ia

	
Ukð�1Þ

abia
þ cHF

X
jbba

Ukð�1Þ
ba jb

ðbaiajabjbÞ

cHF

X
bb ja

Ukð�1Þ
bb ja

ðjaiajabbbÞ ¼
�
abjhSOCk jia

	 ð3:62Þ

�
eð0Þaa e

ð0Þ
ib

	
Ukð�1Þ

aa ib
þ cHF

X
jaba

Ukð�1Þ
bb ja

ðbbibjaajaÞ cHF

X
ba jb

Ukð�1Þ
bb ja

ðjbibjaabaÞ ¼ 0

ð3:63Þ

This formalism is the exact analogue of the ones used to compute the g tensor
and the SOC contribution to the HFC tensor and directly follows from the
general equations given above. It is available in the ORCA package and has been
shown to correct some deficiencies of earlier formulation of the ZFS tensor in
the DFT framework. Since the latter procedures are more commonly met in the
literature, they are briefly described. Pederson and Khanna have suggested the
equation [14]

DðSOCÞ
kl ¼ 1

4S2
X
ib;ab

�
y

b
i

��hSOCk

��yb
a

��
yb

a

��hSOCl

��yb
i

�
e
b
a e

b
i

1
4S2

X
ia;aa

�
ya

i

��hSOCk

��ya
a

��
ya

a

��hSOCl

��ya
i

�
eaa eai

þ 1
4S2

X
ia ;ab

�
ya

i

��hSOCk

��yb
a

��
yb

a

��hSOCl

��ya
i

�
e
b
a eai

þ 1
4S2

X
ib ;aa

�
ya

i

��hSOCk

��ya
a

��
ya

a

��hSOCl

��ya
i

�
eaa e

b
i

ð3:64Þ

which is valid in the case of DFT functionals that do not contain the HF
exchange (cHF¼ 0). It can be shown to be a special case of the more general
treatment outlined above if the prefactors in front of the individual terms in
Equation 3.64 are all set to 1/4S2. We had previously implemented this equation
and compared it to the following equation that had also been motivated from the
general equations:
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DðSOCÞ
kl ¼ 1

4S2
X
i;p
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��hSOCk

��yp
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e
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p e
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�
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�
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eaa e
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ð3:65Þ

In this equation, there enters a set of �quasi restricted� orbitals (QROs), which
are explained in detail in Ref. [13]. It may be appreciated that both formulations
involve the terms that are already apparent in the general treatment. Namely, the
first two terms correspond to the contributions from the spin conserving excita
tions, while the third and fourth term correspond to the contributions from the
excited states of lower and higher multiplicity than the ground state, respectively.
However, this QRO formalism is now superseded by the more general develop
ment in Equations 3.52 3.54.
g Tensor. The g tensor is well studied by now with many implementations and

applications available. One obtains the following expressions for the four con
tributions:

gkl ¼ gedkl þDgRMCdkl þDgGCkl þDgOZ=SOCkl ð3:66Þ

DgRMC ¼ a2

S

X
m;n

Pa�b
mn hjmjT̂ jjni ð3:67Þ

DgGCkl ¼ 1
2S

X
m;n

Pa�b
mn


jm

����X
A

jðrAÞðrAr rA;krlÞ
����jn

�
ð3:68Þ

DgðOZ=SOCÞkl ¼ 1
2S

X
mn

qPða�bÞ
mn

qBk

�
jmjẑSOMF

l jjn

� ð3:69Þ

Here T̂ is the kinetic energy operator. It is noted that the g tensor expressions
make, through the operators r in Equation 3.68 and l (implicit in Equation 3.69),
reference to the global origin of the coordinate system. This would seem to imply
the unphysical and unfortunate situation that the results of the computations
depend on the choice of origin. This is indeed so in g tensor calculations and
would only disappear in the basis set limit that is, in practice, never reached. The
way around this artifact is to employ magnetic field dependent basis functions
(gauge including atomic orbitals (GIAOs)). TheGIAOs are an elegant way to solve
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the gauge problem but require some additional computational effort. They have
been very successful in the prediction of NMRchemical shifts where it is essential
to remove the gauge dependence entirely. The alternative �independent gauge for
localized orbitals� (IGLO) that is also popular in chemical shift calculations is not
successful inEPRspectroscopy since the separate localization of spin up and spin
down orbitals introduces artifacts into the results. Fortunately, the gauge problem
in EPR spectroscopy is not large and one obtainsmeaningful results even if slight
origin dependence persists. In order to make results comparable, a reasonable
choice of origin is still required and is conveniently provided by the center of
electronic charge. The errormade by this approximation ismuch smaller than the
other remaining errors due to the functional, the basis set, and the molecular
model or the treatment of environmental effects.

b) Hyperfine coupling. One finds for the three parts of the HFC the following
expressions:

AðA;cÞ
kl ¼ dkl

8p
3
PA

2S
ra�bðRAÞ ð3:70Þ

AðA;dÞ
kl ¼ PA

2S

X
mn

Pa�b
mn

�
jm

��r�5
A

�
r2Adkl 3rA;krA;l

	��jn

� ð3:71Þ

AðA;SOÞ
kl ¼ PA

S

X
mn

qPa�b
mn

qÎ
ðAÞ
k

�
jm

��zSOMF
l

��jn

� ð3:72Þ

with PA ¼ gegNbebN. Thus, the first two terms are straightforward expectation
values, while the SOC contribution is a response property. In this case, one has to
solve a set of coupled perturbed equations with the nucleus orbit interaction
taken as the perturbing operator. Since the solution of the coupled perturbed
equations becomes time consuming for larger molecules, this should only be
done for a few selected heavier nuclei. For light nuclei, the SOC correction is
usually negligible.

c) Electric field gradient. The EFG tensor is straightforwardly calculated from

V ðAÞ
mn ¼

X
k;t

Pkthwkjr�5
A ðr2Admn 3rA;mrA;nÞjwti ð3:73Þ

Once available, the EFG tensor can be diagonalized. The numerically largest
element Vmax (in atomic units) defines the value of q that is in turn used to
calculate the quadrupole splitting parameter as e2qQ ¼ 235:28VmaxQ , whereQ is
the quadrupole moment of the nucleus in barn. Transformed to its eigensystem,
the quadrupole splitting enters the SH in the following form:

ĤQ ¼ ÎQÎ ¼ e2qQ
4Ið2I 1Þ Î

1 gð Þ 0 0
0 1þ gð Þ 0
0 0 2

0
@

1
AÎ ð3:74Þ
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The asymmetry parameter g is defined as

g ¼ jVmid Vminj
Vmax

ð3:75Þ

It is to be noted that this is the only term that involves the total electron density
rather than the spin density. The field gradient tensor is consequently of a nature
quite different from the hyperfine coupling that depends on the same dipolar
interaction integrals, but in the case of the HFC they are contracted with the spin
density instead of the electron density.
It is important to realize that the equations of this section are not only valid in

the case of a SCFground state description but are also ofmuchwider applicability.
In the case of correlated ab initiomethods, the equations to be solved in order to
determine the effective density and its response merely become much more
complicated than the relatively simple CP SCF equations sketched above. The
general line of thought is, however, identical and merely the �mechanics� of the
calculation become more involved.

3.3.6
Computational Aspects: Functionals and Basis Sets

The introduction of methods rooted into the density functional theory represents a
turning point for the calculations of spin dependent properties [15]. Before DFT, QM
calculations of magnetic tensors were either prohibitively expensive for medium
sized radicals [16] or not sufficiently reliable for predictive and interpretative
purposes. Today, the last generation functionals coupled to purposely tailored basis
sets allow to compute magnetic tensors in remarkable agreement with their
experimental counterparts [17, 18]: computed data can take into proper account
both average environmental effects and short time dynamical contributions, for
example, vibrational averaging from intramolecular vibrations and/or solvent libra
tions [19 21], therefore providing a set of tailored parameters that can be confidently
used for further calculations. On the basis of recent studies, the combination of the
new basis set (N07D) [22 24] with PBE0 [25] and B3LYP [26] functionals seems to be
the best choice for the calculation of several properties: geometrical parameters,
dipole moments, and magnetic properties (hyperfine coupling constants and
g tensors). The N07D is a new polarized split valence basis set for the second and
third row atoms, which add a reduced number of polarization and diffuse functions
to the 6 31G set, leading to an optimum compromise between reliability and
computer time.

Hydrogen atoms (Table 3.1) require some specific considerations in view of the
lack of inner shells and the overwhelming role of small hcc�s in an unbiased statistics.
In general, all DFTmethods yield AH values close to the experimental ones, and the
best results are consistently delivered by the N07D basis set.

The performances of different basis sets for a large set of radicals containing
second and third row atoms [22 24] are compared in Figure 3.1. The N07D results
for all atoms are much better than those delivered by other (even significantly larger)
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basis sets both in terms ofMADs and closeness of the slope of the linear regression to
the theoretical value of 1.0.

TheN07Dbasis set has also been assessed by comparisonwith EPR III basis set for
the g tensors. The comparison with experimental results shown in Table 3.2 points

Table 3.1 Data analysis for hydrogen nuclei obtained with B3LYP functional.

6-31G(d) EPR-II EPR-III NO7D Experimental

Hydrogen: N 29
MAD 2.1 1.8 1.9 1.8
Max Abs. Err. 11.3 6.0 6.0 9.0
Average E% 25.3% 25.4% 25.4% 25.9%
Max E% 113.1% 108.4% 104.6% 113.9%
R2 0.9946 0.9938 0.9934 0.9943
Intercept 1.4936 0.8670 0.5675 1.0527
Slope 0.9097 0.9666 0.9691 0.9051
Max 121.5 128.2 128.7 120.0 132.7
Min 0.1 0.1 0.1 0.1 1.8

MAD (mean absolute deviation in Gauss)¼S |Acalc Aexp|/N; E%(percent error)¼ |Acalc Axp|/Aexp.
The structures of the selected radicals are in Ref. [23].
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Figure 3.1 MAD (mean absolute deviation in Gauss) S |Acalc Aexp|/N(total nuclei) for the second
and third row nuclei. The structures of the selected radicals and all statistical data are in Ref. [23].
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out the accuracy of the computational approach that seems very promising for
quantitative studies of the large systems.

3.4
Stereoelectronic, Environmental, and Dynamical Effects

In the following, we will make explicit reference only to organic free radicals so that
only one unpaired electronwill be considered and relativistic effects can be neglected.
As a consequence, wewill consider only hyperfine and gyromagnetic tensors without
spin orbit contributions.

3.4.1
Structures and Magnetic Parameters

Themagnetic properties of a radical are tuned by smallmodifications of its geometry.
Indeed, small geometry changes can be interpreted in terms of shape of the SOMO
(single occupied molecular orbital), the orbital that directly affects the hyperfine
coupling constants. For example, the deviation from planarity is the most influential
geometric effect for p like radicals (e.g., the methyl radical); the bond distance
between specific pair of atoms in the radical is another one. In fact, the variation of the
bond distance contributing to the p system can modify the shape of the SOMO and
thus the magnetic properties. In the same way, in a s radical (vinyl), the distance
between two atoms modifies the localization of the SOMO.

As an illustration of the effect of the geometry changes on the EPR parameters (A
and g tensors), we have selected the class of nitroxide derivatives. In this case, there
are two critical geometrical parameters of the molecular backbone, namely, the
improper dihedral angle corresponding to the out of plane motion of the NOmoiety
and the nitroxide bond length. In order to gain further insight into the dependence of
different molecular properties on these parameters, we have performed a molecular

Table 3.2 Data analysis for structures with second row atoms.

PBE0a) B3LYPa) PBE0/N07D B3LYP/N07D Experimental

60 Moleculesb)

MAD 0.0006 0.0006 0.0005 0.0005
Max Abs. Err. 0.0050 0.0050 0.0044 0.0048
R2 0.7303 0.7447 0.7403 0.7505
Intercept 0.1046 0.0440 0.2439 0.1470
Slope 0.9478 0.9781 0.8782 0.9266
Max 2.0091 2.0091 2.0085 2.0089 2.0093
Min 1.9993 1.9993 1.9995 1.9994 2.0000

MAD (mean absolute deviation in Gauss)¼S |gcalc gexp|/N|.
a) Single-point EPR-III calculations on geometries optimized the PBE0/N07D level.
b) The selected radicals are in Ref. [24].
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dynamics run for proxyl (2 in Figure 3.2) in the gas phase and computed themagnetic
parameters for a significant number of snapshots [15].

As shown in Figure 3.3, the isotropic g tensor shift (Dgiso) is almost linearly
dependent on theNO bond length, whereas it does not display any regular trendwith
respect to out of plane motion.

In summary, a good geometry is necessary to evaluate in the right way different
effects, for example, the direct and spin polarization contributions to the hyperfine
coupling constant. In this connection, the performance of theN07Dbasis set coupled
with PBE0 and B3LYP functionals is comparable to those of much larger basis sets
with increased computational efficiency.

While structural parameters are generally satisfactory, irrespective of the presence
of diffuse functions on O, F, and Cl atoms, dipole moments are significantly
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Figure 3.2 Structures of dtbn, proxyl, and tempo radicals.

Figure 3.3 Computed hyperfine coupling constants (Gauss) and isotropic g tensor (ppm) shift
along Car Parrinello molecular dynamic trajectory of proxyl in the gas phase.
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improved by the addition of diffuse polarization functions, reaching quantitative
agreement with experiment. Thus, the range of application of the B3LYP/N07D
model is significantly enlarged by addition of diffuse polarization functions on
electronegative atoms. As an illustration, we report in Figure 3.4 some significant
parameters of vinyl and phenyl radicals.

It is quite apparent that B3LYP/N07D results are in remarkable agreementwith the
highly accurate computational studies at CCSD(T) [27, 28] and multireference [25]
levels with extended basis sets. For C C bond lengths, maximum deviations do not
exceed 0.01A

�
, and inmany cases are as small as 0.002A

�
. For C Hbond lengths, even

better agreement has been found with a maximum discrepancy of 0.05A
�
. The same

stands for angles that are predicted by B3LYP/N07Dmodel with accuracy of 2�. These
findings are particularly encouraging having in mind larger systems for which
expensive coupled cluster studies are still unfeasible.

3.4.2
Environmental Effects

Themost promising general approach to the problemof environmental (e.g., solvent)
effects can be based on a system bath decomposition. The system includes the part of

Figure 3.4 Geometrical parameters for vinyl and phenyl radicals (bond in Angstrom and angles in
degrees) calculated at B3LYP/N07D and CCSD(T) theory levels.
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the solute where the essential of the process to be investigated is localized together
with, possibly, the few solventmolecules strongly (and specifically) interactingwith it.
This part is treated at the electronic level of resolution and is immersed in a
polarizable continuum, mimicking the macroscopic properties of the solvent. The
solution process can then be dissected into the creation of a cavity in the solute
(spending energyEcav) and the successive switching on of dispersion repulsion (with
energy Edis–rep) and electrostatic (with energy Eel) interactions with surrounding
solvent molecules.

The so called polarizable continuummodel (PCM) [29] offers a unified and sound
framework for the evaluation of all these contributions both for isotropic and
anisotropic solutions. In the PCM, the solute molecule (possibly supplemented by
some strongly bound solvent molecules to include short range effects like hydrogen
bonds) is embedded in a cavity formed by the envelope of spheres centered on the
solute atoms. The procedures to assign the atomic radii [30] and to form the cavity
have been described in detail together with effective classical approaches for
evaluating Ecav and Edis–rep [31]. Here we recall that the cavity surface is finely
subdivided into small tiles (tesserae) and that the solvent reaction field determining
the electrostatic contribution is described in terms of apparent point charges
appearing in tesserae and self consistently adjusted with the solute electron densi
ty [32]. The solvation charges (q) depend, in turn, on the electrostatic potential (V) on
tesserae through a geometrical matrix Q (q¼QV) related to the position and size of
the surface tesserae, so that the free energy in solution G can be written:

G ¼ E r½ � þVNN þ 1
2
V�QV ð3:76Þ

where E[r] is the free solute energy, but with the electron density polarized by the
solvent, and VNN is the repulsion between the solute nuclei. The core of the model is
then the definition of the Q matrix, which in the most recent implementations of
PCM depends only on the electrostatic potentials, takes into the proper account the
part of the solute electron density outside the molecular cavity, and allows the
treatment of conventional, isotropic solutions, ionic strengths, and anisotropicmedia
like liquid crystals. Furthermore, the analytical first and second derivatives with
respect to geometrical, electric, and magnetic parameters have been coded, thus
giving access to proper evaluation of structural, thermodynamic, kinetic, and
spectroscopic solvent shifts.

Solvent can affect the electronic structure of the solute and, hence, its magnetic
properties either directly (e.g., favoring more polar resonance forms) or indirectly
through geometry changes. Furthermore, it can influence the dynamical behavior of
the molecule: for example, viscous and/or oriented solvents (such as liquid crystals)
can strongly dump the rotational and vibrationalmotions of the radical. Static aspects
will be treated in the following, whereas the last one will be tackled in the section
devoted to all the dynamical effects.

As an example, we illustrate the role of solvent effects on the EPR parameters of
2,2,6,6 tetramethylpiperidine N oxyl tempo (3 in Figure 3.2). The nitrogen isotropic
hyperfine coupling constant (AN) is tuned by the polarity of themedium in which the
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nitroxide is embedded, as well as by the formation of specific hydrogen bonds to the
oxygen radical center. Both factors contribute to a selective stabilization of the charge
separated resonance form of the NO functional group (Figure 3.5) with a consequent
increase of AN. Indeed, form b entails a larger spin density on nitrogen, which has a
smaller spin orbit coupling constant than oxygen.

The continuum solvent models (PCM) reproduce satisfactorily solvent effects on
the AN parameter only for aprotic solvents (bulk effects) [33], whereas there is a
noticeable underestimation of solvent shifts for protic solvents (methanol andwater),
as showed inFigure 3.6. In thesemedia, specific solute solvent interactions also have
to be taken into account [34].

In other words, since for solvents withH bonding ability (methanol and water) the
AN of the nitroxide radical is shifted to higher values due to the influence of one or
more hydrogen bonds between the solute and the solvent, it becomes necessary to
build a model in which nonspecific effects are described in terms of continuum
polarizable medium with a dielectric constant typical of the protic solvent under
study, whereas specific effects are taken into account through an explicit hydrogen
bonded complex between radical and some solvent molecules. Figure 3.7 reports the
AN values for the complexes formed by tempo with methanol, and water measured
experimentally at room temperature, and computed in the gas phase and in solution.
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Figure 3.5 Main resonance structures of nitroxide radicals.
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It is quite apparent that the values computed in solution fit well the experimental
data.

From amore general perspective, the example at hand highlights a situation when
PCM alone is unable to fully account for the solvent effects on spectroscopic
properties (e.g., the AN values in solution computed with PCM are 15.75 and
15.80 Gauss versus experimental values of 16.15 and 16.91 Gauss for methanol
and water, respectively): this is typically related to the presence of strong, specific H
bond interactions. As shown in Figure 3.7, the inclusion of specific hydrogen bond
effects results in a further increase of the computedAN values, with final results close
to their experimental counterparts (16.15 and 16.51 Gauss).

The accuracy of the cluster/PCM approach is so high that the computed EPR
properties provide valuable indirect information on the nature of the H bond
network around the NO group. In the case of water, computed results in good
agreementwith experiment are obtained onlywhen two explicit solventmoleculesH
bonded to the nitroxyl moiety are introduced; in contrast, a single explicit solvent
molecule is required for alcohols.

The same approach is able to reproduce the lowering of the isotropic g value
observed experimentallywhen going fromnonprotic to protic solvents in terms of the
reduced spin density on the oxygen atom: as a matter of fact, formation of
intermolecular hydrogen bonds leads to a transfer of spin density from the oxygen
to the nitrogen atom.

3.4.3
Short-Time Dynamical Effects

In the framework of the Born Oppenheimer approximation, we can speak of a
potential energy surface (PES) and of a �property surface� (PS),which can beobtained
from quantummechanical computations at different nuclear configurations. In this

Figure 3.7 Computed and corresponding experimental AN values (in Gauss) for the
tempo alcohol complexes in gas and in condensed phase. See text for details.
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scheme, expectation values of observables (e.g., isotropic hcc�s) are obtained by
averaging the different properties on the nuclear wavefunctions. Semirigid mole
cules are well described in terms of a harmonic model, but a second order pertur
bative inclusion of principal anharmonicities provides much improved results at a
reasonable cost [35]. In perturbative model, the vibrational

En ¼ j0 þSivi ni þ 1
2

� �
þSiSj<ijij ni þ 1

2

� �
nj þ 1

2

� �
ð3:77Þ

wherev are the harmonic wave numbers and j are the simple functions of third (Fijk)
and semidiagonal fourth (Fiijj) energy derivatives with respect to normal modes
Q [33]. Next, the fundamental vibrational frequencies (ni) and the zero point
vibrational energy (E0) are given by

ni ¼ vi þ 2ji þ
1
2
Sj 6 ijij ð3:78Þ

E0 ¼ j0 þ
1
2
Si vi þ 1

2
jii þSj>i

1
2
jij

� �
ð3:79Þ

At the same level, the vibrationally averaged value of a property V is given by

hVin ¼ Ve þSiAi ni þ 1
2

� �
ð3:80Þ

where Ve is the value at the equilibrium geometry and

AI ¼ bii
vi

Sj
ajFiij

viv
2
j

 !
ð3:81Þ

whereai and bii are the first and second derivatives of the property with respect to the
ith normal mode. The first term on the rhs of Equation 3.81 will be referred to in the
following as harmonic and the secondone as anharmonic. Also, in this case,methods
rooted in the density functional theory perform well provided that numerical
problems are properly taken into account [36].

Here we just discuss vibrational averaging effects related to inversion at the radical
center of typical p (methyl) and s (vinyl) radicals.

The results shown in Figure 3.8 for vinyl radical point out the effect of harmonic
and anharmonic terms in Equation 3.81 on the final results. The harmonic
contribution is the most important (although anharmonic terms are not negligible)
except for Ha and, especially, Ca. As a matter of fact, for this latter atom, there is a
nearly exact compensation between harmonic contributions by in plane and out of
plane bendings, which have opposite signs. On the other hand, anharmonic terms
are particularly large for Ca and Ha since they are not negligible for in plane
bending at the radical center, whereas they vanish (due to symmetry) for out of
plane bendings.

Themethyl radical has a planar equilibrium structure with a low frequency out of
plane motion. The behavior of hcc�s as a function of the out of plane angle (q) is the
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following: AC is always positive and increases with q due to the progressive
contribution of carbon s orbitals to the SOMO. The effect is similar for AH, but
since AH is negative for the planar structure (due to spin polarization), the absolute
value ofAH decreases up to q¼ 10� and then increases due to the direct contribution.
The ground vibrational function is peaked at the planar structure. Vibrational
averaging then changes the coupling constant toward values that would have been
obtained for pyramidal structures in a static description. The wavefunction of the
ground vibrational state being symmetrically spread around the planar reference
configuration introduces contributions of pyramidal configurations. The effect is
evenmore pronounced in thefirst excited vibrational state, whosewavefunction has a
node at the planar structure and is more delocalized than the fundamental one, thus
giving increased weight to pyramidal structures.

As a first approximation, the vibrationally averaged value of a property can be
written as

hVi ¼ Vref þ qV
qs

� �
ref
hsiþ 1

2
q2V
qs2

� �
ref
hs2i ð3:82Þ

For the planar reference structures, the linear term is absent for symmetry reasons
and the key role is played by mean square amplitudes, which, however, can be quite
large and badly described at the harmonic level. From a quantitative point of view,
vibrational averaging changes the equilibrium value of AH by about 2 G (10%) and
that of AC by about 10 G (30%): thus, quantitative (and even semiquantitative)
agreement with experiment cannot be obtained by static models, irrespective of the
quality of the electronic model.
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PBE0/N07D computations are compared to experimental results.
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The low frequency motions of vinyl radical correspond to out of plane vibrations
(wagging and torsion) and in plane inversion at the radical center. The out of plane
motions have the same effect as the methyl inversion, albeit with a significantly
smaller strength. On the other hand, in plane inversion is characterized by a double
well potential with a significant barrier. Vibrational averaging now acts in an opposite
direction, bringing the coupling constants to values that would have been obtained
for less bent structures in a static description. The ground state vibrational wave
function is more localized inside the potential well, even under the barrier, than
outside. So it introducesmore contributions of �nearly linear� structures. Vibrational
effects, while still operative, are less apparent in this case since high energy barriers
imply high vibrational frequencies with the consequent negligible population of
excited vibrational states and smaller displacements around the equilibrium posi
tions. Unless Boltzmann averaging gives significant weight to states above the
barrier, this kind of vibration is effectively governed by a single well potential
unsymmetrically rising on the two sides of the reference configuration. Now qV/qs
and hsi do not vanish and usually have opposite signs, thus counterbalancing the
positive harmonic term. The resulting correction toVe is small and can be treated by
perturbative methods. The other large amplitude motions that have a significant
effect onhcc�s are internal rotations.However, inmost cases, these can be treated by a
simple average of the hcc�s of different substituents.

Large amplitude motions and solvent librations cannot be described by the
perturbative approach sketched above, but a classical treatment is usually sufficient.
Then, the computational strategy involves two independent steps: first, MD simula
tions are run for sampling with one or more trajectories the general features of the
solute solvent configurational space; then, observables are computed exploiting the
discrete/continuum approach for supramolecular clusters,made of the solute and its
closest solvent molecules, as averages over a suitable number of snapshots. It is
customary to carry out the same steps also for the molecule in the gas phase just to
have a comparison term for quantifying solvent effects. The a posteriori calculation of
spectroscopic properties, compared to other on the fly approaches, allows us to
exploit different electronic structure methods for the MD simulations and the
calculation of physical chemical properties. In this way, a more accurate treatment
for the more demanding molecular parameters, of both first (hyperfine coupling
constants) and second (electronic g tensor shifts) orders, could be achieved inde
pendent of structural samplingmethods: first principles, semiempirical force fields,
as well as combined quantummechanics/molecularmechanics approaches could be
all exploited to the same extent once the accuracy in reproducing reliable structures
and statistics is proven.

The extension of the discrete/continuum model described above to dynamical
treatment has been recently formulated and validated [37]. In the framework of
formally monoelectronic QM methods (e.g., Hartree Fock or Kohn Sham model),
if EQM/MM(P0, x) is the QM/MM (molecular mechanics) gas phase energy of the
explicit system expressed as a function of the nuclear coordinates, x, and the
unpolarized (no solvent effects) one electron density matrix, P0, then the solvation
free energy,DAsol(x), at a specificmolecular configuration canbewritten as the sumof
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the internal energy plus the so called �mean field� (or potential of mean force)
contribution that accounts for the interactions with the environment (solvent) minus
the gas phase energy:

DAsolðxÞ ¼ ðEQM=MMðP; xÞþWðP; xÞÞ EQM=MMðP0; xÞ ð3:83Þ

whereDAsol(x) is the free energy of the system at a givenmolecular configuration and
W(P,x) is themeanfield term.Note thatP is explicitly present in thefirst two termson
the rhs to remark that they are mutually polarized, that is, the mean field response is
always considered at equilibrium and the electronic charge distribution is deter
mined by a self consistent calculations. In particular, we have integrated the mean
field contributions as a modification of the ONIOM scheme for the isolated systems.
Themean fieldW is the potential experienced by the explicitly treated molecules in a
given configuration {x} due to the average interactions with the environment. A
number of discrete/continuum models have been proposed in the literature that
differ in the wayW is approximated. Here, according to the Ben Naim�s definition of
the solvation process, we can conveniently assume that the mean field potential is
composed of conceptually simple terms: a long range electrostatic contribution, due
to the linear response of the polarizable dielectric continuum, and a short range
dispersion repulsion contribution, which accounts effectively for the interactions in
proximity to the cavity boundary, W¼Welec þ Wdisp–rep. In the following, we
describe the essential features of the GLOB model, a sophisticated and integrated
method recently developed in our group that allows studying efficiently the solvent
effects on generic solute molecules along with a few explicit solvent molecules and
using different levels of theory, from computationally inexpensive, but less accurate,
MM methods to more realistic hybrid QM/MM or full QM methods.

According to the GLOBmodel, the explicit system (solute þ solvent) is embedded
into a suitable cavity of a dielectric continuum possibly with a regular and smooth
shape, such as a sphere, an ellipsoid, or a spherocylinder. In combination with
molecular dynamics techniques, such a cavity could be kept fixed, corresponding to
NVTensemble conditions, or allowed to change volume, according to NPTensemble
simulations (see below). The long range electrostatic interactions between the
system and the dielectric continuum are modeled by means of the conductor like
polarizable continuummodel (CPCM) [30b]. The continuummedium,whichmimics
the response of liquid bulk, is completely specified by a few parameters, for example,
the dielectric permittivity (er), and does depend on the nature of the solvent and the
physical conditions, such as density and temperature. To be specific, the reaction
field WRF, that is, the electrostatic potential due to the induced polarization of the
dielectric, is described in terms of apparent surface charges (q) centered on small
tiles, called tesserae, which are the results of a fine subdivision of the cavity surface
into triangular area elements of about equal size, and computed by a self consistent
calculation with respect to the solute electronic density. The computation of q
requires the solution of a system of Ntes linear equations, with Ntes being the
number of tesserae:

D � q ¼ WI ð3:84Þ
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where q is the array of the �apparent surface charges,� WI is the electrostatic
potential evaluated at the center of each tessera due only to the charge distribution
of the system, andD is amatrix that depends only on the surface topology and on the
dielectric constant.

Hence, for a given molecular configuration of the explicit system, x, q
are determined from Equation 3.84 and the corresponding free energy, Welec, is
given by

Welec ¼ 1
2
WþW�1W ð3:85Þ

The dispersion repulsion contribution Wdisp–rep, which is related to the short
range solvent (explicit) solvent (implicit) interactions, has been introduced to
remove any possible source of physical anisotropy in proximity to the cavity surface,
that is, deviation from bulk behavior. According to the several other methodologies
developed in the framework of QM continuum models, we have also treated
Wdisp–rep as a classical mean force potential not perturbing the system electronic
density. In particular, Wdisp–rep is obtained from an effective empirical procedure
parameterized on structural and thermodynamic properties. Briefly, we have as
sumed that Wdisp–rep can be represented by an effective potential acting on each
explicit solvent molecule irrespective of the others, depending only on the molecule
distance and, possibly orientation, with respect to the cavity surface. Further,
Wdisp–rep is expanded in a series of terms corresponding to increasing levels of
approximation, as

Wdisp�rep ¼ W0
disp�rep þW1

disp�rep þ � � � ð3:86Þ

As an example, the first termW0
disp�rep, which depends only on the distance of the

center of mass of the solvent molecule from the cavity surface, does ensure an
isotropic density distribution of the liquid at the interface with the continuum, thus
avoiding artifacts in the simulations due to the presence of a physical boundary as
observed in other continuum basedmethodologies. Analogously, higher order terms
are introduced, if needed, to prevent other possible physical deviations from liquid
bulk as the solvent polarization effect that may appear by using discrete/continuum
models. Hence, Wdisp–rep can be expressed in a simple general form as

Wdisp�rep ¼ SilðriÞ ð3:87Þ

where l(ri) is the potential acting on the ithmolecule and the sum is extended over the
total number of explicit solvent molecules. The basic idea that has been followed to
derive the dispersion repulsion free energy term consists in building up such a
potential �on the fly� from a test simulation of a neat liquid by discretizing the
distance from the cavity boundary with a set of equally spaced Gaussian functions,
whose heights are adjusted after a certain time interval on the basis of the local
density. It is worth noting that the so obtained Wdisp–rep term is parametrized for a
given solvent at specific physical conditions (e.g., density and temperature), but we
can reasonably assume that it is constant for any solution of the same solvent
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irrespective of the cavity size and shape, provided that the boundary surface is smooth
and the number of explicit solvent molecules sufficiently large.

For purposes of illustration, we consider a prototypical nitroxide spin probe
molecule di tert butyl nitroxide (dtbn in Figure 3.2) analyzing the first principle MD
simulations in aqueous solution and, for comparison, in the gas phase. The results
can be summarized in three main points: the effect of the solvent on the internal
dynamics of the solute, the very flexible structure of the dtbn water H bonding
network, and the rationalization of the solvent effects on the magnetic parameters.
Magnetic parameters are quite sensitive to the configuration of the nitroxide
backbone, and in the particular case of dtbn [38, 39], the out of plane motion of the
nitroxide moiety is strongly affected by the solvent medium. While the average
structure in the gas phase is pyramidal, the behavior of dtbn in solution presents a
maximum probability of finding a planar configuration: this does not mean that the
minimum in solution is planar, but that there is a significant flattening of the
potential energy governing the out of plane motion and that the solute undergoes
repeatedly an interconversion among pyramidal positions. The vibrational averaging
effects of this large amplitude internal motion have been taken into account by
computing the EPR parameters along the trajectories. The H bonding network
embedding the nitroxide moiety in aqueous solution presents a very interesting
result: the dynamics of the system points out the presence of a variable number of H
bonds, from zero to two, with the highest probability of only one genuine H bond.
Such a feature of the dtbn water interaction is actually system dependent, the high
flexibility of the NOmoiety and the steric repulsion of the tert butyl groups decrease
the energetically accessible space around the nitroxide oxygen.

As a matter of fact, simulations carried out in the same conditions and with the
same level of theory, for a more rigid five ring nitroxide (proxyl in Figure 3.2), in
aqueous solution provided a different picture with an average of two nitroxide water
H bonds. In this case, the substituents embedding the NOmoiety are constrained in
a configuration wheremethyl groups are never close to the nitroxide oxygen, and also
the backbone of the nitroxide presents an average value of the CNCangle that is lower
than in the case of the dtbn, thus evidencing a better exposition of the NOmoiety to
the solvent molecules in the case of the proxyl radical. Nevertheless, the behavior of
the closed ring nitroxide in water could not be generalized to all the protic solvents: a
similar simulation of the proxylmolecule inmethanol solutions presents, on average,
only one genuine solute solvent H bond, possibly because the more crammed H
bonded methanol molecule prevents an easy access to the NO moiety for other
solventmolecules. TheH bonding picture arising from these simulations is depicted
in Figure 3.9. Once again the reliable description of solvent dynamics plays a crucial
role for an accurate prediction of spectroscopic data. Eventually, the discrete conti
nuum approach allowed the decoupling of the different contributions and also the
quantification of their effect on each of the molecular parameters: the H bonding
interaction and the dielectric contribution of the solvent.

Comparison between experimental and computed EPR properties of
�nonconjugated� nitroxides has been the subject of several studies; on the other
hand, comparativelymuch lesswork has been devoted to the corresponding aromatic
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systems. This is quite surprising in view of the remarkable thermal and chemical
stability of aromatic nitroxides, in which the NO spin density is delocalized over the
aromatic ring system. These radicals are studied in several fields, as potential DNA
intercalators, in the polymers to protect thematerial by retarding oxidative damage as
well as generating fluorescent indicator for the degree of degradation to which the
material has been exposed, in the synthesis of aromatic polyradical, or as the building
block for the organic magnetic materials.

The performances of QM methods validated for several classes of organic free
radicals proved till now quite disappointing for aromatic nitroxides. This prompted
us to hypothesize that other effects (in particular, vibrational averaging) could play a
significant role in determining some EPR parameters (especially the nitrogen
isotropic hyperfine coupling). We have thus undertaken a systematic study of 1,2
dihydro 2methyl 2 phenyl 3H indole 3 oxo N oxyl molecule, hereafter referred to as
INDCO (Figure 3.10) [40, 41], a radical often used in organic synthesis in which a
flexible five ring nitroxide is conjugated with an aromatic system responsible for the
spin delocalization. Therefore, accurate results for such a system demands for the
correct evaluation of both factors (flexibility and delocalization), issuing from well
defined physical chemical effects and not by simple parameter optimization.

Let us start from static computations at optimized geometries. The INDCO
nitroxide with R stereochemical configuration is constituted by three rings, labeled
A, B1, and B2, respectively. The A ring is a cyclic five member nitroxide, whereas B1
and B2 are aromatic systems. Geometry optimization (PBE0/N07D) of INDCO gives
an almost flat structure, characterized by an improper CNOC angle of 176.6� and a

Figure 3.9 Average number of solute solvent hydrogen bonds.
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Figure 3.10 Structure of INDCO.
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nitrogen isotropic hyperfine coupling constant (AN) of 7.90Gauss. In order to analyze
the role of delocalization and other stereoelectronic effects, we have analyzed several
substructures of INDCO: (1) the ring A with planar and pyramidal nitrogen; (2) the
ring A supplemented by ring B1 or B2; (3) the abovemoieties in whichmethyl groups
are replaced by hydrogen atoms. The results collected in Figure 3.11 show that two
effects play a dominant role: out of plane deformation of the nitrogen environment
shifts the AN value by 2.85 Gauss (10.44 and 13.29 G for planar and pyramidal
structures of ring A, respectively) and the presence of the ring B1 shifts AN by 2.67
Gauss (10.44 versus 7.77 G for A and AB1 moieties, respectively).

The computed AN for the planar conformation of INDCO is lower than the value
obtained for the pyramidal structure because a nearly planar environment of nitrogen
leads to the lack of any contribution of nitrogen s orbitals to the SOMO with the
consequent strong reduction of AN. The second trend points out that the conjugated
aromatic ring is responsible for a significant spin delocalization, with the resulting
decrease of the hyperfine coupling constant. Indeed, the second aromatic ring that is
not conjugated with A does not have significant effects (0.05 Gauss). The effect of the
methyl groups close to the NOmoiety is negligible (for ring A, 10.26 versus 10.52 G
with four H and four CH3, respectively).

Themagnetic parameters of INDCOcollected in Figure 3.12 show a fair agreement
with experiment concerning hydrogen atoms and point out the role of delocalization
in determining the nitrogen hyperfine coupling in aromatic nitroxides, whose final
value is, however, lower than its experimental counterpart by more than 1G.

In order to take vibrational averaging effects into the proper account, we then
resorted to a classical treatment. The analysis of the classical molecular dynamics
simulations reported in Figure 3.12 shows that the average structure of INDCO is
slightly pyramidal with an average CNOC improper dihedral angle of 168.4�. An
analysis of the relationships between structural fluctuationsmeasured along theMD
trajectory and the computed EPR observables shows that the nitrogen hyperfine
coupling constantmainly depends on the out of planemotion of the nitroxide group,
but is apparently uncorrelated to theNObond length. Conversely, the isotropic g shift
is mainly affected by changes in the nitroxide bond length, but is quite insensitive to
the C N O C improper dihedral. Furthermore, the behavior of the g tensor is

Nitrogen pyramidalization effect
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Figure 3.11 Calculated (PBE0/N07D) hyperfine coupling constant of nitrogen atom (AN in Gauss)
in INDCO subunits.
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dominated by its largest component gxx, so thatDgiso and gxx show parallel trends. In
all the calculations, the principal axes of the tensor are aligned with the NO bond
(taken by convention x axis) and with the average direction of p orbitals (z axis).

The overall vibrational correction of AN amounts to 1.2 G (AN¼ 9.1 Gauss in gas
phase and 9.3 Gauss in benzene). The final result (whose contributions are sum
marized in Figure 3.12) is in remarkable agreement with experiment (9.25 G).

Our results show that a correct evaluation of dynamical and solvent effects is
mandatory for a correct reproduction of the experimental hyperfine coupling
constant of nitrogen. This is the reason why previous attempts have not been able
to correctly describe the EPR features of such kind of radicals. On the other hand,
dynamical effects do not influence the g tensor since the computed values for the
energyminimumand as averageupon theMD trajectories are identical (2.00593) and
very close to the experimental value of 2.00598 reported by Stipa [40].

3.5
Line Shapes

The radical species relaxation processes can be modeled as diffusive stochastic
processes, so an important parameter needed is the (generalized) diffusion tensor of
themolecule, which includes translational, rotational, and internal interaction terms,
and depends on the molecular geometry. A reasonable estimate of the diffusion
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Figure 3.12 Hyperfine coupling constant (in
Gauss) of the nitrogen in the INDCO molecule
calculated on the minimum structure in gas
phase (PBE0/N07D: AN calculated on the QM
minimum; PBE0/N07D: AN calculated on the

MM minimum) and in benzene with the PCM
approach (PCM/PBE0/N07D) as well as the
average upon themolecular dynamics trajectory
in vacuum (PBE/N07D/MD) and in benzene
(PCM/PBE0/N07D/MD).
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tensor can be achieved via a mesoscopic hydrodynamic approach [42]. The molecule
is described as a set of N spheres immersed in a fluid, and it is partitioned into a
number of rigid fragments connected by mobile bonds (torsional angles). While in
the relatively trivial case of a rigid molecule there are only six degrees of freedom,
position of the center of mass, and global orientation to be considered, in the case of
flexible molecules, the torsional (internal) angles also need to be considered. Using
geometrical arguments, it is possible to show that starting from the complete friction
tensor of the unconstrained system of spheres j, which is represented by a 3N� 3N
matrix, and from the �constraints matrix� B, which is a 3N� n matrix, n being the
number of degrees of freedom, the friction tensor for the constrained system
(molecule) is given by

J ¼ Bþ jB ð3:88Þ

and the diffusion tensor is obtained from the Einstein�s relation D¼ kTJ�1. This is
the total diffusion tensor that is represented by a square symmetric positive definite
matrix having dimension n¼ 6 þ Ntors, where Ntors is the number of internal
torsional angles. The tensor contains all the translational, rotational, and internal
parts and coupling terms. Thismethodology showed to have good predictivity for the
evaluation of the diffusion tensor of molecules of any size.

Once magnetic, structural, and dissipative parameters have been estimated, it is
necessary to solve the SLE following, for instance, a standard variational approach, by
spanning the Liouville operator over a proper basis set, obtained as the direct product
of the space of spin transitions and the rotational space defined by stochastic
variables. Details on the definition of the basis can be found elsewhere [43]. The
spectrum is evaluated by standard algebraic methods. Matrix dimensions in a typical
cw ESR simulation can be quite large. As an example, the simplest case of a rigid
nitroxide probe with one electron interacting with a nitrogen nucleus and subject to
free fast rotation needs roughly 1260 basis functions, while adding a second equal
probe the dimension makes this number grow to 45 360, that is, simply adding
another electron and another coupled nitrogen nucleus, the dimension of the basis
grows one order ofmagnitude. Thismakes it impossible to use the simple techniques
for solving algebraic problems, even if the matrix associated with the Liouvillean is
sparse. Symmetry arguments can be taken into account in order to reduce the
dimensions, but inmany cases the number of basis functions required remains high.
A powerful numerical tool to deal with such big sparse matrices is the Lanczos
algorithm [1], which is a well known iterative method that at every step builds a
tridiagonal approximation of the Liouvillean matrix. It has been shown that Lanczos
and related algorithms are particularly apt to evaluate efficiently cw ESR since
convergence is usually achieved in a number of steps much smaller than the
dimension of the basis (about 10%) with sufficient accuracy to extract the most
important eigenvalues. Moreover, the diagonal a and subdiagonal b elements of the
generated tridiagonal symmetricmatrix 8 can be used to directly calculate the spectral
density (i.e., the line shape) as a continued fraction. Handling big matrices does not
imply only large calculation times, a problem that is in part solved by using iterative
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algorithms. It also carries problems with storage. Both time and memory problems
can be solved by proper computational approaches.

Let us consider, for purposes of illustration, a small peptide with structure Fmoc
(Aib Aib TOAC)2 Aib OMe (Fmoc, fluorenyl 9 methoxycarbonyl; Aib, R aminoiso
butyric acid; TOAC, 2,2,6,6 tetramethylpiperidine 1 oxyl 4 amino, 4 carboxylic acid;
and OMe, methoxy), which is characterized by the presence of two TOAC nitroxide
free radicals at relative positions i, i þ 3 (Figure 3.13). Spectra were collected at
several temperatures in four different solvents: acetonitrile, chloroform, methanol,
and toluene. Aib and TOAC are two strongly helicogenic, Ca tetrasubstituted
a amino acids. The cw ESR spectra have been compared with their theoretical
counterparts pertaining to the deepest energyminima obtained byQMcomputations
(310 and a helices) [44]. We found that in specific solvents, the experimental spectra
agree well with those expected for the 310 helix, in other solvents with those predicted
for the a helix, while for a final set of solvents with those associated with amixture of
a and 310 helices with temperature dependent relative percentages.

Modeling was based on the construction of the spin Hamiltonian and on the
definition of the diffusive operator for the motion. We examined the dependence on
both solvent and temperature of the spectra. The effect of temperature on the
experimental observations is substantially reflected in the variation of the diffusion
tensor, through the temperature dependence of the viscosity of the solvents. Note
that a common assumption for all solvents is the presence of a monoradical
impurity that might arise from the reduction of one of the nitroxide functions. The
estimated amount of the impurity is below 4%, a low but still appreciable
percentage. Figure 3.14 collects the theoretical and experimental spectra calculated
for the four solvents. From a chemical point of view, our results provide evidence on
the property of Aib rich peptides changing their conformation from 310 helix to
a helix as a function of increasing polarity and hydrogen bond donor capability of

Figure 3.13 310 and a helix conformations of the peptide Fmoc (Aib Aib TOAC)2 Aib Ome.
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the solvent: a helix in protic solvents and at low temperature, whereas 310 helix in
aprotic solvents.

In summary, feeding of magnetic and diffusion tensors derived from atomistic
modeling in a general computational protocol based on the stochastic Liouville
equation allowed us to reproduce in a remarkable way the ESR spectra in different
solvents and at different temperatures without any adjustable parameter. The
favorable scaling of the computational protocol with the dimensions of the system
and its remarkable performances for both structural and magnetic properties might
pave the route for systematic studies of spin labeled peptides and proteins.

3.6
Concluding Remarks

In the present chapter, we have presented an integrated computational strategy for
the study of structures andmagnetic properties of organic free radicals. The first step
has been the development of a new effective basis set (N07D), which coupled with
hybrid density functionals (like B3LYP or PBE0) delivers remarkably accurate
structures and physical chemical properties of open shell species, including mag
netic parameters. Next, bulk solvent effects can be taken into account by continuum
models (COSMO, PCM, etc.), whereas the treatment of the cybotactic region can be
improved, when needed, by explicit consideration of specific first shell solvent
molecules. Finally, solute vibrations and, possibly, solvent libration effects can be
described by classical molecular dynamics employing nonperiodic boundary con
ditions. A number of case studies show that only contemporary consideration of
stereoelectronic, environmental, and dynamical effects allows to obtain magnetic
properties of different classes of organic free radicals in diverse environments,
without the need of any empirical parameter. Next we turned to line shapes and
showed that inclusion of the above magnetic tensors together with diffusion tensors
computed by a coarse graining approach into a formalism rooted into the stochastic

Figure 3.14 Spectra of the peptide in different solvents: toluene, chloroform, methanol, and
acetonitrile, respectively. Solid lines: experimental spectra; dashed lines: simulated spectra.
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Liouville equation allows to predict accurate spectra in different motional regimes
without resorting to fitting procedures.

Together with its specific interest, our results point out, in our opinion, the
importance of developing and validating computational approaches able to switch on
and off different effects, including environmental and dynamical ones, in order to
evaluate their specific role in determining the overall observable.
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4
Generalization of the Badger Rule Based
on the Use of Adiabatic Vibrational Modes
Elfi Kraka, John Andreas Larsson, and Dieter Cremer

4.1
Introduction

Empirical relationships relating bond lengths to the corresponding bond stretching
frequencies or bond stretching force constants were first derived in 1920s (see
Table 4.1 for a summary) and have ever since been a topic of research on the nature of
the chemical bond [1 67]. It is remarkable that in a time of easily accessible quantum
chemical results, there remains a need for empirically based estimates of either
bond lengths or stretching frequencies. There are three primary reasons why such
empirical rules and relationships are still valuable tools for modern research:
(1) Established relationships between bond properties add to our understanding of
the chemical bond, especially if they can be rationalized on a quantum mechanical
basis because bonding between atoms is a quantum mechanical phenomenon.
(2) There are experimental situations in which it is relatively easy to measure one
bond property but difficult to obtain other bond properties. For example, it is easier to
measure the vibrational spectra of a compound than to carry out a structural analysis.
This is especially true for solid materials that do not crystallize, molecules on a
surface, ormolecules in some formof aggregation. If quantum chemical calculations
are feasible only for model systems rather than the actual targets of chemical
research, then vibrational spectroscopy may be the only tool for obtaining informa
tion that provides an insight into bond properties. (3) In the realm of computational
chemistry, there is also a need for empirical relationships. They may be used to
determine suitable bonding force fields for molecular mechanics utilizing force
constant bond length relationships. For quantum chemical geometry optimization,
there is the need to set up a guess matrix of energy second derivatives (the Hessian
matrix corresponding to the force constant matrix of a molecule), which is best done
with the help of available geometry information and a suitable force constant bond
length relationship. For example, the standard procedure to calculate the geometry
of a molecule is based on an initial guess of the energy Hessian derived with the
help of the Badger rule [42, 55]. It is due to these three reasons that there is ongoing
research exploring the relationships between bond length r, bond stretching
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Table 4.1 Relationships between spectroscopic and geometrical constants of a bond in diatomic, quasidiatomic, and polyatomic molecules.

No Year Authors Equation Molecules Comment Ref.

1 1920 A. Kratzer v2
eI const:

ker2e const:
D I: moment of inertia, valid for

hydrogen halides
[1]

2 1925 R. T. Birge ver2e const: D Different electronic states of a givenD [2]
3 1925 R. Mecke ver2e const: D Different electronic states of a givenD [3]
4 1929 P.M. Morse ver3e const: D Different D of similar kind [4]

5 1934 C.H.D. Clark r2e cnmðm=nkeÞ1=3

ver3en
1=2 const:

D m: reducedmass;m,n: groupnumbers
for hydrides and nonhydrides

[5]

6 1934 R.M. Badger keðre dijÞ3 const: D dij is typical of AB with A in period i
and B in period j; re dij : effective
bond length

[6]

7 1935 R.M. Badger re ðcnm=kÞ1=3 þ dnm D Constants typical of AB with A in
group m and B in group n

[7]

8 1935 H.S. Allen, A.K. Longair r2e cij=k
1=3
e

ker6e const:

D Constant typical of AB from a given
period

[8]

9 1935 R.M. Badger Same as 7 QD Bonds in small symmetric polyatomic
molecules

[9]

10 1935 M.L. Huggins Equations for De, re, ve, ke D Derived from modified Morse
potential

[10]

11 1936 M.L. Huggins re a b logðckeÞ D Constants derived for periods, rule 6
explained

[11]

12 1938 G.B.B.M. Sutherland ker6en
3=2 const: D Related to 5 [12]

13 1940 G.B.B.M. Sutherland De kr2e =nm

ke maðn mÞr�ðmþ 2Þ
e

D V ar�m þ br�n (double
reciprocal V)

[13]
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14 1940 R.A. Newing re reðve; xe;De;mÞ D Quantum mechanical arguments for
existence of relationships

[14]

15 1940 J.W. Linnett ker6e const: D Testing of V ar�m be�nr [15]

16 1941 C.D. Clark, K.R. Webb ker6en const:

keðre dijÞ3n1=2 const:
D Valid for molecules with similar m

modification of Badger rule; n as in 5
[16]

17 1942 J.W. Linnett ker5e const: D Same V as in 15 [17]

18 1944 C.K. Wu, C.T. Yang ke ar�ðmþ 2Þ
e þ br�ðmþ 1Þ

e D Constants typical of period [18]

19 1945 J.W. Linnett ker7:6e const: P For molecules with NH bond; for
CH bonds 15 is better

[19]

20 1946 W. Gordy ke aNðxAxB=r2e Þ3=4 D N: bond order; xA, xB: electronega
tivity of A, B

[20]

21 1946 K.M. Guggenheimer k aNðzAzBÞ1=2r�b
e P, c mode N: bond order; zA, zB: valence

electrons
[21]

22 1950 K.M. Guggenheimer P ðAXnÞc mode b 2.46, 1.84, 2.06, and so on typical
of bond polarity

[22]

23 1947 C.K. Wu, S.C. Chao logke are þ b D Simplified version of 11 [23]
24 1950 G. Herzberg Various formulas D Discussion of empirical rules, re and

ke changes over periods are shown for
HX and OX bonds

[24]

25 1951 G. Lovera ke aðre þ 1Þ�3:75 P, c mode Molecules of groups 4b 6b [25]

26 1953 H. Siebert kCX aZX=n3X
rX aðn3X=ZXÞ
N aðkN=k1Þþ b

PðXMenÞ ZX: atomic number; nX principal
quantum number of valence elec
trons for X; formula for kXY

[26]

rX: covalent radius of X;N: bond order
27 1955 E.R. Lippincott,

R. Schroeder
General formulas D Use of a modified Morse potential [27]

28 1957 H.O. Jenkins ke ar�2
e b D Homonuclear D [28]

(Continued )
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Table 4.1 (Continued)

No Year Authors Equation Molecules Comment Ref.

29 1958 Y.P. Varshni Equations for ke, De, Xe D Derived from
V aðr dÞ�m þ bðr dÞ�n

[29]

30 1958 Y.P. Varshni keðre dÞp const

re ak�1=2
e þ b

D Review; p 2 turns out to be best [30]

31 1961 D.R. Hershbach,
V.W. Laurie

ke 10�ðre�aijÞ=bij

re dij þðaij dijÞk�1=3
e

D Constants derived for seven formulas
for cubic and quartic force constants

[31]

32 1964 H.S. Johnston re aij bij logðkÞ P, c mode Taken from 31 [32]
33 1964 J.A. Ladd, W.J. Orville

Thomas, B.C. Cox
k ar�b or
logðkÞ b logðrÞþ c

P, c mode k 35:5r�5:79 for CO bonds [33]

34 1966 J.A. Ladd, W.J. Orville
Thomas

k ar�b P, c mode k 34:4r�5:97 for NO bonds [34]

35 1966 M.J.S. Dewar,
G.J. Gleicher

k ar�2
e þ br�4

e þ cr�6
e P, c mode Assumed; used in PPP [35]

36 1966 J.C. Decius k ar�6 P, c mode k 38:5r�6 for NNbonds (GS and ES
of P)

[36]

37 1966 J. Goubeau Review of formulas P, c mode Comparison of Badger, Gordy, and
Siebert formulas

[37]

38 1968 R.F. Borkman,
R.G. Parr

r2ev const: D Use of virial theorem; quantum me
chanical analysis k related to overlap
population, re, De, and AO

[38]

39 1968 R.S. Roy r6e a m1m2 n�2 k�1 D n: group number; m1, m2: atomic
masses; a is considered a universal
constant

[39]

40 1970 J. Stals k r formulas reviewed P, c mode Material onCC,CN,CO,NN,NO,OO
bonds

[40]

41 1978 D.C. McKean rðCHÞ avðCHÞþ b P isolated v Isolated stretching frequencies as
bond descriptors

[41]
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42 1984 H.B. Schlegel Badger rule 6 P, c mode Ab initio calculations; use of c vectors
prediction of Hessian for geometry
optimization

[42]

43 1987 D.M. Byler, H. Susi, W.C.
Damert

33 tested P, c mode k 37:3r�5:35 for CN bonds [43]

44 1987 H.B. Burgi, J.D. Dunitz r a b lnðkÞ P, c mode Rationalized with modified Morse
potential used in connection with
reaction rates

[44]

45 1987 D.J. Swanton, B.R. Henry keðre dijÞn cij D, P Justification of Badger type rules with
modified Morse potential; local mode
approximation for overtones

[45]

46 1987 A.A. Zavitsas k amðD bÞ P, c mode For CC and other bonds tested [46]
47 1987 V.M. Miskowski et al. r aþ be�k=c P, c mode For M M bonds in transition metal

compounds
[47]

48 1989 J.C. Weisshaar Badger rule 6 D Third row diatomics [48]
49 1990 P.K. Mallick et al. Test of 31 P Extended to frequency shifts and

bond length changes
[49]

50 1992 T.H. Fischer, J. Almlof kAB ae�bðrAB�rref Þ P Assumed; estimates of Hessian for
geometry optimization

[50]

51 1992 A. Rutkowski et al. DreðrelÞ / DkðrelÞ D Relativistic changes in re and k [51]
52 1993 R.G. Pearson kere aNðxaxbÞþ b N: bond order; x: electronegativity [52]
53 1995 R. Lindh et al. kAB ae�bðrAB�rref Þ2 P Assumed; estimates of Hessian for

geometry optimization
[53]

54 1996 P.D. Harvey r a lnðkÞþ b P, c mode Reparameterization of 31 for M M
bonds in transition metals

[54]

55 1997 J.M. Wittbrodt,
H. B. Schlegel

Badger rule 6
kAB a=ðrAB bÞ3

P, c mode Estimates of Hessian for geometry
optimization, relationships for b
established

[55]

56 1999 M. Stichler, D. Menzel v a0ðr bÞ�3=2 P, c mode Badger rule tested for NO on
Ru surface

[56]

(Continued )
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Table 4.1 (Continued)

No Year Authors Equation Molecules Comment Ref.

57 1999 J.A. Larsson, D. Cremer r avþ b

r av2 þ bvþ c
P, a mode 41 tested for 66 CH bonds, extension

to 40 CC bonds, requires quadratic
relationship

[57]

58 2000 J. Cioslowski et al. k Aðr bÞ�c D Badger type rules are not universally
shown for 108 diatomics

[58]

59 2001 P. Schwerdtfeger and
coworkers

Test of 31 P, c mode Applied to Cu Cu bonds [59]

60 2003 J. Jules, J.R. Lombardi Test of 6, 31 D N, r, and k related for M M bond in
metal dimers

[60]

61 2004 K. Ohno and coworkers k aR�3 P, c mode For 74 molecules with CX bonds R:
effective bond length

[61]

62 2006 T. Green and coworkers r cijv�2=3 þ dij P, c mode Badger rule applied to FeO bonds [62, 63]
64 2008 Y.W. Lin et al. r cijv�2=3 þ dij P, c mode Badger rule tested for CO interacting

with amino acids
[64]

65 2008 U. Das, K. Raghavachari r avþ b P, isolated v Isolated stretching frequencies used
to predict r(PH) for molecules on
surface

[65]

66 2008 T.H. Morton and
coworkers

v aðr bÞ�3=2 P, a mode CFþ bonds [66]

67 2009 E. Kraka, D. Cremer r,v, k, n, BDE related
generalized Badger

P, a mode Relationships for CO and CFþ bonds [67]

A bond AB of a D (diatomic), QD (quasidiatomic), P (polyatomic molecule) is considered where A is located in period i or groupm and B in period j or group n of the periodic
table. The derivation of force constants for polyatomic molecules has been based on c-modes, adiabatic modes, isolated stretching modes, local modes from overtone
spectroscopy, or simply assumed.De: bond dissociation energy; re: equilibriumbond length;ve: equilibriumbond stretching frequency; ke: equilibriumbond stretching force
constant; N: bond order; xe: equilibrium anharmonicity constant; m: reduced mass.
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frequency v or force constant k, bond order N, and bond dissociation energy D as is
documented by a significant number of research papers on this topic (for recent
work, see Refs [56 67]).

Investigations focusing on relationships between bond properties such as r, k, v,
N, and D are summarized in Table 4.1. Originally, such relationships were estab
lished for diatomic molecules and later extended to polyatomic molecules. Attempts
have been made to verify and rationalize these relationships via model potentials for
diatomics as, for example, Morse potentials, modified Morse potentials, double
reciprocal potentials (see entry 13, Table 4.1), single reciprocal exponential potentials
(entry 15, Table 4.1), or more complex forms of the potential (entry 29, Table 4.1).
These relationships eventually led to the formulation of universal diatomic poten
tials [68, 69] that attempt to define energy and spectroscopic properties of a universal
bond, which can be considered the equivalent of �the hydrogen atom in atom
spectroscopy� [70]. Clearly, the derivation and rationalization of fundamental rela
tionships between various bond properties led to a better understanding of the
chemical bond. Therefore, it is appropriate to sketch the major steps in this
development stretching now over almost 90 years.

After preliminary work by Kratzer [1], Birge [2], and Mecke [3], Morse [4] was the
first to derive an empirical relationship between bond length and bond stretching
frequency in 1929 (entry 4, Table 4.1) for diatomic molecules. Badger criticized
theMorse relationship as being too limited in its practical application [6]. In 1934, he
proposed a new relationship (entry 6) for diatomic molecules that relates the
stretching force constant k to an effective bond length R obtained as the difference
between equilibrium bond length re and an empirical parameter dij characteristic of
the distance of closest contact between the bonded atoms. The experimental data
available to Badger suggested that dij is the same for all atoms of period i bonded to
atoms of period j. In 1935, Badger [9] generalized the relationship between ke and re to
polyatomic molecules by introducing an additional parameter (entry 7, cij or cnm),
which also depends on the location of the bonded atoms in the periodic table. Despite
numerous alternative relationships suggested by various authors (entries 8 30;
interesting extensions by Huggins (11), Linnett (15), Gordy (20), Guggenheimer
(22)), the Badger rule was widely used until the early 1960s. In 1961, Herschbach
and Laurie [31] pointed out that the Badger rulewas not providing reliable predictions
for heavier elements. Therefore, they suggested two major extensions of the Badger
rule (see entry 31), one of which expresses the bond length re as a logarithmic
function of the stretching force constant again using parameters that depend just on
the periods i and j of the bonded atoms rather than the properties of these atoms
themselves. The other extends Badger�s rule also to cubic and quartic force constants
thus confirming that both harmonic and fundamental stretching frequencies can be
related to effective bond lengths. A cautious extension to polyatomic molecules
was also discussed for bonds of similar type, that is, which do not suffer �an abrupt
change� [31] in their properties when compared in a series of molecules.

The extension of the Badger Herschbach Laurie equations to metal metal bonds
required extensive reparameterization as carried out by Harvey in 1996 (entry 54) or
the use of more elaborate exponential functions (Miskowski et al., entry 47). In 2000,
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Cioslowski and coworkers [58] investigated the applicability of Badger type equations
to a test set of 108 diatomicmolecules. They found that in a large number of cases the
Badger rule does not lead to satisfactory predictions of stretching force constants and
therefore cannot be considered a reliable tool for setting up the initial guess Hessian
matrix in quantum chemical geometry optimizations. This result was contrasted by
an investigation of Ohno and coworkers (entry 61), who could derive a simplified
Badger type equation by using effective bond lengths in the study of 74 CX bonds
(X¼C, Si, Ge, N, P, As, O, S, Se, F, Cl, Br) contained in polyatomic molecules. Kraka
and Cremer [67] made a similar observation when investigating some 46 isoelec
tronic COandCFþ bonds. For the purpose of resolving these contradictory claims on
the applicability of the Badger Herschbach Laurie equations between bond length
and bond stretching force constant, there is the need to reinvestigate the physical
basis of Badger type relationships and to obtain a reliable assessment of their
predictive value. We will approach this problem in two steps by first considering
diatomic and then polyatomic molecules. We will identify those physical effects
that influence the length of a chemical bond and, by doing so, clarify whether a
relationship between bond length and stretching force constant exists. Then, we will
determine those vibrational properties that lead to a description of chemical bonds in
polyatomic molecules. Clearly, these cannot be the normal modes measured in
infrared or Raman spectroscopy because they are in most cases delocalized, that is,
they reflect the movement of larger structural units of the molecule (if not to say the
whole molecule) rather than that of a specific bond within the molecule. In view of
the limited usefulness of measured vibrational data, it is questionable whether an
extension of the Badger rule to polyatomicmolecules, as it was attempted in the past,
can be successful on a larger scale. To solve this problem, we will discuss the
difference between localized and delocalized vibrational modes, how the former can
be derived from the latter, and how they lead to an extension of the Badger rule
applicable to molecules.

4.2
Applicability of Badger-Type Relationships in the Case of Diatomic Molecules

A more general type of the Badger rule is given by Equation 4.1 [41, 71, 87]

keðre dÞp ¼ c ð4:1Þ
where the quantity ðre dÞ is the effective bond length R, d and c are constants
depending on the nature of atoms A and B, and the exponent p can take values
between 2 and 8 thus embedding the original Badger rule (Table 4.1: entries 6, 7, 9)
with p¼ 3. Alternative relationships with p ¼ 2 (Table 4.1: entries 1, 28 30), p ¼ 4 (2,
3, 38), p ¼ 5 (17), p ¼ 6 (4, 5, 8, 12, 15, 16, 36, 39), or noninteger values of p between
2 and 6 (e.g., 21, 22, 25, 33, 34, 43) are summarized in Table 4.1. Apart from
Equation 4.1, relationships in the form of a power series (35), a logarithmic (11, 23,
31, 33, 44) or exponential dependence (50, 53) of re on ke or vice versa were also
used as already mentioned in the introduction. Previous research could not clarify
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which of the relationships (4.1) or their extensions in the form of logarithmic or
exponential functions is the most reliable and useful one.

In Figure 4.1, measured stretching force constants of 120 diatomic molecules in
their ground state composed of atoms out of the first three rows of the periodic table
and taken from the compilation of Huber and Herzberg [71] are plotted against the
corresponding experimental bond lengths. The essence of the Badger rule becomes
obvious from the diagram since it reveals that the data points cluster into six groups,
each of which can be connected by a function according to Equation 4.1. The six
groups correspond to the six possible ij combinations of periods (1 1, 2 1, 2 2, 3 1,
3 2, and 3 3). The corresponding bond lengths and stretching force constants are
listed in Table 4.2.

In all cases, exponent p is a fractional quantity, which increases from 3.18 (1 1) to
7.44 (3 3), thus revealing a strong dependence on the number of electron shells of
A and B in molecule AB, that is, on indices i, j and i þ j. Clearly, by choosing
appropriate effective bond lengthswith the help of close contact parameters, it will be
possible to merge the six curves of Figure 4.1 into one. This, however, could become
problematic because of a large variation in the prefactor increasing from 2.8 to 602.
Testing various sets of Badger parameters given in the literature confirms that it
is not possible to obtain one generally applicable form of the Badger rule, the
Herschbach Laurie variation, or any of the other forms suggested in the literature
(Table 4.1). There is the general trend that with the number of data points in a group
scattering increases and the reliability of any Badger type relationship to predict
either bond length or force constant, once the other quantity has been determined,
decreases. Closer inspection reveals that especially cations and anions deviate from

Figure 4.1 Experimental bond stretching force constants k in mdyne/Å are given in dependence of
the bond length r in Å for diatomic molecules AB where atoms A and B belong to the first three
periods. Symbol k½i j� denotes that an atom A from period i is bonded to atom B from period j.
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Table 4.2 Experimental bond lengths r and bond stretching force constants k of diatomic
molecules ABa).

No. Molecule r (Å) k(mdyneÅ 1) No. Molecule r (Å) k(mdyneÅ 1)

1 H2
�1P þ

g

�
0.741 5.75 61 SiH

�2Q
i

�
1.520 2.39

2 H2 þ
�2P þ

g

�
1.052 1.60 62 SiH��3P�� 1.474 2.71

3 He2 þ
�2P þ

u

�
1.081 3.40 63 SiHþ �1Pþ � 1.504 2.67

4 He22þ
�1P þ

g

�
0.704 12.80 64 PH

�3P�� 1.422 3.22

5 HeHþ �1Pþ � 0.774 4.94 65 PH��2Q
i

�
1.407 2.86

6 LiH
�1Pþ � 1.596 1.03 66 PHþ �2Q

r

�
1.435 3.04

7 BeH
�2Pþ � 1.343 2.27 67 SH

�2Q
i

�
1.341 2.43

8 BeHþ �1Pþ � 1.312 2.64 68 HCl
�1Pþ � 1.275 5.16

9 BH
�1Pþ � 1.232 3.05 69 HClþ

�2Q
i

�
1.315 4.13

10 CH
�2Q

r

�
1.120 4.48 70 LiNa

�1P�
2.810 0.21

11 CH��3P�� 1.089 4.48 71 Nao
�2Q � 2.050 1.54

12 CHþ �1Pþ � 1.131 4.11 72 NaF
�1Pþ � 1.926 1.76

13 NH
�3P�� 1.036 5.97 73 MgO

�1Pþ � 1.749 3.48

14 NHþ �2Q
g

�
1.070 4.73 74 MgF

�2Pþ � 1.750 3.16

15 OH
�2Q

i

�
0.970 7.80 75 AlN

�3Q
i

�
1.768 3.03

16 OH��1Pþ � 0.970 7.65 76 AlO
�2Pþ � 1.618 5.67

17 OHþ �3P�� 1.029 5.41 77 AlF
�1Pþ � 1.654 4.23

18 HF
�1Pþ � 0.917 9.66 78 Si2

�3P�� 2.246 2.15

19 HFþ �2Q
i

�
1.001 5.38 79 SiN

�2Pþ � 1.571 7.29

20 NeHþ �1Pþ � 0.989 4.81 80 SiO
�1Pþ � 1.510 9.24

21 HeNeþ �1Pþ � 1.300 3.36 81 SiF
�2Q

i

�
1.601 4.90

22 Li2
�1P þ

g

�
2.67 0.26 82 CP

�2Pþ � 1.562 7.83

23 LiO
�2Q

i

�
1.695 2.08 83 PN

�1Pþ � 1.491 10.16

24 LiF
�1Pþ � 1.564 2.50 84 PO

�2Q
r

�
1.476 9.45

25 BeO
�2Pþ � 1.331 7.51 85 PO��3P�� 1.540 6.21
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Table 4.2 (Continued )

No. Molecule r (Å) k(mdyneÅ 1) No. Molecule r (Å) k(mdyneÅ 1)

26 BeF
�2Pþ � 1.361 5.60 86 PF

�3P�� 1.590 4.97

27 B2

�3P �
g

�
1.590 3.38 87 PFþ�2Q

r

�
1.500 7.70

28 BN
�3Q � 1.281 8.33 88 NS

�2Q
r

�
1.494 8,52

29 BO
�2Pþ � 1.205 13.66 89 NSþ�1Pþ � 1.440 11.49

30 BOþ�1P �
1.205 12.27 90 BeS

�1Pþ � 1.742 4.13

31 BF
�1Pþ � 1.263 8.07 91 BS

�2Pþ � 1.609 6.72

32 C2

�1P þ
g

�
1.243 12.16 92 CS

�2Pþ � 1.535 8.49

33 C2

�2P þ
g

�
1.268 11.21 93 CSþ�2Pþ � 1.495 9.85

34 C2
þ�2Q

u

�
1.301 6.44 94 SO

�3P�� 1.481 8.30

35 CN
�2Pþ � 1.172 16.29 95 SOþ�2Q

r

�
1.424 11.62

36 CNþ�1P �
1.173 15.74 96 LiCl

�1Pþ � 2.021 1.42

37 CO
�1Pþ � 1.115 19.80 97 LiCl

�2Pþ � 2.180 0.79

38 COþ�2Pþ � 1.115 19.80 98 BeCl
�2Pþ � 1.797 3.03

39 CF
�1Pþ � 1.272 7.42 99 BCl

�1Pþ � 1.716 3.47

40 N2

�1P þ
g

�
1.098 22.95 100 CCl

�2Q
1=2

�
1.645 3.95

41 N2

�2Q
g

�
1.193 15.98 101 NCl

�3P�� 1.614 4.03

42 N2
þ�2P þ

g

�
1.116 20.09 102 ClO

�2Q
i

�
1.570 4.71

43 N2
2þ�1P þ

g

�
1.132 15.85 103 ClF

�2Q
r

�
1.638 4.48

44 NO
�2Q

r

�
1.151 15.95 104 BeArþ

�2Pþ � 2.085 0.59

45 NO
�3P�� 1.063 8.17 105 Na2

�1Pþ � 3.079 0.17

46 NOþ�1Pþ � 1.116 24.84 106 NaCl
�1Pþ � 2.361 1.09

47 NF
�3P�� 1.317 6.19 107 Mg2

�1P þ
g

�
3.890 0.02

48 O2

�3P�� 1.208 11.76 108 MgS
�1Pþ � 2.142 2.26

49 O2

�2Q
g;i

�
1.350 5.60 109 MgCl

�2Pþ � 2.119 1.79

50 O2
þ�2Q

g

�
1.116 17.09 110 Al2

�3P �
g

�
2.466 0.97

(Continued )
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the Badger type relationships obtained in the least squares sense. This is most
obvious for the 1 1 group that consists of just five data points, four of which belong
to cations (Figure 4.1, Table 4.2). Scattering is in this case so strong that the k r
function given is no longer meaningful although it largely parallels those obtained
for the five other groups.

Henry and Swanton [45, 72] provided some evidence suggesting the existence of
a relationship between the bond length reðABÞ of bond AB and its associated
stretching force constant keðABÞ. They used a modifiedMorse potential that fulfilled
in the case of diatomic molecules the following conditions:

1) The potential energyVmust approach infinity for r! 0, which is not the case for
the general form of the Morse potential. Therefore, a hard sphere distance ra is
introduced, which leads to Vðr < raÞ ¼ 1.

2) Vmeasured relative to the separated atomsAandBmust approach zero for r!1.
3) V must approach the value of De for r! re.

The potential (4.2) fulfills conditions (1), (2), and (3).

Vðr > raÞ ¼ Deð1 e�aeðr�reÞÞ2 De ð4:2aÞ
VðraÞ ¼ Va ¼ Deð1 e�aeðra�reÞÞ2 De ð4:2bÞ

Henry and Swanton used Equation 4.2 to derive relationship (4.3) between the
harmonic frequency ve of a diatomic molecule and its bond length re [72]:

Table 4.2 (Continued )

No. Molecule r (Å) k(mdyneÅ 1) No. Molecule r (Å) k(mdyneÅ 1)

51 F2
�1P þ

g

�
1.412 4.70 111 AlS

�2Pþ � 2.029 3.28

52 F�2
�2P þ

u

�
1.880 1.46 112 AlCl

�1Pþ � 2.130 2.08

53 Fþ
2

�2Q
g;i

�
1.322 6.45 113 SiCl

�2Q
r

�
2.058 2.63

54 FO
�2Q � 1.326 5.41 114 SiS

�1Pþ � 1.929 4.94

55 Neþ
2

�2P þ
u

�
1.750 1.53 115 Pþ

2

�2Q
u3=2

�
1.986 4.12

56 NaH
�1Pþ � 1.887 0.78 116 PS

�2Q
r

�
1.900 5.06

57 MgH
�2Pþ � 1.730 1.27 117 S2

�3P �
g

�
1.889 4.96

58 MgHþ �1Pþ � 1.652 1.65 118 Sþ
2

�2Q
g;r

�
1.825 5.88

59 AlH
�1Pþ � 1.648 1.62 119 Cl2

�1P þ
g

�
1.988 3.23

60 AlHþ �2Pþ � 1.602 1.50 120 Clþ2
�2Q

3=2g

�
1.891 429

a) Experimental values from Ref. [71].
Molecules AB are listed according to A(period i) B(period j) combinations in the order 1 1, 2 1, 2 2,
3 1, 3 2, 3 3.
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ðre raÞve ¼ 2hðDe=2mÞ1=2ln ½1þðVa=De þ 1Þ1=2� ð4:3Þ
Taking the derivative with regard to ke leads to

qðre raÞ
qke

¼ qðre raÞ
qve

qve

qke
¼ ve

2ke

qðre raÞ
qve

ð4:4aÞ

q ðre raÞ
qke

¼ ð Va=hÞ ð2mxeÞ1=2

k2efð4Vaxem=h
2keÞþ 1g1=2f1þ ½ð4Vaxem=h

2keÞþ 1�g1=2
ð4:4bÞ

where m is the reduced mass and xe the anharmonicity constant. For the case where
ke is large, the derivative (4.4) varies with k�2

e , whereas for a small value of the force
constant variation takes place with k�1

e and otherwise with k�p
e for 1 < p < 2. By this,

all possibilities of Equation 4.1 are accounted for, as becomes obvious when
calculating the derivative of Equation 4.1 leading to

qðre dÞ
qke

¼ c k�ð1þ 1=pÞ
e ð4:5Þ

where the exponent is between 1 and 2 depending on the value of p. The Badger
rule for diatomic molecules will be obtained if the hard sphere distance ra and the
associated potential Va do not change within a period, which would also require that
the bond dissociation energy De varies only slightly within a period of the periodic
table. This, however, is generally not the case and therefore Badger type rules will
hold only for closely related bonding situations in the case of diatomic molecules.

Next, we consider the physical effects determining the length of a chemical bond
and its associated bond stretching force constant. The latter reflects the strength of
the chemical bond, which in the general case is the result of a covalent contribution
(depending on the overlap of the atomic orbitals forming the bonding and anti
bonding diatomic orbitals, their electron occupation, and the energy splitting
between them) and an ionic (polar) contribution (depending on the electronegativity
difference between A and B and the charge transfer resulting therefrom). Covalent
and ionic contributions also impact bond length. However, contrary to the bond
strength and the stretching force constant, the bond length depends on a third
quantity that can be related to the size of the atomic core or, alternatively, its
hard sphere size, which is related to the core size and also includes the effects of
the valence electrons. It is this third quantity that determines the magnitude of the
Badger parameter dij. Badger�s assumption that dij is constant for all bonds formed
from period i atoms and period j atoms is not justified. The hard sphere size of an
atom depends on its charge and, accordingly, will be smaller for the cation and larger
for the anion compared to the size of the neutral atom. This fact is reflected in
Figure 4.1 where some of the strongly scattered data points correspond to charged
molecules. Smaller variations will also result if open and closed shell systems of the
same bond type are compared. In general, positively or negatively charged AB bonds
and excited states of a givenmolecule AB should involve atomsA andBwith different
hard sphere sizes than those of the neutral ground state of AB.
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In the set of diatomic molecules investigated in this work (Table 4.2), there are 20
molecules for which, besides the neutral state, there is also a charged state. Some of
themdo not lead to a significant change in the hard sphere size because an electron is
added to a lone pair (or p) orbital not involved in bonding (see, for example, entries
15 and 16 in Table 4.2: HO andHO�; also 10 and 11). Therefore, the variations found
for a bond AB in polyatomic molecules cannot be reflected by the limited number
of diatomic molecules investigated in this and previous studies. This would be given
only if, besides the ground state molecules, a large body of data would also be
available for charged and excited states. Therefore, it is necessary to extend the
investigation of the Badger rule to polyatomic molecules and verify the following
two predictions based on the investigation of the diatomic molecules.

1) Badger type relationships depending simply on period characteristic parameters
such as cij and dij, as is the casewith diatomicmolecules, are no longer applicable
to polyatomicmolecules. They split up in AB bond specific relationships that are
fulfilled for AB bonds with closely related electronic structure. AB bonds with
different hard sphere sizes will have to be described with other relationships.

2) In special cases, bond specific Badger rules can collapse to a single rule. This is
likely to occur for bond types that share a common atom, for example, AB and
AC, provided the electronic structures of these bonds are related in such a way
that the hard sphere sizes of atoms B and C can be described with just one
parameter. In the following chapters, we will investigate these predictions in
detail. For this purpose, we have to clarify first how to determine bond stretching
vibrations for polyatomic molecules that are localized in a bond and are not
contaminated due to the coupling with other vibrational modes.

4.3
Dissection of a Polyatomic Molecule into a Collection of Quasi-Diatomic
Molecules: Local Vibrational Modes

Vibrational modes are in most cases delocalized within a molecule. The properties
of these modes (frequencies or force constants) are not suitable for investigating
Badger type relationships. Instead, there is the need for local mode information
that provides bond stretching frequencies or force constants, which are no longer
contaminated by contributions from other vibrational modes. For the purpose of
clarifying the relationship between delocalized normal and local internal coordinate
modes, we present here the theory of the adiabatic internal coordinate modes
(AICoMs), recently used to set up bond length bond stretching force constant
relationships by Kraka and Cremer [67].

The standard method for calculating the vibrational spectra of polyatomic mole
cules with K atoms is based on two major approximations [73, 74]. First, the
Born Oppenheimer approximation is used, which leads to the separation of the
nuclear motion from the electronic motion and by this to the concept of the potential
energy surface (PES). The assumption is made that the nuclei of the molecule move
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as classical particles on the PES. Second, the vicinity of the minimum occupied by
the vibrating molecule in question is described by a Taylor expansion of VðxÞ

VðxÞ ¼ Vð0Þþ
X3K
i

qV
qxi

� �
0
xi þ 1

2!

X3K
i; j

q23V
qxiqxj

� �
0

xixj

þ 1
3!

X3K
i; j;k

q3V
qxiqxjqxk

� �
0

xixjxk þ � � �
ð4:6Þ

In Equation 4.6, x describes the displacements of the nuclei from the equilibrium
positions at the minimum of the PES in the form of Cartesian displacement
coordinates (i.e., x ¼ r re in case of a diatomic molecule)

x ¼ ðx1; y1; z1; . . . ; x3K ; y3K ; z3KÞ� ð4:7Þ
TheTaylor series is truncated after the quadratic termand since thefirst order term

is zero at the minimum,

qV
qxi

� �
0
¼ 0 for i ¼ 1; . . . ; 3K ð4:8Þ

one obtains Equation 4.9

VðxÞ ¼ 1
2

X3K
i; j

q2V
qxiqxj

� �
0

xixj ¼ 1
2

X3K
i; j

ð fijÞ0xixj ð4:9Þ

which forms the basis of the harmonic (mechanical) approximation for describing
vibrational modes. In Equation 4.9, the constants fij represent the force constants,
which are collected in the Cartesian force constant matrix f .

If the molecule behaves as a classical particle on the PES, Newton�s second law
applies:

Kx;I ¼ mI
d2xI
dt2

¼ d
dt
ðmI _xIÞ ¼ d

dt
px;I ð4:10Þ

where Kx;I is the x component of the force exerted on a nucleus I with massmI, t the
time, _xI the velocity, and px;I the corresponding momentum. Newton�s second law
can be expressed in terms of kinetic energy T and potential energy V

qV
qxI

¼ d
dt

qT
q _xI

� �
ð4:11Þ

Using mass weighted coordinates,

ji ¼ m1=2
I ð4:12Þ

Equation 4.11 can be simplified via (4.13) (4.15)

d
dt

qT

q _ji

 !
þ qV

qji
¼ 0 for i ¼ 1; . . . ; 3K ð4:13Þ
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d
dt

_ji þ
1
2

q
qji

X3K
j;k

fjkjjjk ¼ 0 ð4:14Þ

d2ji
dt2

þ
X3K
j

fijjj ¼ 0 ð4:15Þ

Equation 4.15 represents the vibrational equations, which can be solved by using
standard mathematical procedures.

It is advantageous to revert to Equation 4.11 and to consider two simplifications.
First, the representation of the harmonic potential is changed by a coordinate
transformation, which leads from the bilinear form (4.9) to a linear form depending
on a new set of coordinates, the so called normal coordinates. Second, the vibrational
equations resulting from Equation 4.11 are rewritten in matrix notation using
the vector of Cartesian displacements x, the mass matrix M, and the force constant
matrix f. For example, the kinetic energy T of the vibrating molecule and the
harmonic potential V are expressed in this notation as

Tð_xÞ ¼ 1
2
_x�M_x ð4:16Þ

VðxÞ ¼ 1
2
x�fx ð4:17Þ

Using thematrix notation and thenormal coordinates, the vibrational problemcanbe
written in the form of the pseudoeigenvalue problem

f L ¼ MLL ð4:18Þ

in which L is the eigenvalue matrix with the Nvib ¼ 3K L vibrational eigenvalues
lm on the diagonal

lm ¼ 4p2c2ðvmÞ2 for m ¼ 1; . . . ; 3K L ¼ Nvib ð4:19Þ

where vm is the harmonic vibrational frequency. The eigenvector matrix L contains
Nvib normal mode eigenvectors lm as column vectors. In L andL, L eigenvectors and
eigenvalues correspond to overall translation and rotation of the molecule (L ¼ 5
for linear and L ¼ 6 for nonlinear molecules), respectively. These eigenvalues are
equal to zero provided translational and rotational motions are completely inde
pendent of the vibrational modes. This is true for the translational motions, but not
for the rotational motions, which couple with the vibrational motions because of
cubic terms in the potential energy function (4.6). Consequently, one finds
eigenvalues close to zero, which correspond to the overall rotation of the molecule.
The columns that correspond to translational and rotational modes are omitted
from matrix L.

Equation 4.18 reveals that the mass matrix represents a metric, which has to be
eliminated to convert Equation 4.18 to an eigenvalue problem. This leads to using

120j 4 Generalization of the Badger Rule Based on the Use of Adiabatic Vibrational Modes



mass weightedCartesiandisplacement coordinates as shown inEquations4.12 4.15.
Normal coordinates Q are related to Cartesian coordinates according to

x ¼ LQ ð4:20Þ

The vibrational equations can also be formulated in an analogous way using internal
displacement coordinates q, which describe changes of internal coordinates (bond
length, bond angle, dihedral angle, etc.) instead of changes in atomic positions as
expressed by x.

q ¼ ðq1; . . . ; qNvibÞ� ð4:21Þ

For the transformation from internal to Cartesian coordinates, L additional coordi
nates corresponding to external motions (rotations and translations) are derived,
which possess eigenvalues li close to or equal to zero. The transformation from
Cartesian to internal coordinates is done with the matrix C

C ¼ M�1B�G�1 ð4:22Þ

where B is defined by Equation 4.23

Bni ¼ qqnðxÞ
qx

� �
x xe

ð4:23Þ

and G is the Wilson matrix [75].

G ¼ BM�1B� ð4:24Þ

The dynamics of the nuclear motions can be made independent of translations
and rotations and the vibrational problem is solved in the internal coordinates only.
The internal kinetic energy is given by

Tð _qÞ ¼ 1
2
_qþG�1 _q ð4:25Þ

and the potential energy is approximated in accordance with Equation 4.9 by

VðqÞ ¼ 1
2
q�Fq ð4:26Þ

where F is the internal force constant matrix, given by

F ¼ C�fC ð4:27Þ

The vibrational equation in internal coordinates is given in Equation 4.28.

FD ¼ G�1DL ð4:28Þ
where D contains the normal mode vectors dmðm ¼ 1; . . . ;NvibÞ given as column
vectors and expressed in internal coordinates. Equation 4.27 no longer contains the
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translational and rotational solutions and, consequently, D directly gives the trans
formation from normal coordinates to internal coordinates.

q ¼ DQ ð4:29Þ

The relationship between eigenvectors lm and eigenvectors dm is provided bymatrix
C according to

lm ¼ Cdm ð4:30Þ

The vibrational equations presented above show that the normal modes associated
with the normal mode frequencies vm are delocalized modes since each normal
coordinate is a linear combination of internal coordinate displacements. In the
following section, it has to be discussed under which circumstances one can expect
normal modes to be localized within a given molecular fragment associated with
a specific internal coordinate.

4.3.1
Localized Vibrational Modes

The degree of delocalization of a normal mode is primarily determined by the
amount of coupling between the internal modes contained in the normal mode. In
this way, the off diagonal elements of the force constant matrix represent the
coupling force constants. This becomes clear when realizing that the �c vectors� of
the transformation matrix C, each of which are associated with a given internal
coordinate, can be used as internal localized modes [76]. Hence, a normal mode
would be strictly localized if

ðdmÞn ¼ dnm ð4:31Þ

with dnm being the Kronecker delta. Equation 4.31 leads to

lm ¼ cn ð4:32Þ

where it is assumed thatm ¼ n. Equation 4.32will be fulfilled only if all displacements
along vectors cn and cmðm 6¼ nÞ do not couple and a diagonal force constantmatrix F
is obtained with all coupling force constants Fnm ¼ 0. This implies that electronic
coupling between the internal localized modes is zero. Second, there is always mass
coupling (due to the kinetic energy) between the c vectors because the G matrix of
Equation 4.28 is nondiagonal. Mass coupling can be suppressed to some extent if, for
example, the reducedmass of a diatomic fragment is dominated by themass of one of
the atoms as in the case of a CH bond. However, if the two masses are comparable
neither Equation 4.31 nor Equation 4.32 is true. Often, vibrational spectroscopists
assume diagonal character of the Gmatrix provided there is a large mass difference
between the atoms participating in the molecular motions since this assumption
provides the only basis to discuss measured frequencies in terms of local mode
frequencies.
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Apart from mass coupling (coupling due to the kinetic energy), which is always
present, there is electronic coupling (coupling due to the potential energy) as
indicated by finite off diagonal elements of the force constant matrix expressed
in internal coordinates. Coupling constants are particularly large in the case of
bond bond interactions as they occur in delocalizedp systems or in strained cyclic or
polycyclic ring compounds. One observes that stretching force constants are the
largest constants in a molecular force field and that these force constants also show
the largest variation. Bending force constants are smaller than stretching force
constants and torsional force constants are in turn smaller than bending force
constants, at least as long as a torsional mode at a single bond is concerned. This
qualitative ordering of the magnitude of the diagonal force constants provides an
estimate of the coupling between stretching, bending, and torsional modes only if
the stretching and torsional modes couple only weakly [75, 77, 78].

The various forms of stretch stretch couplings can be described in the following
way: (a) a coupling between symmetry equivalent stretching modes, (b) coupling
between stretching modes involving the same atom combinations, and (c) coupling
between stretching modes involving different atom combinations. Only case (c)
causes coupling when the internal force constant reduced mass ratio of the different
bond types are compatible, whereas cases (a) and (b) will always be present to some
extent if there exist several bonds of the same type in a molecule. Case (b) coupling
will be small if the internal force constants of two bonds are very different as in the
case of AB bonds of different bond order (e.g., C C versus C�C). One internal
stretching mode can be decoupled from other stretching modes of the same type by
a change in mass as a consequence of isotope substitution so that the force
constant mass ratio considerably varies.

Localization of vibrational normal modes occurs in favorable cases with small
electronic andmass coupling effects between the internalmotions, for example, for a
triatomic molecule such as HOCl where one internal stretching (OH stretching) is
largely decoupled from the other stretching mode (OCl stretching) and the bending
mode (HOCl bending). It is also reasonable to say that the bending vibration inHOCl
is decoupled from both stretching modes, that is, in HOCl there are three normal
modes, each of which is a largely localized vibrational mode associated with one of
the three internal parameters.

For a general polyatomic molecule, localization of a normal mode within a
particular molecular fragment is uncommon. For example, in aldehydes or ketones
the normal mode that is dominated by the C¼O stretching vibration is measured as
a strong band in the area 1600 1800 cm�1 where the exact position of the band
depends not only on the bond strength but also on the fact that the corresponding
normalmode is not localized in the C¼O group. In formaldehyde, acetaldehyde, and
acetone, the internal C¼Ostretchingmode contributes 89, 85, and 84%, respectively,
to the normal mode considered to represent C¼O stretching.

The discussion shows the dilemma of using normal mode properties to unravel
geometric or electronic details of a molecule without being able to separate effects
associated with different molecular fragments so that reliable information is gained.
Because of these reasons, AICoMs [79] were introduced to obtain local modes that
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are associated with a specific structural unit of a molecule without being contam
inated by coupling with other vibrational modes.

4.3.2
The Adiabatic Internal Coordinate Modes

Each AICoM of a molecule is associated with just one internal coordinate qn, that is,
it is independent of all other internal coordinates qmðm 6¼ nÞ. The construction of an
AICoM is based on how an internal coordinate mode vn would vibrate if the
associated internal coordinate were to be displaced by an amount q�n in such a way
that the increase in the potential energy becomes minimal. To accomplish this
objective, mode vn, led by q�n (leading parameter principle [79]), must be constrained
to the molecular fragment associated with qn, that is, the rest of the molecule is
allowed to relax upon applying a perturbation q�n. This is equivalent tominimizing the
potential energy given in normal coordinatesQ under the constraint that the internal
coordinate displacement qn is kept constant (Equation 4.33a):

VðQÞ ¼ min: ð4:33aÞ

qn ¼ const: ¼ q�n ð4:33bÞ

The potential energy V and the internal coordinate qn depend on the normal
coordinates according to Equations 4.34 and 4.35.

VðQÞ ¼ 1
2

XNvib

m 1

kmQ
2
m ð4:34Þ

qnðQÞ ¼
XNvib

m 1

DnmQ m ð4:35Þ

(see Equation 3.29) where km is the force constant for normal mode dm and Dnm is an
element of matrix D of Equation 4.28. Equation 4.33a is solved with the help of the
method of Lagrange multipliers,

q
qQ m

VðQÞ lðqnðQÞ q�nÞ
� � ¼ 0 ð4:36Þ

where l is the Lagrange multiplier. Equation 4.36 leads to (4.37) and (4.38):

qVðQÞ
qQm

ql
qQm

ðqnðQÞ q�nÞ l
qðqnðQÞ q�nÞ

qQ m
¼ 0 ð4:37Þ

qVðQÞ
qQm

¼ l
qqnðQÞ
qQm

qq�n
qQm

� �
ð4:38Þ
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where in Equation 4.38 it is considered that qnðQÞ ¼ q�n is a constant. When the
expression (4.34) for VðQÞ and (4.35) for qnðQÞ is inserted into (4.38), the result is

q
qQ m

1
2

XNvib

n 1

knQ
2
n ¼ l

q
qQ m

XNvib

r 1

DnrQ r ð4:39Þ

which leads to

kmQ m ¼ lDnm ð4:40Þ

The solution of Equation 4.36 (which concerns internal parameter qn) for the mth
normal coordinate is

Q ðnÞ
m ¼ Dnm

kml
ð4:41Þ

where the superscript (n) of Q denotes a solution obtained under constraint (4.33b)
for qn. There is one such solution for each normal coordinate. When these solutions
are used to express the displaced internal parameter q�n, one gets

q�n ¼
XNvib

m 1

DnmQ
ðnÞ
m ¼

XNvib

m 1

D2
nm

km
l ð4:42Þ

which leads to expression (4.43) for the Lagrange multiplier

l ¼ 1XNvib

m 1

D2
nm

km

q�n ð4:43Þ

Equation 4.41 can be rewritten as

Q ðnÞ
m ¼

Dnm

kmXNvib

n 1

D2
nn

kn

q�n ð4:44Þ

which means that the constraint for internal coordinate qn leads to a change in the
normal coordinates. The adiabatic internal mode aQn for internal coordinate qn
expressed in terms of normal coordinates follows from (4.45):

Q ðnÞ
m ¼ ðaQn Þmq�n ð4:45Þ

The AICoM aQn can be transformed into an AICoM expressed in Cartesian coordi
nates, an, with the help of the L matrix.

an ¼ L aQn ð4:46Þ
Hence, Equations 4.45 and 4.46 completely specify the form of an AICoM.
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4.3.3
Properties of Adiabatic Internal Coordinate Modes

Once an AICoM vector is known, one can define a force constant that corresponds to
the AICoM motion.

kan ¼ a�nf an ð4:47Þ
For deriving an AICoM frequency with the help of kan, one has to define the massma

n

that is associated with the AICoM. The latter has to fulfill two criteria. First, the
AICoM mass ma

n has to be extractable from the functional form of the internal
coordinate qn. Second, ma

n has to be directly connected to the vibrational motion an
caused by a change in qn. While the potential energy has already been used to derive
the AICoM vectors, so far nothing has been said with regard to the kinetic energy T.
It has been shown that upon perturbation of the equilibrium geometry caused by a
change in the leading parameter, q�n, the atoms of the molecule move in such a way
that the kinetic energy adopts a minimum and the generalized velocity _qn becomes
identical to _q�n. Again, this leads to a constrainedminimization problem, the solution
of which is found with the help of another Lagrange multiplier [79]. The results of
the derivation are

Tð _q�nÞ ¼
1
2
ma

nð _q�nÞ2 ð4:48Þ

and

ma
n ¼

ðb�nanÞ2
b�nM

�1bn
ð4:49Þ

where vector bn corresponds to the nth column of the B matrix and where

b�nan ¼ 1 ð4:50Þ
since the AICoMs are properly normalized. Hence, the AICoM mass can be
recognized to be identical to a diagonal element Gnn of the G matrix, which is a
generalization of the reducedmass to internal parameters connectingmore than two
atoms. This is an indirect proof that the constraints put onVand T to get the AICoMs
are well chosen. With the AICoM force constant and the AICoM mass, it is
straightforward to obtain the AICoM frequency

va
n ¼ ðaþ

n f anGnnÞ1=2 ¼ kan
ma

n

� �1=2

ð4:51Þ

The force constant, frequency, and mass associated with a given AICoM for internal
coordinate qn provide the most important properties for its characterization. This
information can be used to investigate normal modes by considering them as being
composed of AICoMs. If one knows the decomposition of a normalmode in terms of
AICoMs, then one can clarify whether the normalmodes aremore or less delocalized
and what electronic or geometric information they contain.
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4.3.4
Characterization of Normal Modes in Terms of AICoMs

A chemist investigates and understands the molecular geometry and conformation
in terms of internal coordinates rather than in terms of Cartesian or normal
coordinates. All molecular structure information is detailed by listing the corre
sponding internal coordinates. Therefore, it is justified to add to the static
representation of a molecule provided by the internal coordinates, a dynamic
representation provided by the AICoMs. Accordingly, the AICoMs can be used as
the dynamic counterparts of the internal coordinates to describe the normal modes
and by this the dynamic behavior of amolecule. The problem is that there are no rules
to define an amplitude that specifies to what extent a particular adiabatic mode an is
active in normal mode lm. Therefore, criteria were set up that should be fulfilled
by a given definition of an amplitude, Anm, to guarantee a physically meaningful
characterization of normalmodes (CNM) in terms ofAICoMs. These criteria are (1) the
symmetry criterion, (2) the stability criterion, and (3) the dynamic criterion.

1) The symmetry criterion expresses the necessity that symmetry equivalent
adiabatic modes have to have the same amplitude in a normal mode provided
the normal mode retains this symmetry.

2) The stability of results concerns the independence of the AICoM amplitudes
from the choice of the internal coordinate set. The amplitudes should not change
significantly for a normal mode if they are calculated with different redundant
internal coordinate sets and the differences in the parameter sets only concern
coordinates irrelevant to the normal mode.

3) Theremust be a relationship between the amplitude Anm of an AICoM contained
in a normal mode to the difference Dvnm ¼ vn vm in the way that a small
difference implies large amplitudes while large differences lead to very small
amplitudes. In other words, the scattering of points Anm versus Dvnm ¼ vn vm

should be enveloped by a Lorentzian curve. If this is the case, one can say that the
dynamical origin of the normal mode principle (dynamical origin of normal mode
concept) is fulfilled.

The amplitude that fulfills the above three criteria and performs best is defined in
Equation 4.52

Anm ¼ hlmjf jani2
hlmjf jlmihanjf jani ð4:52Þ

Amplitude Anm of Equation 4.52 can be considered an absolute amplitude, but it is
common practice to renormalize Anm and to express it in percentage:

A%
nm ¼ AnmP

m Amm
100 ð4:53Þ

It should be noted that the renormalized amplitudes of Equations 4.52 and 4.53 lead
to a description of the normal modes as it is often performed with the help of the
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potential energy distribution(PED) analysis [80 83].However, the PED analysis suffers
from several deficiencies that can lead to nonphysical results as is demonstrated
by the following example.

PED and the CNM analyses with adiabatic amplitudes were carried out for
bicyclobutane (Figure 4.2), for which the normal modes had been calculated at the
B3LYP/6 31G(d,p) level of theory. For this purpose, a parameter set containing all CC
and CH stretches, the nonbonded �C � � �C stretching� interaction (see Figure 4.2) for
the description of the ring bending (puckering), and two HCC bends for each
hydrogen (in total 24 parameters) was constructed. If one compares the results of the
PED and the CNM analyses, a major difference in the description of the ring folding
and the bridge stretching motion is observed.

Figure 4.2 shows that the adiabatic modes for the ring folding (C � � �C stretching)
and the CCbridge stretching are localized in the corresponding molecular fragments.
Themovements of the hydrogen atoms follow that of the C atoms in the energetically
optimal way without carrying out a coupled CH stretchingmotion. In Figure 4.2, this
is indicated by dashed arrows giving the direction of the H atom movements. The

Figure 4.2 Two internal vibrational modes of
bicyclobutane as described by adiabatic (left)
and c vectormodes (right). Top: Foldingmotion
of the ring ðC CÞ. Bottom: Stretching of the
bridge bond CCbridge. Atom movements are

indicated by solid arrows (strong movements)
or dashed arrows (weak movements). (All CH
stretches on the left) Very small displacements
are not shown for the sake of clarity (B3LYP/6
31G(d,p) calculations).
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CCbridge stretchingmotion is similarly described by the c vectormotions even though
the movement of the H atoms is now stronger since it has to comply with fixed CH
bond distances, that is, all relaxations in the geometry because of CCbridge stretching
are suppressed for those internal coordinates defined in the parameter set for
bicyclobutane. However, c vector motion for ring folding (C � � �C stretching) differs
considerably from the corresponding AICoM in the way that the CH2 carbons hardly
move. Instead, the hydrogens at the bridging carbons strongly move keeping the
CCbridge distance and those CCH bending angles defined in the parameter set
constant, while changing the angle HCCbridge (not contained in the parameter set),
which is of course a consequence of the construction of c vector modes. Clearly, the
folding motion is not correctly described and this has serious consequences for the
PED analysis.

Both methods predict that for normal mode 1, the dominant contribution is the
folding motion of the ring (C � � �C stretching): It amounts to 34.8% according to the
CNM analysis and to 48.3% according to the PED analysis. However, for the latter
description ring folding is also dominant for normalmode5.Actually, normalmode 5
consists of a vibration of the CCbridge and C � � �C fragments in such a way that when
the CCbridge bond becomes longer, the C � � �C distance becomes shorter, and the
hydrogens follow the vibration of the carbon atoms to which they are attached. The
CNM analysis based on adiabatic amplitudes describes mode 5 as being composed
of 40.1% stretching of the CC bridge bond and 28.5% of ring folding as reflected by
a vibration of the C � � �C unit. Hence, mode 1 possesses more ring folding character
whereas mode 5 is dominated by a vibration of the CC bridge. However, the PED
amplitudes suggest a contribution of 60% of ring folding C � � �C and 17.8% of
CCbridge stretching simply because the c vectors provide a misleading description of
the folding motion as shown in Figure 4.2. Hence, the PED analysis suggests that
there ismore than one ring foldingmotion in bicyclobutane, whichmakes little sense
and indicates that PED can lead to physically unreasonable descriptions due to the
mechanical behavior of c vectors. This is confirmed by the CNM analysis based on
the AICoM amplitudes.

The example given (many more examples are found for mono and polycyclic
molecules) reveals the deficiencies of the PED analysis, which primarily result from
the use of c vectors. The disadvantages of the latter have explicitly been discussed in
the literature [76]. TheCNManalysis based on the amplitudeAnm of Equation 4.52 has
been applied with success in various investigations [84].

4.3.5
Advantages of AICoMs

AICoMs have the advantage that they are derived from a clear dynamic principle,
namely, the leading parameter principle, which points out that a single internal
coordinate qn (in general, a single internal parameter) defines the displacements of
the nuclei from their equilibrium positions and, by this, leads the internal mode an.
The leading parameter principle [79] implies a new set of Euler Lagrange equations
because the generalized momenta for all other internal coordinates qmðm 6¼ nÞ
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become zero [79], which can be pictured in the way that all atomicmasses outside the
molecular fragment are considered as massless points. Hence, the derivation of the
AICoMs follows the same procedure as the derivation of normal modes and it
has been shown that the solutions of the Euler Lagrange equations for the AICoMs
are obtained by requiring that the potential energy V is minimized for a geometric
perturbation under the constraint that the perturbation is defined by q�n [79].

The second advantage of the AICoMs is that their properties, namely, adiabatic
force constant, adiabaticmass, and adiabatic frequency, are clearly defined and easy to
calculate. The adiabatic mass is a generalization of the reduced mass for diatomic
molecules and corresponds to G�1

nn , which adds credibility to the physical basis of
the AICoMs.

The third advantage of the AICoMs is that they lead to the CNM analysis of
normal modes in a more sound and physically meaningful way than, for example,
provided by the PED analysis. This is due to a clear definition of the amplitudes
Anm [85]. The CNM analysis provides an easy way of analyzing vibrational spectra
and quantitatively specifying the degree of delocalization of each vibrational mode.

As the fourth advantage, it has to be mentioned that the CNM analysis simplifies
the correlation of the vibrational spectra of different molecules.

The fifth advantage is that an AICoM intensity can be derived that can be used to
investigate the charge distribution within a molecule.

AICoMs are discussed in this chapter for the equilibrium geometry of a molecule.
However, they can also be defined and applied to a reacting molecule. In this case,
the AICoMs are based on generalized modes and are separately discussed in a one
dimensional subspace, the reaction path, and a 3K (Lþ 1) dimensional subspace
orthogonal to the reaction path. As has been shown by Konkoli, Kraka, and
Cremer [86, 87], the AICoMs lead in this case to a wealth of information and help
describe the reaction mechanism in great detail.

An important advantage of AICoMs is that they can also be derived from
experimental vibrational spectra and establish in this way a solid connection
between theory and experiment. This is pointed out in the following.

Calculated AICoM frequencies and force constants suffer in the same way as the
frequencies and force constants of normal vibrationalmodes from the deficiencies of
the quantum chemical method used and the harmonic approximation employed in
standard calculations of vibrational spectra. Even when applying efficient scaling
procedures, there is no guarantee that ab initio frequencies accurately reproduce the
fundamental frequencies of the experiment. In viewof this, it seems to bemuchmore
useful to calculate the adiabatic frequencies in such a way that the experimental
frequencies of the fundamental vibrations are exactly reproduced. In this way, each
adiabatic internal frequency is the exact local mode counterpart of the measured
vibrational frequency.

Since an experimental vibrational spectrumcan only provide the frequencies of the
fundamentals, it raises the question how the vibrational modes are to be obtained. In
principle, this is achieved by setting up a force field from available experimental
information and then using the theory described above. Alternatively, the force field
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can be calculated by correlation corrected ab initio or DFTmethods. Combining the
two sources of information, namely, experimental frequencies and calculated normal
modes, it is possible to determine that force constant matrix that in the harmonic
approximation would reproduce fundamental frequencies exactly. Clearly, the force
field obtained in this way is made up by effective force constants rather than pure
quadratic force constants since the elements of the force field not only have absorbed
all deficiencies of the quantum chemical calculation (correlation errors, basis set
errors) but also cover all anharmonicity effects, normally described by cubic and
quartic force constants. The use of this force field in the AICoM calculation leads to
adiabatic force constants and adiabatic frequencies, which directly correspond to
the measured vibrational spectrum and, therefore, can be used for analysis of the
vibrational spectrum and for the description of bond properties.

The theory needed to obtain experimentally based AICoM properties is described
in standard books on vibrational spectroscopy and can be summarized in the
following way [88]. If one considers the difference between experimental funda
mental frequenciesvexp

m and calculated harmonic frequenciesvm as a relatively small
error caused by a similarly small error in the force constant matrix, then one can
assume the changes in the normal mode vectors to be negligible and use first order
perturbation theory to set up the corrected vibrational secular Equation 4.54

DðF0 þDFÞD� ¼ LþDL ð4:54Þ
where F0, D, andL correspond to the force constant matrix, the eigenvector matrix,
and the eigenvalue matrix, respectively, of the ab initio or DFT calculation. It
holds that

DTF0D ¼ L ð4:55Þ
because the eigenvectors D are normalized with regard to G, that is, DDT ¼ G.
Accordingly, one can write the equation for the first order correction as

DTDFD ¼ DL ð4:56Þ
from which the correction for the force constant matrix results as

DF ¼ ðD�1Þ�DLðDÞ�1 ¼ G�1DDLDTG�1 ð4:57Þ
Hence, diagonalization of the experimentally determined correction matrix DL

leads to DF and the force constant matrix F0 þDF, which correctly reproduces
experimental frequencies. Once the force constant matrix F0 þDF is determined,
one can apply the adiabaticmode analysis in the sameway as it is applied to calculated
vibrational spectra.

Equation 4.54 can also be used if only part of a vibrational spectrum of a given
molecule has been measured. Those frequencies, which have not been experimen
tally observed, can be taken from calculated spectra after appropriate scaling. In this
way, experimental adiabatic frequencies can be determined for any molecule, for
which sufficient infrared and/or Raman information is available.
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4.4
Local Mode Properties Obtained from Experiment

As was shown in the previous section, both the mass and the electronic coupling are
responsible for the delocalized nature of the normal vibrational modes. Apart from
this, there is the problem of Fermi resonances. The transformation that leads to a
separation of the quadratic terms in Equation 4.9 does not separate the cubic and
quartic terms of expansion (4.6). These anharmonic terms are responsible for the fact
that an overtone or a combination band canmixwith the fundamental of a vibrational
mode. This phenomenon is called Fermi resonance and plays an important role in
vibrational spectroscopy [77, 78]. For example, the CH stretching modes undergo
Fermi resonances with the first overtone of the CH3 and CH2 bending modes
(both CCH and HCH bending). This leads to a shift in the CH stretching frequency
that makes the determination of a localized CH stretching frequency rather uncer
tain [41, 89 94].

Actually, the CH stretching motion and other XH stretching motions might be
considered as being ideally suited to represent localized modes. For example, the
stretching of a terminal bond couples always less than the motion of a bond in a
central position of the molecule. Second, the mass ratio of a heavy atom X and H is
optimal to reduce mass coupling. Finally, there are little electronic coupling effects
between XH bonds with other bonds (with the exception of hyperconjugation and
anomeric effects). If one compares the coupling between symmetry equivalent
stretching modes with the coupling between stretching modes involving the same
atom combinations, and the coupling between stretching modes involving different
atom combinations, then thefirst will always be present in symmetricmolecules and,
therefore, it will be the most important coupling effect for CH bonds whereas the
second and third effects have smaller importance. Considering also Fermi reso
nances, the chance of observing a localized CH or XH stretching motion in a
molecule is much smaller than might be expected. However, in certain situations
one can obtain local mode information nevertheless, which will be discussed in the
following section.

4.4.1
Isolated Stretching Modes

McKean considered the problem of deriving isolated CH stretching motions and
provided a simple solution by replacing in a givenmolecule all Hatoms but the target
H by their D isotope thus yielding CD2H andCDHgroups [41, 89 94]. The change in
mass decouples the remaining CH stretching mode from all CD stretching modes
and particularly those that previously (as CH stretching modes) coupled strongly
because of symmetry. In addition, one can make three other assumptions:

1) Due to isotope substitution, the CH stretching mode is largely isolated, which
means that it is decoupled not only from the CD stretching vibrations but also
from other stretching, bending, or torsional modes.
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2) For transition fromasymmetrical/symmetrical CHn vibrations to an isolatedCH
stretching mode, all anharmonicity effects stay the same.

3) After D isotope substitution, all Fermi resonances for the CH stretching mode
are suppressed.

As a result, the CH stretching mode is largely localized and the corresponding
mode frequency, that is, the isolated stretching frequencyvisoðCHÞ, can be considered
to accurately reflect the value of a local mode frequency.

McKean prepared a large number of isotopomers to measure isolated CH
stretching frequencies and to investigate their dependence on geometric and
electronic features of a given molecule [41, 89 94]. He showed that in this way CH
bonds can be used as sensitive antennae or probes testing the properties of
molecules. While his first work just focused on CH bonds, he and his coworkers
studied later also other XH bonds (X: Si, Ge). In addition, other authors used
McKean�s approach to describe local XH stretching modes [95 97].

Investigations involving other than CH bonds revealed the large difficulties an
experiment faces when a generalization of McKean�s approach is attempted. For the
purpose of decoupling one internal stretching mode from other stretching modes
of the same type, the change in mass by isotope substitution must be so large that it
significantly modifies the mass ratio. Replacement of H by deuterium results in a
doubling of the mass and a satisfactory suppression of coupling and Fermi reso
nances so that any residual coupling for the isolated CH stretching modes is
estimated to be less than 5 cm�1. For a CC bond, one would obtain a very small
effect if 12C is replaced by 13C or even 14C since the change in the mass ratio is
too small in these cases to play any significant role in the localization of the CC
stretching motion. Hence, this example demonstrates that the isolated stretching
frequencies are very useful quantities for the description of XH bonding in terms of
localmodes. However, a generalization of this approach faces toomany difficulties to
play any important role in the description of general ABbonds orwhen trying to verify
the applicability and limitations of the Badger rule. In this situation, theory hasmade
an important contribution.

Isolated stretchingmodes can be calculated for a givenmolecule containing a CHn

group by simply replacing for the calculation of the G matrix the masses of the
H atoms by those of the D isotopes but keeping for the isotopomer the force field of
the parent molecule. In this way, harmonic isolated CH stretching modes viso

n are
calculated, which can easily be compared with both McKean�s experimental viso

n

values for CH stretchings and AICoM CH stretchings. B3LYP/6 31G(d,p) calcula
tions produce isolated CH stretching frequencies, which correlate well
(R2¼ 0.985 [57]) with McKean�s experimental ones. Calculating also the correspond
ing AICoM CH frequencies reveals that AICoMs are the theoretical equivalences
of McKean�s isolated stretching modes:

a) There is a linear relationship between isolated CH stretching frequencies and
AICoM CH stretching frequencies with a correlation coefficient of 0.997.

b) Since the isolatedCHstretchingmodes can also be calculated, the equivalence of
AICoMs and isolated stretching modes can be quantified by the CNM analysis.
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With just a few exceptions discussed in the following, the overlap between
AICoM and isolated modes is above 99% (in two cases 98%).

c) The isolated CH stretching modes are local modes that imply a relaxation of the
electron density distribution upon perturbation of the CH equilibrium bond
length. We find very similar relaxation effects for calculated stretching modes
and AICoM stretching modes.

Exceptions are found for alkines for which a residual coupling between CH
stretching and triple bond stretching is observed. Acetylenic hydrogens are not
completely isolated from the C�C stretching as reflected by an adiabatic overlap
amplitude Anm, which is smaller than 96% when the CH stretching AICoM of
H CX is compared with the normal mode representing an isolated CH stretching
vibration. This explainswhy isolatedCH frequenciesviso

CH at a triply bondedCdeviate
from the linear relation between CH(AICoM) and isolated CH stretching frequen
cies [41]. Coupling leads to an error of 45 cm�1 in the isolated CH stretching
frequency of acetylene. Similar, but much smaller, residual mass and electronic
couplings probably exist for other CH couplings and explain the small scattering of
isolated stretching frequencies (errors about 5 cm�1) relative to the corresponding
AICoM frequencies.Hence, one has to consider the residual couplingwhen one uses
isolated stretching frequencies as a tool for structural analysis.

The fact that the isolated stretching frequencies can be replaced by AICoM
stretching frequencies as their theoretical counterparts leads to a number of
advantages: (1) The linear relationship between isolated CH stretching frequencies
and CH bond lengths found by McKean and used to predict unknown CH bond
lengths with an accuracy of �0.001Å, once the isolated CH stretching frequency is
measured, is confirmed for AICoM CH stretching frequencies [57] where both
experimental or calculated values can be used. (2) Contrary to the determination of
isolating stretching frequencies, which so far could be carried out only for XH
bonds [41, 89 94], AICoM stretching frequencies can be easily determined for each
bond of a molecule and McKean relationships can be established for all types of
bonds. For example, it could be demonstrated that a quadratic relationship between
the AICoM CC stretching frequencies and the CC bond length exists [57].

4.4.2
Local Mode Frequencies from Overtone Spectroscopy

Another way of obtaining information on localized XH stretchingmodes is to record
overtone spectra of these vibrational modes [98]. Henry has pioneered this work by
showing that the higher overtones of an XHmode can be reasonably well described
with an anharmonic potential of a quasidiatomicmolecule [98, 99]. Higher overtones
ðDv � 3Þ of XH stretching modes reveal considerable local mode character. For
overtones with Dv ¼ 5; 6, one observes mostly one band for each unique XH bond,
even if there are several symmetry equivalent XH bonds in the molecule. In
fundamental and lower overtone modes, there is always a splitting of the frequency
into, for example, a symmetric and an antisymmetric mode frequency of two
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symmetry equivalent XH stretchingmodes, but this splitting virtually disappears for
overtones with Dv � 5. In general, the different linear combinations of symmetry
equivalent XH stretchings become effectively degenerate for the higher overtones.

Since the overtone intensity decreases for each higher overtone level, conventional
spectroscopy cannot be used for overtones with Dv larger than 4. In gas phase
investigations, the higher overtones are recorded by intracavity dye laser photoacustic
spectroscopy, which uses sophisticated techniques to enhance the signal to noise
ratio in the overtone spectra [98]. The local XH stretching modes are highly
anharmonic. The very presence of overtones indicates that XH modes are anhar
monic where the more the anharmonicity increases the higher the overtone is.

The local mode behavior of the fifth overtone ðv ¼ 6Þ of CH stretching modes can
be verified by comparison with the corresponding AICoM frequency. In Table 4.3,
frequencies for the fifth overtone of CH stretchings of alkane, alkenes, and aromatic
molecules are listed [100 102]. The values for thiophene are taken from liquid phase
spectra whereas all other spectra were measured for the gas phase at room temper
ature. For isoxazole, there are only two overtone frequencies for the fifth overtone,
which suggests that the difference between the overtones of the stretching motions
of the C(4)H and C(5)H bonds are too small to be detected in the spectra. Similarly
for toluene, the overtone spectra cannot resolve any difference between the overtones
of the meta and para CH stretchings.

In Figure 4.3, AICoM frequencies va
nðCHÞ are correlated with frequencies taken

from overtone spectroscopy (see Table 4.3). There is a linear relationship between the
two quantities (correlation coefficient R2 ¼ 0:990), which again confirms that
AICoMs are suitable local vibrational modes that are related to the local modes of
overtone spectroscopy.

The use of overtone spectroscopy as a means of obtaining information on local
vibrational modes and their properties is limited to terminal bonds, of which so far
only XH (X¼C, N, O, S, and so on [103, 104]) bonds were investigated. Although
coupling due to the potential energy (electronic coupling) is significant only for
delocalized bonds, there is always coupling between local modes due to the kinetic
energy (mass coupling). This couplingwill beweak in the overtone spectra if themass
ratio between the two atoms of the bond considered is small as in the case of XH
bonds. The investigation of isotopomers improves the situation, but these improve
ments are limited to XH bonds where the D,H mass ratio is favorable. Hence, a
generalization of the localmode description by overtone spectroscopy is not possible.

4.4.3
Local Mode Information via an Averaging of Frequencies: Intrinsic Frequencies

Spectroscopists have often tried to assess the properties of local modes by simple
averagingmethods. For example, if twoCHstretchingmodes in aCH2 group interact
to give a symmetric and an antisymmetric stretching mode, one can estimate the
frequency of the corresponding local CHmode by taking the arithmetic mean of the
frequencies of the symmetric and antisymmetric CH stretching vibration. A theo
retical approach based on this idea was suggested by Boatz and Gordon [105], who
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derived the intrinsic frequencies vBG
n as representatives of local mode frequencies

associated with an internal coordinate qn.

ðvBG
n Þ2 ¼

XNvib

m 1

XNParm

m 1

Pm
nmv

2
m ð4:58Þ

Table 4.3 Comparison of measured overtone frequencies for CH stretching ðDv 6Þ with the
corresponding B3LYP/6 31G(d,p) AICoM frequencies for various organic molecules.a)

Molecule Bond va
n Dv 6

Methane 3129 16150
Fluoromethane 3074 15972
Chloromethane 3152 16216
Ethane 3085 15824
Ethene 3188 16550
Ethyne 3437 18430
Propane CH3, ip 3085 15845

CH3, op 3074 15746
CH2 3047 15562

Cyclopropane 3180 16504
Benzene 3186 16550
Furan C(O) H 3285 17223

C(C) H 3261 17121
Isoxazole C(O) H 3273 17143b)

C(C) H 3284 17143b)

C(N) H 3248 16911b)

Thiophene C(S) H 3260 16890c)

C(C) H 3218 16700c)

Propene C H(trans) 3195 16569
C H(cis) 3175 16395

H (Me)C 3138 16236
CH3, ip 3099 15895
CH3, op 3055 15681

n Butane CH3, ip 3086 15829
CH3, op 3074 15751
CH2 3036 15473

Isobutene CH2 3186 16474
CH3, ip 3107 15978
CH3, op 3050 15628

Isobutane CH 3015 15305
CH3, ip 3065 15683
CH3, op 3079 15804

Toluene C(ortho) H 3170 16430
C(meta) H 3184 16543
C(para) H 3188 16543
CH3, ip 3055
CH3, op 3062

a)b)c) Measured frequencies fromRefs [100 102]. ip andopdenote in-plane andout-of-plane hydrogen
atoms. All frequencies in cm 1.
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where Pm
nm leads to the PED amplitudes [105] and NParm defines the number of

internal parameters used in the set of internal coordinates.NParm will be equal toNvib

if a nonredundant parameter set is used; however, in general,NParm canbe larger than
Nvib for the calculation of the intrinsic frequencies.

Equation 4.58 reveals that the intrinsic frequencies vBG
n are constructed as an

average of those normal mode frequencies that have nonzero PED amplitudes for
the internal parameters qn. This averaging approach leads to problemswhen trying to
obtain reliable local mode information, which becomes obvious when comparing
intrinsic modes with AICoMs.

1) The intrinsic frequency is a frequency without a vibrationalmode. This has to do
with the fact that the derivation of vBG

n does not explicitly revert to a dynamic
principle. AICoM frequencies correspond to AICoM vectors, which in turn are
based on the leading parameter principle (the dynamic principle [79]) and the
modified Euler Lagrange equations for the vibrational problem expressed in
terms of local modes.

2) The intrinsic frequencies are parameter set dependent whereas the AICoM
frequencies are completely independent of the size and the composition of the
set of internal coordinates used for the description of the molecular geometry.

3) Intrinsic frequencies can become negative for a true equilibrium geometry,
which is not the case for AICoMs.

4) Intrinsic frequencies reflect the molecular symmetry only when redundant
coordinate sets are used. AICoM frequencies comply with the molecular
symmetry, no matter whether redundant or nonredundant parameter sets are
used to describe the internal vibrations.

5) For the intrinsic frequencies, electronic and mass effects are not correctly
separated, which is a problem when discussing electronic effects in terms of

Figure 4.3 Correlation of measured overtone frequencies Dv 6 for CH stretching modes with
the corresponding calculated adiabatic CH stretching frequencies. For details, see Table 4.3.
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intrinsic frequencies. However, for the AICoM frequencies electronic and mass
effects are clearly separated.

6) As a consequence of (5), intrinsic frequencies do not only lack an intrinsic mode
but also an intrinsic force constant, which are both defined for AICoMs.

For the purpose of showing some of the deficiencies of the intrinsic frequencies,
in Table 4.4 intrinsic and AICoM frequencies for methane are listed employing
HF/6 31G(d,p) theory and using eight incomplete (nonredundant) parameter sets
(1 8 internal coordinates), one complete, nonredundant parameter set (3K L¼ 9
internal coordinates), and one overcomplete, redundant parameter set with 10
internal coordinates. From Table 4.4, it can be seen that the intrinsic frequencies
adopt different values for different numbers of coordinates in the parameter set. Even
worse, for a given parameter set the intrinsic frequencies can take different values
for symmetry equivalent stretching and bending modes. Even for the complete,
nonredundant parameter set with nine parameters, the intrinsic frequencies for the
bendingmotions are different. When this is remedied in the way suggested by Boatz
and Gordon [105], the bending frequencies vBG

n become identical. Upon increasing
the parameter set, the intrinsic frequencies decrease toward the values of the
redundant set.

For the AICoM frequencies of methane, just two values are obtained, namely,
3255 cm�1 for CH stretchings and 1560 cm�1 for HCH bendings, no matter how
many coordinates are used in the parameter set (see Table 4.4). It is obvious that the
intrinsic frequencies of the redundant parameter set are the only one that should be
compared with the AICoM frequencies and used for the discussion of electronic

Table 4.4 Intrinsic frequencies vBG
n and AICoM frequencies va

n in cm 1 given for 10 different
parameter sets of CH4 as calculated at the HF/6 31G(d,p) level of theory.a).

1 2 3 4 5 6 7 8 9 10

vBG
n

CH1 3461 3452 3421 3322 3306 3286 3261 3261 3261 3261
CH2 3452 3421 3322 3306 3293 3276 3272 3261 3261
CH3 3421 3322 3306 3293 3276 3272 3261 3261
CH4 3322 3306 3286 3276 3261 3261 3261
H2CH1 1570 1563 1551 1529 1577 1419
H3CH1 1563 1551 1529 1460 1419
H4CH1 1551 1577 1577 1419
H2CH3 1577 1577 1419
H3CH4 1577 1419
H4CH2 1419
va

n

All CH 3255 3255 3255 3255 3255 3255 3255 3255 3255 3255
All HCH 1560 1560 1560 1560 1560 1560

a) The composition of parameter sets 1 10 (top line) is obtained by adding internal coordinates in
the first column, that is, parameter set 1 contains just the CH1 bond length, parameter set 2 the
bond lengths CH1, CH2, and so on.
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structure. However, it is by no means clear how intrinsic frequencies of similar
reliability are obtained for a larger molecule with no symmetry at all. We have found
in this work that for normal acyclic molecules using complete, nonredundant basis
sets the intrinsic frequencies of stretching modes may agree well with the adiabatic
frequencies. Problems arise with bending frequencies and even more with torsional
frequencies, which can become negative.

4.4.4
Compliance Force Constants

A way of obtaining local mode information, although it does not appear so on first
sight, is to use compliance force constants. The latter are obtained when expressing
the potential energy of amolecule in terms of generalized displacement forces rather
than internal displacement coordinates (see Equation 4.26) [106, 107]:

VðgÞ ¼ 1
2
gqCg ð4:59Þ

where the elements of the compliance matrix C are given as the partial second
derivatives of the potential energy V with regard to forces fi ¼ gi and fj ¼ gj:

Cij ¼ q2V
qfiqfj

ð4:60Þ

The gradient vector gq of Equation 4.59 can be obtained by differentiation of
Equation 4.26:

gq ¼ Fq ð4:61Þ

thus yielding

VðgÞ ¼ 1
2
q�F�CFq ð4:62Þ

Comparing Equation 4.62 with Equation 4.26 clarifies that the compliance matrix
C is identical with the inverse of the force constant matrix:

C ¼ F�1 ð4:63Þ
From Equation 4.61, one sees that

q ¼ F�1g ð4:64Þ
Hence, the diagonal compliance force constantCii gives the displacement of internal
coordinate qi under the impact of a unit force while all other forces are allowed to
relax [107]. This leads to the fact that off diagonal elements of C are largely reduced.
Although the compliance force constants are force constants without a vibrational
mode, there seems to be some relationship with adiabatic force constants and as
a result also with the local modes associated with the adiabatic force constants.
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The compliance force constants are largely independent of the internal coordinate
set used. In a similar way as the adiabatic force constants describe the strength of
a bond, the compliance force constants measure its weakness (the larger CðABÞ the
weaker is bond AB, the smaller CðABÞ the stronger is bond AB). Compliance force
constants have been used to describe the gallium, gallium triple bond [108], the
strength of the NN and CO bond in NNHþ and COHþ , respectively [109] or
H bonding in Watson Crick base pairs [110].

It will be interesting to derive the relationship between adiabatic and compliance
force constants and to investigate whether both force constants can be used in a
confirmative or even complementary way when describing chemical bonding.

4.5
Badger-type Relationships for Polyatomic Molecules

The vibrational spectra of 51 polyatomicmolecules with a total of 170 different bonds
were analyzed for the purpose of determining adiabatic and c vector vibrational
modes. Exclusively, thosemoleculeswere considered forwhichmeasured vibrational
data are available so that either directly orwith the approachdescribed inSection 4.3.5
experimental AICoMs and c vector modes could be determined and compared
with the corresponding modes calculated at the B3LYP/6 31G(d,p) level of theory.
This objective of the current analysis limited the molecules investigated exclusively
to neutral closed shell systems with normal bonding situations. This has to be
considered when discussing the generalization of the Badger rule to polyatomic
molecules.

The analysis of the stretching force constants and frequencies provided new
insights into the usefulness of AICoMs. Calculated and experimental adiabatic
frequencies correlate with a correlation coefficientR2 of 0.997. The harmonicAICoM
frequencies can be scaled down to experimental AICoM frequencies using a factor
of 0.963. Similarly, calculated AICoM stretching force constants, if multiplied by
0.928, satisfactorily agree with experimental AICoM stretching force constants.
Hence, it will be possible to base future studies on calculated adiabatic stretching
modes. The correlation ofAICoMstretching frequencies and force constantswith the
corresponding c modes values led to a somewhat lower correlation coefficient R2 of
0.988. Analysis of the data revealed that c mode stretching force constants are always
somewhat larger than AICoM force constants where the difference kc ka can be
considered as a measure for the degree of mode coupling of the bond stretching
vibration. For CH stretching force constants, deviations are between 0.05 and 0.10
mdyne/Å, whereas for CC stretching force constants deviations increase to 0.2 0.3
mdyne/Å. If carbon is bonded to a hetero atom, a further increase in the deviation
from AICoM force constants is found. However, deviations decrease when compar
ing CX single bonds with double and triple bonds. Adiabatic and c vector force
constants for triple bonds do hardly differ.

Not surprisingly, deviations as large as 1.9 mdyne/Å are found for CC and CX
bonds in conjugated five and six membered rings. In general, strained cyclic and
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polycyclic systems lead to a relatively large coupling effect of bond stretchingmotions
with other stretching and bending motions. These observations clearly show that
c mode vibrations mostly used in vibrational analysis are not suited to study bond
properties. It remains to be clarified why studies based on these modes could lead to
Badger type relationships. A typical example is the study of Ohno and coworkers who
could derive a Badger type relationship for 74 different CX bonds using c vector
vibrational modes [61]. The CX double and triple bonds investigated outnumbered
the CX single bonds by a factor 2, that is, only a relatively small number of single
bondswere considered. Also, the number of caseswithXbelonging to the third or the
fourth period was large. Finally, all molecules with divalent Si or Ge were excluded
from the test set as was also the case for triply bonded Si and Ge. Hence, the set of
investigated molecules did not contain any �problem� cases and c vector stretching
force constants, although contaminated by coupling contributions, seemed to verify
the Badger rule.

In Figure 4.4, the AICoM stretching force constants of 51 polyatomic molecules
are given in dependence of the corresponding bond lengths. Hence, Figure 4.4 is
based on the description of each polyatomic molecule as a collection of N quasi
diatomics where N is the number of bonds in the molecule. In so far it is not
surprising that the diagrams in Figure 4.4 are closely related to those obtained for
diatomic molecules (Figure 4.1). However, one essential difference between the
Badger type diagrams for diatomics and those for polyatomics becomes obvious: In
the case of the lattermolecules, there is one ke re curve for each type of bond, that is,
the curves forOH,NH,CH, andBHbonds are all different, even though they seem to
be closely related. This also holds for the relationships describing CC, CN, or CO
bonds. We note that this observation is in agreement with the prediction made in
Chapter 4.2 and suggests that for each bond type AB specified by atoms A and B and

Figure 4.4 Adiabatic stretching force constants given in dependence of equilibrium bond lengths
both calculated at the B3LYP/6 31G(d,p) level of theory for polyatomic molecules.
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the electronic state of the polyatomic molecule an individual curve can be expected.
The curves grouped according to A(period i) B(period j) combinations, however, do
not coincide.

We have used various ways of fitting the data in Figure 4.4: The original Badger
formula was tested, that is, ðkaABÞ�1=3 was plotted against re, but other possible
relationships were also tested, which led to ðkaABÞ�1=p with p¼ 2, 4, 5, or 6 in the
general form of (4.65):

k�1=p ¼ are þ b p ¼ 2 6 ð4:65Þ
The results of these tests can be summarized as follows:

1) Badger�s rule is fulfilled for individual bonds of polyatomic molecules provided
that they are described by the AICoM concept and all bonds considered possess
similar electronic features. The correlation coefficients are between 0.98 and
0.99 or even higher.However, if cations, anions, or open shell cases are included,
the scattering of data points will increase as seen in the case of the diatomics.

2) According to the calculated correlation coefficients, there is hardly any difference
whether p¼ 3, 4, 5, or 6 is used in relationship (4.65).One can avoid relationships
of the form (4.65) by using the exponential form (4.66) previously suggested by
other authors (entries 31, 33, 47, 50, and 53 in Table 4.1):

kan ¼ ae�bre ð4:66Þ
The exponential dependence of the adiabatic force constant on the calculated bond
length in Equation 4.66 accounts for all possibilities provided by Equation 4.65.

By defining an effective bond length, the curves of Figure 4.4 can bemerged in one
XH and one CX curve (see, for example, Figure 4.5). This provides evidence that

Figure 4.5 Merging of CX Badger type relationships from Figure 4.4 by introducing an effective
bond length R.
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a universal Badger type relationship can be derived on the basis of hard sphere
adjustment parameters dAB characteristic of A and B, their charge, and spin situation
rather than just the location of A and B in periods i and j. Work is in progress to
determine these parameters.

4.6
Conclusions

A universal relationship between bond length rðABÞ and bond stretching force
constant kðABÞ valid for both diatomic and polyatomicmolecules can be derived only
if two major prerequisites are fulfilled.

1) The bond stretching force constant must correspond to a local stretching mode
that is characteristic of the bond AB only. A generally applicable way of deriving
local modes is provided by the adiabatic internal coordinate mode concept. As
described in this work, AICoMs can be determined for all bonds of a molecule
using either calculated or experimental vibrational mode frequencies. AICoMs
have been verified in this work as suitable local modes by comparing them with
McKean�s isolated XH stretchingmodes and the local CHmodes from overtone
spectroscopy. They differ from c vector modes because the latter are contam
inated by the couplingwith other vibrationalmodes. The averaging of vibrational
frequencies to obtain local mode information is also not suitable because it can
lead to physically not meaningful local mode frequencies.

2) In view of the increasing size of an atomA or B with the number of its electrons,
a universal bond length force constant relationship must be based on effective
bond lengths, which are corrected for the different hard sphere sizes of A and B.
Thiswork has shown that correction parameters cannot be uniformly defined for
all atoms of a period i and all atoms of a second period j. Instead, they have to
consider the charge and spinmultiplicity of bondAB (or themolecule containing
bond AB). In addition, one has to consider that in strained molecules such as
cyclopropane the actual bond path is significantly longer than the internuclear
distance because of the (concave or convex) bond bending. Because of this, the
stretching force constant turns out to be smaller (indicating a weaker bond) than
the length of the bond might suggest.

The results obtained in this work indicate that different bonding situations (single,
double, triple bonded AB) of closed shell molecules can be described with just one
hard sphere parameter. Test calculations for cations and anions (not described in this
chapter) suggest that the number of parameters for a given bondABwill not be larger
than 3 or 4 because in this way cationic, anionic, closed, and open shell situations can
be described for a large body of molecules containing bond AB. Work is in progress
to determine hard sphere parameters for bonds formed by atoms of the first three
periods in a systematic way. This work will lead to a universal Badger type relation
ship that will facilitate the derivation of suitable initial guesses of the Hessian matrix
in quantum chemical geometry optimizations, the construction of force fields, and
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the prediction of bond lengths from measured vibrational data in surface studies,
for molecular aggregates, and catalysis. Conversely, calculated bond lengths can be
used to predict via the stretching force constant the strength of the bond.
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5
The Simulation of UV-Vis Spectroscopy
with Computational Methods
Benedetta Mennucci

5.1
Introduction

In the past 10 years, quantum chemistry has developed toward the modeling of
systems of increasing complexity. Among the most active research lines, there is
one aiming at an accurate description of molecular (and supramolecular) systems
in their electronically excited states [1]. The enormous progress in time dependent
spectroscopies, in fact, has allowed a detailed study of the process of formation and
relaxation of excited states and has pushed theoretical chemists to develop new
methods and efficient computational strategies able to simulate such a process. In
parallel, the development of new branches of technological research focusing on
the process of capture and conversion of light has shown that a reliable quantum
description of the phenomenon of photoexcitation in molecular systems and
materials is of fundamental importance to designing and optimizing efficient
devices.

Although quantum chemistry has since long developed theoretical methods and
computational approaches to describe excited states [2], however the older quantum
methods were either very expensive or extremely approximated and thus they could
not be applied to systems of real interest for spectroscopic and/or technological
applications. In addition, to successfully apply these formulations it was often
necessary to have a large experience in both quantum theories and computational
techniques. For years, all these aspects limited the modeling of excited states and
related phenomena to a few very specialized research groups. Things have started to
really change after the enormous success ofmethods based on the density functional
theory (DFT) [3] for ground state systems. This success, in fact, encouraged a search
for a time dependent theory of a similar flavor (TDDFT) [4] that could be applied
to excited states. It is exactly the development of TDDFT approaches that, by
combining computational efficiency with ease if use, has pushed many researchers
(not only with quantum or computational background) to shift their studies toward
processes and phenomena involving electronic excitations.
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In this new (or enhanced) interest in the modeling of electronically excited states,
an important role is played by UVVis spectroscopy. This, in fact, is the first
fundamental test of any theoretical method aiming at describing photoinduced
processes and at the same time at becoming a useful tool to calibrate computational
methodologies so as to obtain not only accuracy and reliability but also efficiency. In
this calibration process, a furthermodelistic aspect that has to be carefully considered
is the environment and its effects on the structure and the electronic properties of the
molecular systems undergoing excitation. The coupling between quantummechan
ical methods and solvation models represents a very active research line for many
years, and now an important part of this research has been shifted to approaches that
can describe formation and relaxation of excited states of solvated (or more generally
embedded) systems [5].

From this brief excursus comes out clearly the large complexity involved in
characterizing any description of excited states. Indeed, a reliable and accurate
approach for realistic molecules in real life environments is still an open problem.
Some effective strategies based on cleverly chosen approximations are, however,
available. These are exactly the focus of this chapter in which a review of the main
aspects of the computational simulation of UVVis spectra of molecular systems is
presented. The first section of this chapter will focus on the QM methods used to
describe electronic excitations, the second will present models to include effects that
environment has on such excitations, the third will focus on the computational
strategies developed to simulate the entire spectra, and the fourth will summarize
some studies appeared in the literature and selected here as illustrative examples
of applications. Finally, in the fifth section some conclusive remarks will be made
together with some comments on the main aspects that still require further
development both in the theoretical and in the computational tools.

5.2
Quantum Mechanical Methods

The quantum chemical approaches for the calculation of excited states and their
properties are generally divided into three groups: (1) wavefunction based ab initio
methods, (2) semiempirical methods, and (3) density functional theory based
approaches.

Wavefunction based ab initio methods for the calculation of excited states of
molecular systems can be divided into single reference andmultireferencemethods,
on the one hand, and into configuration interaction and coupled cluster methods,
on the other hand.

In configuration interaction type calculations, the electronicmany bodywavefunc
tion is constructed as a linear combination of the ground state Slater determinant and
�excited� determinants, which are obtained by replacing occupied orbitals with
virtual ones. In this framework, the exact numerical solution of the Schr€odinger
equation within the chosen atomic basis set would correspond to include all possible
�excited� determinants (full CI). Such calculations are extremely expensive and at
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present feasible only for very small systems. As a consequence, one has to truncate
the CI expansion; in particular, if one stops after the �singly� excited determinants,
the widespread method called CIS (configuration interaction singles) is obtained [6].
The obvious limits of such a description may be partially overcome if a linear
combination of all possible single excited determinants is used to build the excited
state wavefunction. The main problem of the CIS method is the basic lack of
correlation energy. As a result, excitation energies computed with the CIS method
are usually overestimated up to 0.5 2 eV compared to their experimental values.
Despite these limitations, the CIS method possesses some useful properties; for
example, it is variational and size consistent. In addition, the excited state energies
are analytically differentiable with respect to external parameters, for example,
nuclear displacements and external fields, which makes possible the application of
analytic gradient techniques for the calculation of excited state properties such as
equilibrium geometries and vibrational frequencies.

To make CI calculations computationally feasible, a different approximation with
respect to the CI truncation is made defining an active space of occupied and virtual
orbitals in which all possible �excited� determinants are constructed. Since such an
approximation can significantly reduce the flexibility of the CI wavefunction, in
general one has to reoptimize the molecular orbitals during the minimization
procedure to improve the accuracy. The resulting approach is known as the complete
active space self consistent field (CASSCF) [7]. In an analogy to CIS, CASSCF
analytical derivatives are available allowing efficient optimization of excited state
geometries and localization of conical intersections. However, from a computational
point of view, CASSCF calculations become quickly very expensive since the
computational effort increases exponentially with the size of the active space. In
addition, three general problems exist with CASSCF calculations.

First, the choice of the active space is not unique, but a careful analysis of both the
chemical nature of the system and the physical nature of the orbitals is required.
Second, the relative energies of the calculated excited states and their energetic
ordering strongly depend on the choice of the state for which the orbitals are
optimized. One way to partially circumvent this problem is to perform a state
averaged CASSCF calculation, in which the orbitals are optimized with respect to a
weightedmean of all states of interest. Third, too small active spaces and concomitant
neglect of large parts of dynamic electron correlation can lead to significant errors and
an unbalanced treatment of electronic states of different nature. A very successful,
but also expensive, approach to include dynamic electron correlation is a second
order perturbation theory on awavefunction obtained from a state averagedCASSCF
calculation: this approach is knownasCASPT2 [8]. Analytical CASPT2 gradients have
been also developed [9].

Correlation can also be included in single reference wavefunction methods, for
instance, through coupled cluster (CC) theory [10]. CC is exact when all the possible
excitations are included, but in practice the expansion is truncated at a given order.
Themostwidely used truncation order implies single anddouble excitations (CCSD).
Because of the nonlinearity of the exponential wave operator, higher order excitations
are included at this level of truncation, so that CCSD is a dramatic improvement over
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configuration interaction singles and doubles (CISD). The success and limitation of
CCSD are also related to its computational cost, as it scales iteratively at O(N6), where
N is the number of basis functions, so this method is feasible only for small and
medium sized molecules. CC theory has been extended to excited state calculation
through the equation of motion (EOM) formalism [11] or alternatively through the
linear response (LR) formalism [12] (these two approaches are equivalent for
transition energies). EOM CC scales as the ground state at a certain level of
truncation; thus, the same systems that are accessible at CCSD level can be in
general also treated at EOM CCSD level for the excited states.

Closely related to these coupled cluster theories is the symmetry adapted cluster
configuration interaction (SAC CI) approach [13] and approximate coupled cluster
schemes of second or third order (CC2, CC3) [14]. At present, analytical gradients for
excited states in single configuration methods are available, at a high computational
cost, at the SAC CI [15], EOM CCSD [16], and CC2 [17] levels.

Meanwhile, semiempirical approaches were also successfully applied to the
calculation of photoinitiated processes in molecular systems; the most common
approach is the intermediate neglect of differential overlap (INDO/S) method in
combination with a CIS formalism developed by Zerner (the method is also
known as ZINDO) [18]. The simple structure of the one and two electron integrals
allows an efficient and fast computation of excited states of very large molecular
systems. The accuracy of the method, however, is unpredictable, and careful
comparison with experiment and/or higher level computations must be made.
However, the quantitative aspect of the results obtained was found to be highly
system dependent and thus practically unpredictable. More recently, calculations
carried out for organic dyes have indicated that PM5 could be a promising
approach [19], but such a claim remains to be tested on a broader set of transitions
and molecules.

As anticipated in the introduction, in the last few years there has been an
explosion of interest in DFT driven largely by its applications in quantum
chemistry. This is because of the recent progress made in the accuracy of available
approximations and the wealth of chemical problems that can be tackled with such
a computationally inexpensive tool. The success of DFTmethods for ground state
systems has pushed researchers to extend the theory to excited states. This has led
to the development of the linear response regime within a time dependent DFT
(TDDFT) approach. The linear response of any system can, in fact, be used to
determine its excitation energies. In fact, by simply applying an oscillating
potential and varying its frequency, a resonance occurs whenever the frequency
equals the difference of two energy eigenvalues of the system. The basic idea is to
apply time dependent perturbation theory to first order and to describe the time
dependent linear response of the one particle density to a time dependent oscil
lating electric field. Before the time dependent electric field is applied, the
molecular system is assumed to be in its electronic ground state, that is, to obey
the ground state Kohn Sham equation. Now a time dependent oscillating electric
field is applied, and as a consequence, the Kohn Sham orbitals, the electron
density, and the Kohn Sham operator will change, since the latter depends on the
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orbitals. If the field is a small perturbation, the new density can in first order be
written as

rðr; tÞ ¼ r0ðrÞþ drðr; tÞ ð5:1Þ
Equation 5.1 when inserted into the time dependent Kohn Sham equation yields,

after Fourier transformation into the energy space, the TDDFT equation for the
excitation energies and transition vectors. In compact matrix notation, the TDDFT
equations read [20]

A B

B* A*

� �
X

Y

� �
¼ v

1 0

0 1

� �
X

Y

� �
ð5:2Þ

where the matrices A and B are the Hessians of the electronic energy; for example,
for a hybrid exchange correlation functional, their elements become

Aia; jb¼ dabdijðea eiÞþ h jajibi cHFh jijabiþ ð1 cHFÞh jaj fxcjibi
Bia; jb¼h jajbii cHFh jbjaiiþ ð1 cHFÞh jaj fxcjbii

ð5:3Þ

The leading term on the diagonal of the Amatrix is the difference of the energies
of the orbitals i and a, which are the ones from which and to which the electron is
excited, respectively (indices i, j, . . ., label occupied, a, b, . . ., virtual orbitals). The
second term of the A matrix and the elements of the B matrix contain the
antisymmetrized two electron integrals and they follow from the linear response
of the Coulomb and exchange correlation (xc) operators to the first order changes
in the single particle orbitals. In Equation 5.3, we have used the hybrid mixing
parameter cHF that allows us to interpolate between the limits of �pure� density
functionals (cHF¼ 0, no �exact� exchange) and HF theory (cHF¼ 1, full exchange, no
correlation).

Equation 5.2 is a non Hermitian eigenvalue equation, the solution of which yields
excitation energies v and transition vectors |XYidetermining the first order change
in the density and thereby the excited state wavefunction. Although the exchange
correlation kernel fxc of Equations 5.3 formally depends on energy, in practical
calculations standard ground state xc functionals are employed to evaluate those
terms. This is a consequence of the so called adiabatic local density approximation
(ALDA) [21].

It is worth noting that Equations 5.2 5.3 contain different but closely related
schemes for the calculation of excited states. If the coefficient cHF is equal to 1, the
scheme reduces to the time dependent Hartree Fock (TDHF). In addition, if the
Tamm Dancoff approximation (TDA) is introduced, which means that the Bmatrix
is neglected in Equation 5.2, the TDHF scheme reduces to CIS. This shows that the
CIS scheme can be obtained either via the CI formalism as presented previously or
via linear response theory.

So far, simulation and assignment of vertical electronic absorption spectra have
been the main task of TDDFT calculations in chemistry. Most benchmark studies
agree that low lying valence excitations are predicted with errors of about 0.4 eV by
local density approximation (LDA) and generalized gradient approximation (GGA)
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functionals. Hybrid functionals can be more accurate but display a less systematic
error pattern [22] (see Section 5.5 for more details).

The reason for the accuracy of TDDFTexcitation energies is that the difference of
theKohn Shamorbital energies, which are the leading termof the diagonal elements
of the A matrix in Equation 5.3, is usually an excellent approximation for excitation
energies. This is because the virtual KS orbital energies are evaluated for the
N electron system and, thus, correspond more to the single particle energy of an
excited electron than to the energy of an additional electron as in Hartree Fock
theory, where the virtual orbital energies are evaluated for theN þ 1 electron system.
Consequently, orbital energy differences are a much better estimate for valence
excited states in KS DFT than in HF theory.

Although TDDFT performs usually very well for valence excited states, it is now
well known that it has severe problemswith the correct description of Rydberg states,
valence states of molecules exhibiting extended p systems, doubly excited states, and
charge transfer excited states [23]. For such states, the errors in the excitation energies
can be as large as a few electron volts, and the potential energy surfaces (PES) can
exhibit incorrect curvature.

The problems with Rydberg states and extended p systems can be attributed to the
wrong long range behavior of current standard xc functionals. In the case of excited
charge transfer (CT) states, the excitation energies are quite too low (by up to 1 eV)
and the potential energy curves do not exhibit the correct 1/R asymptote when R
corresponds to a distance coordinate between the positive and the negative charges of
the CTstate. The 1/R failure of TDDFTemploying pure standard xc functionals has,
in fact, been understood as an electron transfer self interaction error [24]. This
electron transfer self interaction effect is canceled in TDHF by the response of the
HF exchange term. At present, several different pathways are starting to emerge to
address this substantial failure of TDDFT for CTstates and to correct for it. Themost
obvious way is to improve the xc functional by including exact exchange in the
unperturbed Hamiltonian, either in the form of nonlocal Hartree Fock exchange or
in the form of the exact local Kohn Sham exchange potential. Inclusion of nonlocal
Hartree Fock exchange has been realized in a few schemes so far. In all these
schemes, the Coulomb operator of the Hamiltonian is split into two parts: a short
range (SR) and a long range (LR) part [25]:

1
u
¼ 1 erf ðvuÞ

u

� �
SR

þ erf ðvuÞ
u

� �
LR

ð5:4Þ

where the screening parameter v defines the range separation and u represents the
interelectronic distance. Short range exchange is then treated primarily using a local
functional; long range exchange is treated primarily using exact orbital exchange. For
example, the Coulomb attenuated CAM B3LYP [26] functional contains just 20%
exact exchange at short range, like a conventional hybrid, but 65% at long range.

Recently, an extensive assessment of the performance of the CAM B3LYP for the
calculation of local, Rydberg, and intramolecular CT excitation energies was pre
sented [27]. By comparing CAM B3LYP with standard GGA and hybrid functionals,
a quantification of the extent to which excitation energy errors correlate with the
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spatial overlap between the occupied and the virtual orbitals is found. The results
suggest that it is inappropriate to say that standard GGA functionals fail to describe
CT excitations. Indeed, the degree of CT in the sense of how much the occupied
and virtual orbitals overlap must be quantified before judgment can be made.

Simulation and assignment of vertical electronic absorption spectra surely con
stitute the main application of TDDFTcalculations in chemistry; however, by solving
the same TDDFT equations, other spectroscopies can be simulated. In particular,
electronic circular dichroism (ECD) is easily obtained. The CD effect is, in fact,
expressed as the difference between themolar extinction coefficients for left and right
circularly polarized light that is related to the rotatory strength of the transition
between ground and excited states. In turn, the rotatory strength can be derived from
quantummechanical theory as the product of the electric dipole andmagnetic dipole
transition moments. Both of them are obtained in a straightforward manner from
TDDFT, as it will be shown in Chapter 9; by combining rotatory strengths with
excitation energies, the full ECD spectra of many molecular systems have been
calculated.

In recent years, TDDFT analytical gradients have been presented for the excited
states, making possible the efficient calculation of excited state properties such as
equilibrium geometries and dipole moments [28]. Owing to the more limited
number of available studies so far, however, it is still not clear if TDDFT behaves
with respect to properties/geometries of the excited states exactly as for excitation
energies (and transition properties). It could, in fact, be possible that cancellations of
errors that oftenmakeUVabsorption spectra well reproduced by the standard hybrid
functionals disappear with subsequent failure of the same functional in the evalu
ation of the state properties.

5.3
Modeling Solvent Effects

Solvents strongly influence the electronic spectral bands of individual species
measured by various spectrometric techniques (UV Vis, fluorescence spectroscopy,
etc.) [29]. Significant shifts in absorption and emission bands can be induced by a
change in solvent nature or composition; these shifts, called solvatochromic shifts,
are experimental evidence of changes in solvation energy. In fact, when a solute is
surrounded by solvent molecules, its ground state and its excited state are differently
stabilized by solute solvent interactions, depending on the chemical nature of both
solute and solvent molecules.

In addition to shifts, the solvent generally induces broadening of the absorption
and fluorescence bands as a result of the fluctuations in the structure of the solvation
shell around the solute. This effect, called inhomogeneous broadening, superim
poses homogeneous broadening because of the existence of a continuous set of
vibrational sublevels.

Numerous methods of describing solvatochromism in terms of solvent
characteristics have been proposed. It is worth mentioning here that the use of
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solvatochromism of betaine dyes was proposed by Reichardt as a probe of solvent
polarity [30]. The exceptionally strong solvatochromism shown by these compounds
can be explained by considering that in their ground state they are zwitterions while,
upon excitation, electron transfer occurs exactly in the direction of canceling this
charge separation. As a result, the dipole moment that is rather large in the ground
state becomes almost zero in the excited state and thus solvent interactions change
markedly leading to the observed negative solvatochromism.

An alternative approach to quantifying polarity effects was proposed by Kamlet
et al. [31]. According to this approach, the positions of the bands inUVVis absorption
and fluorescence spectra can be determined as

n ¼ n0 þ sp* þ aaþ bb ð5:5Þ
where n and n0 are the wave numbers of the band maxima in the solvent considered
and in the reference solvent (generally cyclohexane), respectively, p� is a measure of
the polarity/polarizability effects of the solvent, a is an index of solvent hydrogen
bond donor acidity, and b is an index of solvent hydrogen bond acceptor basicity. The
coefficients s, a, and b describe the sensitivity of a process to each of the individual
contributions.

The p� scale of Kamlet et al. deserves special recognition not only because it has
been successfully applied inmany studies (not limited toUVor fluorescence spectra,
and including many other physical or chemical parameters such as reaction rate,
equilibrium constant, etc.) but also because it gives a very clear introduction of the
problem. Namely, Equation 5.5 indicates that the twomain aspects to consider when
modeling solvent effects on excitation energies are polarity/polarizability effects and
hydrogen bonding.

In addition to these �time independent� effects, the processes of formation and
relaxation of the electronic excited states will be strictly coupled with the dynamics
of the solvent molecules. A well known extreme example of such a coupling is the
distinction between �nonequilibrium� and �equilibrium� solvation regimes follow
ing an electronic transition in the solute. The differences in the characteristic
response time of the various degrees of freedom of the solvent, in fact, may lead
to a solvation regime in which the slow components (i.e., those arising from
molecular translations and rotations) are not equilibrated with the excited state
electronic redistribution upon vertical excitation. The resulting nonequilibrium
regime will then relax into a new equilibrium in which the solvent is allowed to
completely equilibrate, that is, to reorganize all its degrees of freedom including
the slow ones. Especially for highly polar solvents, these two different regimes can
influence the properties of the solute excited states in very different ways.

This brief excursus on the various specificities introduced by the presence of the
solvent is sufficient to underline the complexity of the modeling of excited states in
solution. From such a large complexity, it follows that strong approximations are
necessary to be able to treat molecular systems of real interest and not only simple
model cases.

An effective and well diffused strategy to overcome most of the difficulties is to
introduce a focused approach, that is, a more accurate description of the molecular
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system of interest (the chromophore, possibly including small portions of the
environment) and a less accurate description of the remainder. There are different
formulations of the focused approach; the most common ones are the hybrid
QM/molecular mechanics (QM/MM) [32] and the continuum solvation models [33].
Both of them use a classical description for the environment, but while in the former
the microscopic nature of the solvent molecules is maintained, in the latter a
macroscopic dielectric is used. In both cases, we can introduce a similar QM picture
in terms of an effective Hamiltonian giving rise to an effective Schr€odinger equation
for the solvated solute. Introducing the standardBorn Oppenheimer approximation,
the solute electronic wavefunction will in fact satisfy the following equation:

Heff jYi ¼ ðH0 þHenvÞjYi ¼ EjYi ð5:6Þ
where H0 is the Hamiltonian of the isolated solute system and the operator Henv

introduces the coupling between the solute and the solvent. The form of the operator
Henv depends on the method used; in particular, for the two alternative schemes
analyzed here, we have

Henv ¼ HQM=MM þHMM QM=MM
HQM=cont QM=continuum

�
ð5:7Þ

In more common formulations of the QM/MM approaches, the MM system is
represented through atomic point charges; as a result, the first term in Equation 5.7
is the electrostatic interaction between the QM system and the point charges in the
MM part of the system:

HQM=MM !Hel ¼
X
m

qmðrmÞVðrmÞ ð5:8Þ

where V(rm) is the electrostatic potential operator due to solute electrons and nuclei
at the MM charges qm. This term is directly included in the one electron part of the
vacuum Hamiltonian. The HMM introduced in Equation 5.7 is the classical MM
energy; this term, however, is a contribution only to the energy and does not affect the
wavefunction.

Moving now toQM/continuumapproaches, we shall limit our exposition to the so
called apparent surface charges (ASC) version of such approaches, and in particular
to the family known with the acronym, PCM (polarizable continuummodel) [34]. In
this family of methods, the reaction potential HQM/cont introduced in Equation 5.7
has a form completely equivalent to the electrostatic part of the HQM/MM operator
defined in Equation 5.8, namely,

HQM=cont !HPCM ¼
X
s

qPCMs ðrsÞVðrsÞ ð5:9Þ

Now, the point charges qPCM are no longer centered on the solvent nuclei as in
the MM description, but they are placed on selected points (rs) on the surface of the
molecular cavity containing the solute. In addition, such charges are not fixed but
are �apparent� in the sense that they exist only when the solute exists. These charges
are determined by the electrostatic potential acting at the selected points on the
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surface (i.e., the potential due to the solute and the charges themselves), but now they
also depend on the dielectric properties of the solvent, on the geometry of the cavity,
and on the number and position of the points chosen to map the cavity surface.

As for the QM/MM description also for PCM, nonelectrostatic (or van der Waals)
terms can be added to theHQM/cont operator; in this case, besides the dispersion and
repulsion terms, a new term has to be considered, namely, the energy required to
build a cavity of the proper shape and dimension in the continuum dielectric. This
continuum specific term is generally indicated as cavitation. In general, all the
nonelectrostatic terms are expressed using empirical expressions and thus their
effect is only on the energy and not on the solute wavefunction.

The different philosophy beyond the two classes of solvation methods leads to
important differences both in the physical and the computational aspects of their
applications and in their range of applicability. The methods based on explicit
representations of the environment yield information on specific configurations
of the environment around the chromophore, whereas the continuum models give
only an averaged picture of it. On the other hand, QM/MM requires many more
calculations than continuum models to obtain a correct statistical description. This
much larger computational cost of QM/MM is particularly disadvantageous in the
study of excited states, as theQM level required is generally quite expensive even for a
single calculation on an isolated system; thus, the necessity to repeat the calculation
many timesmakes the approach very expensive (or evennot feasible). For this reason,
most of the QM/MM calculations on excited states are done using semiempirical
QMmethods [35]. On the contrary, the level of the QM description can be any when
continuum models are used, as the additional cost with respect to gas phase
calculations remains very limited. In addition, continuum solvation models
include effects of mutual polarization between the solute and the environment (also
those due to a possible nonequilibrium solvation), whereas standard QM/MM
methods are based on nonpolarizable force fields. As a matter of fact, QM/MM
approaches including environment polarization have been proposed and also applied
to the study of excited states of solvated systems [36]. However, among the available
approaches, themost popular for this kind of study is still represented by continuum
solvation models [37].

Within the solvation framework, as in the case of isolated molecules, excitation
energies canbe obtainedwith twodifferent approaches: the state specificmethod and
the linear response method. The former has a longer tradition, being related to the
classical theory of solvatochromic effects, whereas the latter has been introduced
more recently in connection with the development of the linear response theory for
excited states. In both approaches, it is generally possible to introduce the nonequi
librium effects described before appearing in any vertical electronic transition
(absorption and emission). For example, in the PCM method this is easily obtained
by partitioning the apparent charges into an �inertial� and a �dynamic� component
corresponding to the slow and the fast part of the solvent polarization, respectively.
If we assume a Franck Condon like response of the solvent, exactly as for the
solute molecule, the nuclear motions inside and among the solvent molecules will
not be able to follow immediately the fast changes in the solute electronic charge
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distribution. The corresponding part of the solvent response (the inertial charges)
will remain frozen in the state immediately prior to the transition while the fast part
(the dynamic charges) will immediately change according to the new state.

Also, QM/MM methods account for nonequilibrium solvation even if not always
in a complete way: in fact, a standard nonpolarizable QM/MM includes the inertial
part of the solvent response (theMM charges that remain constant in the excitation),
but it lacks the dynamic part of the response. The latter can be recovered if polarizable
dipolemoments are also used to describe the solventmolecules such as in polarizable
QM/MM approaches [38].

5.4
Toward the Simulation of UV-Vis Spectra

In the previous sections, we have sketched the key methodological steps for the
calculation of transition energies of molecular systems eventually including solvent
effects. In such a description, however, we have not said anything about the
simulation of the intensities of signals corresponding to the electronic excitations.

As a first approximation, to simulate the intensities of UV Vis signals, the square
of the transition dipole moment integral between the initial and the final electronic
state has to be evaluated. Typically, semiempirical approaches or CIS methods have
been used for estimating absorption intensities, often along with empirical scaling
procedures to correct for the overestimation of transition dipoles predicted by such
methods. Of course, it would be desirable to avoid such scaling, and recently more
accurate QM methods including electron correlation effects have begun to be used
to obtain transition dipoles. As a matter of fact, a more systematic study has shown
that transition dipole moments are much less sensitive to the particular level of QM
theory (and even less with respect to the basis set) than excitation energies [39].

The approximation of using transition dipoles to simulate bands, however, cannot
provide information on the spectrum shape, and the computed (vertical) transition
energies give only a rough estimate of the spectrum band maximum when it is
characterized by sensible vibrational progressions.

In general, the distribution of intensity within the spectra sensitively depends on
the details of the ground and excited state potential energy surfaces, transition dipole
moment coordinate dependence, temperature, spin orbit coupling, andnonadiabatic
effects. Though the nonadiabatic effects have been found to be rather important in
some cases, the Born Oppenheimer (BO) adiabatic approximation appears to
satisfactorily work for the description of various electronic spectra of molecules.
The Franck Condon (FC) approximation is usually employedwithin the BO ansatz to
interpret strongly dipole allowed electronic bands for which it has been found to be
sufficiently accurate. In the FC approximation, the electronic transition dipole
moment coordinate dependence is neglected and the simulation of absorption
spectra is reduced to evaluation of the well known FC factors that represent the
overlap between the ground and the excited state vibrational wavefunctions. In the
previous sections, we underlined that reliable energy minima and (numerical)
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vibrational modes can be obtained for excited states thanks to the extension of linear
response QMmethods (mainly CIS and TDDFT) to analytical gradients. It is exactly
the development of these theoretical tools that has made the simulation of spectral
shapes possible [40]. In general, this is done in the FC approximation using three
main computational steps, namely, (1) electronic structure calculations of both
ground and excited electronic states providing reliable potential energy surfaces,
(2) computation of vibrational wave functions using these PES, and (3) computation
of FC factors. The resulting vibronic lines are convoluted with Gaussian (or
Lorentzian) functions of given full width at half maximum to generate the final
spectrum.

In this procedure, however, it is implicitly assumed that bandwidths are deter
mined entirely by homogeneous broadening. This is valid for the idealized case of a
gas at low pressure. In more realistic situations, inhomogeneous broadening, which
arises from fluctuations in themolecular environment, plays an important role. Each
solute molecule experiences a slightly different solvent environment and therefore
has a slightly different absorption spectrum. The observed absorption spectrum is
made up of all the different spectra for the different molecular environments; it is
said to be inhomogeneously broadened [41]. The resulting broadening of the spectral
band is generally associated with the solvent reorganization energy corresponding
to the optical excitation and the solvent reorganization energy is the thermodynamic
quantity associated with change in the solvation free energy passing from the
nonequilibrium to the equilibrium solvation regimes described before. These
quantities are easily obtained with solvation continuum methods [42].

A different approach to obtain solvent induced broadening in UVVis signals is
represented by molecular dynamics coupled to QM calculations. If a classical MD
simulation is used, one has to extract snapshots from trajectories, introduce a cutoff
to define the solvation shells, and extract the resulting solute solvent clusters. On
each of these clusters, the excitation energies are finally calculated at aQM/MM level.
Alternatively, the Car Parrinello molecular dynamics (CPMD) scheme [43] can be
used; in such a case, a fully quantum mechanical treatment of the solvent is, in
principle, possible, with a subsequent TDDFT calculation of the excitation energies
on selected snapshots. In both cases, the fluctuations of the environment and the
resulting shifts in the transition energies are automatically included in the analysis: a
convolution of the excitation energies calculated for the different local environments
will mimic the inhomogeneous broadening.

5.5
Some Numerical Examples

In this section, we summarize three studies appeared in the literature in the past
few years about the QM simulation of UVVis spectra of molecular systems. These
summaries should help the reader to directly evaluate the real performances and
limitations of the QM methodologies described in the previous sections. As now
adays, TDDFTapproaches represent the large majority of the QM applications in the
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simulation ofUVVis spectra, in this brief overviewof exampleswe shall focus only on
TDDFTstudies. In particular, we have selected two among themany studies recently
appeared in the literature about benchmarking analyses of TDDFT for excitation
energies of isolatedmolecules and an example of the study of the solvent effect on the
same properties. As the summary reported here is necessarily limited, the reader
may refer to the original papers in order to get a more complete picture of each of the
three studies.

The first study we summarize was recently published by Jacquemin et al. [22b].
The study consists in an extensive analysis of the merits of a large number of DFT
functionals including LDA, GGA (and meta GGA), global hybrids, and range
separated hybrids in predicting vertical absorption energies of a broad range of
organic molecules and dyes.

In Figure 5.1, we report a part of the results of the study, namely, the one focused on
an internal comparison between TDDFT and CASPT2 and CC2 benchmarks
reported by Thiel and coworkers [22a] for 28 medium sized organic molecules
(104 singlet vertical excitations). It has to be remarked that here the use of an
internal comparison is to be preferred to a comparison with experiments for various
reasons. Experimental data, in fact, are generally in solution and this should be taken
into account in the calculation by introducing a solvation model; this, however,
prevents us from an evaluation of the real performances of the QM method as they
always couple with those of the solvation model used. In addition, a proper
comparison with experimental spectra requires the inclusion of vibronic effects;

Figure 5.1 Mean absolute error (eV) for different functionals with respect to QM benchmarks.
Reprinted with permission from Ref. [22b].
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also in this case, as for the solvent effects, we have to introduce a model that
necessarily makes the analysis of the merits of the QM method difficult.

From the figure, it turns out that, as expected, TDHF provides very large errors
(MAE> 1.00 eV) andoverestimates the transition energies innearly 90%of the cases.
Using anyTDDFTschemedoes reduce the errors by a factor ranging from two to four.
As expected, the pure functionals tend to provide too small transition energies, with
MAE> 0.2 eV.Global hybrids aremore accurate than theGGA, and addingmore and
more exact exchange tends to shift the transition energies to larger values. The MAE
of all long range corrected hybrids is close to 0.3 eV, due to an overestimation of the
transition energies. In particular, CAM B3LYP remains slightly less efficient than
B3LYP. Apossible explanation of this behavior is the small size of the set ofmolecules
used in which charge transfer states are not significantly represented.

A better appraisal of the potentialities of CAM B3LYP is represented by a study
published in 2008 by Peach et al. [27]. As already reported in Section 5.2, the authors
of the study defined a parameter (indicated asL) that measures the degree of spatial
overlap between the occupied and the virtual orbitals involved in an excitation and
examined how it correlates with the accuracy of the excitation energy. Such a
parameter L is defined as

L ¼
X

i;a
k2iaOiaX
i;a
k2ia

with 0 � L � 1 ð5:10Þ

where the spatial overlap factors Oia are defined as the inner product of the moduli
of the occupied (i) and virtual (a) orbital involved in the excitation whereas kia¼
Xia þ Yia, with Xia and Yia being elements of the solution of Equation 5.2.

The molecules considered in the study were chosen to include a wide range of
excitations, many of which have been shown to be a challenge for TDDFT. An extract
of the results of the study is summarized in Figure 5.2 in which the error in the
excitation energies is plotted against the associated l values for B3LYP and
CAM B3LYP. Each point corresponds to a single excitation, with different symbols
and colors, for the three categories of excitation.

Figure 5.2 Excitation energy errors plotted against l using B3LYP (a) and CAM B3LYP (b) for
local excitations (~), Rydberg excitations (�), and CT excitations (.). Reprinted with permission
from [27].
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These graphs clearly show that for standard hybrid functionals such as B3LYP, the
accuracy significantly decreases when the excitation presents a Rydberg (very lowL)
or CT (low to medium L) character. In particular, when the overlap dropped too
low then excitations became significantly underestimated. By contrast, CAM B3LYP
provides by far a more homogeneous behavior for all the excitations, with essentially
no correlation between errors and spatial orbital overlap. From this analysis, it comes
out that low overlap could be used in a diagnostic manner to identify the problematic
excitations. Obviously, the quantity L is not unique, and its diagnostic value is
qualitative rather than quantitative. However, it captures the essential physics of the
problem andmay prove useful in practical calculations. In addition, it can be trivially
computed from quantities available in a regular TDDFT calculation.

To complete this short overview on applications of TDDFT, we present an extract
from a study conducted by our group and published in 2005 [44]. The original study
focuses on the TDDFT simulation of various spectroscopic properties of solvated
N methyl acetamide (NMA), namely, IR, NMR, andUV, but here we report an extract
limited only to UV absorption.

The electronic absorption spectrum of NMA has beenmeasured in gas phase and
in a variety of solvents [45]. The gas phase spectrum presents two well separated
bands that have been assigned to transitions in the p system of the amide group. In
nonpolar solvents such as cyclohexane or dioxane, a np� also appears as a shoulder.
The lowest pp� transition (the one of interest here) comprises an electron transfer
from the nitrogen to the carbonyl carbon atom. This transition is redshifted from
gas phase to polar solution and to water. By contrast, for the np� transition a blueshift
is observed passing from cyclohexane to water. In fact, the np� transition reduces
the permanent dipole moment of the corresponding excited state that is thus less
strongly stabilized in polar solvents with respect to the ground state.

Absorption energies are calculated at TDDFT: B3LYP/d95v þ (d) level and solvent
effects are introduced using PCM solvation model.

For both pp� and np� transitions, PCM results reproduce the observed trend in
solvent shift, namely, a blueshift onnp� and a redshift onpp�; in both cases, however,
there is an underestimation of the shift, especially for np� transition. The possible
discrepancies between computed and observed shift can be due to different reasons.
The main one is clearly due to the fact that PCM results do not include explicit
hydrogen bonding effects and these can differentially affect the two transitions.

Themost straightforward way to include these effects is to compute solute solvent
clusters including one, two, and three water molecules. For NMA, three water
molecules are enough to saturate the three H bonding donor and acceptor sites,
namely, two on (C)O and one on (N)H.

An alternative strategy to build NMA water clusters is MD simulation: water
molecules having any H atom closer to (C)O atom than the corresponding first
minimum of the O HW radial distribution function will be included in the cluster.
An analogous criterion was applied for the (N)H OW pair. The selected structures
were sampled at equal time intervals long enough to avoid correlation.

The comparison of the two alternative sets of clusters (either QM or MD) to
represent the effects of the first solvation shell(s) should give further hints on the
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nature of the solvation around NMA, and in particular it should help in analyzing if
these effects are better represented in terms of rigid structures obtained as minima
of the potential energy surfaces or if, by contrast, dynamics, and therefore a variety
of different and representative structures, are needed to properly describe the
hydration effects.

In order to have a more direct picture of solvent effects in Figure 5.3, we present
the analysis of absorption energies for the np� and pp� transitions in terms of the
corresponding shifts with respect to the isolated NMA: as reference excitation
energies of isolated NMA, we have considered those obtained for the most stable
conformer while the dotted lines indicate the experimental data (namely, þ 0.2 eV
for np� and 0.14 eV for pp�). For MD derived clusters the value reported in the
figure (hMDi) is obtained as an average on a set of 40 different clusters.

The analysis of Figure 5.3 involves different aspects.
First, let us consider the effects of H bonds alone by analyzing isolated NMA nw

clusters. H bonding effects on the two transitions are opposite if the H bond acts on
(C)O or on (N)H. In fact, including one or two water molecules close to carbonyl
oxygen induces a blueshift on both transitions, while when only the (N)H Ow bond
is included (1wN), the total effect is a redshift instead of a blueshift. When the two
different H bonds are combined (2wON and 3w clusters) the global effect is again a
blueshift but smaller than in the 1(2)wO(O) cases. In the case of pp� transition also,
the largest 3w cluster presents a very small shift due to the two opposite effects of the
two H bonds that almost cancel out. The inclusion of an external continuum (PCM)
improves the description leading to the correct sign in the shift for all the possible
clusters: for both transitions, the long range electrostatic effects of the bulk solvent
appear to be more important than the local specific H bond. The set of PCM results,
however, give additional information. First, np� results show that summing the
effects of two H bonds on carbonyl oxygen together with the long range interactions
leads to an overestimation of the observed solvent effect (around twice the exper
imental value); much better descriptions are given by the 1wO clusters and by the
mixed 2wON clusters (even if slightly overestimated in this latter case). The 1wN
result remains too low and in practice it does not add anything more to the
continuum only result.

Figure 5.3 Analysis of absorption energies for the np� (left) and pp� (right) transitions in the
NMA water QM and MD clusters in terms of the corresponding shifts with respect to the isolated
NMA. Dotted line shows the experimental value. Revised with permission from Ref. [44].
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Concerning the pp� transition, the best results are represented by the 2wON
clusters, but in any case we do not observe a significant improvement with respect
to the continuum only model (NMA column). Once again by assuming two
(C)O. . .HOH interactions (2wOO), we obtain a noncorrect description even if the
inclusion of the continuum partially improves the wrong picture obtained in
the corresponding isolated clusters. Finally, the 1wN cluster leads to a slightly too
large effect.

If we pass from the static picture ofQM optimized clusters to that of statistical type
obtained in terms of MD clusters and we also include bulk effects with the external
continuum, a very good result is obtained for pp� transition while, for np�, we find a
slightly too large shift. This result, however, has to be reappraised if we consider that
the experimental shift refers to cyclohexane and not to gas phase and thus it has to be
read as a lower limit. We point out that the same clusters without the continuum give
a negligible shift for np� and a too small one for pp�. It is also interesting to note that
when the same clusters are described at a simpler level, namely, by representing
the water molecules in terms of classical charges, the description we obtain for the
two transitions is different: while the np� transition is reasonably described, the pp�

one is not reproduced at all (small andwrong sign shift). Therefore, pure electrostatic
effects are not enough to describe the processes and a more complex picture of
the interactions involving a quantum mechanics electronic solvent description
is needed.

These results strongly indicate that short range and long range solvation effects
are required in order to properly describe the observed shifts. For short range effects,
a better picture is obtained by including explicit solvent molecules (namely, those
representing the first solvation shells) and mediating on different configurations
(i.e., introducing a statistical description), while long range effects are properly and
effectively described by adding a reaction field through a continuum model.

5.6
Conclusions and Perspectives

In the past few years, there has been a rapid development of methods to describe
electronic excitations in systems of increasing complexity. In this chapter, we have
tried to give a short but still exhaustive summary of the QM methodologies that
are dominating the computational research in this field.

Obviously, this review reflects the situation at the present moment and the fast
evolution still in act will probably significantly change it in few years. However, some
of the aspects considered in this chapter will remain as hot topics in the near future.
In particular, the complexity issue (i.e., considering chromophores embedded in
environment of increasing complexity) is one of themost important challenges in the
QMmodeling. Many novel experimental techniques have, in fact, clearly shown that
the signal of each single molecule is affected by its local environment, but, in many
cases, the signal itself exists (or it becomes detectable) only in the presence of
a specific environment capable of activating or enhancing some specific molecular
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responses. It is sufficient here to recall all the surface enhanced (SE) spectroscopies
in which a spectroscopic signal (either Raman, IR, absorption, or fluorescence) is
amplified on orders ofmagnitude due to the presence of ametal nanoparticle close to
themolecular probe [46]. Another aspect that will be of enormous interest in the near
future is the explicit consideration of the dynamics. In all the methods I have
presented and discussed, in fact, time is not explicitly taken into account and the
picture one can get is always static. Indeed, time dependent spectroscopies have
shown that the signal reflects the complex coupling of different relaxation modes
involving many electronic and nuclear degrees of freedom of the molecular probe.
As amatter of fact, the intrinsic dynamics of the probe can further be complicated by
additional couplings with relaxation modes of the environments. These, in turn, can
give rise to coherence effects that strongly affect the final spectroscopic features.
Such coherence effects, for example, seem to play a fundamental role in determining
the efficiency of excitation energy transfers in light harvesting photosynthetic
proteins [47]. Unfortunately, the quantum mechanical description of dynamical
processes such as those involving excited states is very difficult, especially if one also
has to include relaxation processes within the environment. It is, thus, of funda
mental importance to combine different computational descriptions for the different
components of the whole system using a multiscale approach in which, however,
careful attention has to be paid to possible couplings between the different parts
and their evolution with time.
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6
Nonadiabatic Calculation of Dipole Moments
Francisco M. Fern�andez and Juli�an Echave

6.1
Introduction

Many properties of molecular aggregates are attributed to the distribution of charges
in the constituent individual molecules or what is commonly called the molecular
dipolemoment [1]. Thismolecular property is responsible not only for the behavior of
the molar polarization with temperature [1] but also for the most salient features of
the absorption and emission spectra of molecules [2 4]. Molecular dipole moments
can be derived, for example, from the molar polarization at varied temperatures [1],
from microwave spectra [2 4], or from first principles [5].

The purpose of this chapter is to outline the calculation of molecular dipole
moments by means of quantum mechanical approaches and to compare such
theoretical results with corresponding experimental measurements. It is not in
tended to be exhaustive because of the enormous number of worthy works on the
subject.However, we hope to succeed in giving an idea of the difficulties encountered
in such an endeavor.

In Section 6.2, we consider the nonrelativistic molecular Hamiltonian and discuss
the separation of the center ofmass in detail. We derive general expressions thatmay
be useful for most of the various nonadiabatic approaches that appear in the
literature. In Section 6.3, we outline the dynamical symmetry of the molecular
Hamiltonian and some of the properties of the molecular stationary states. In
Section 6.4, we discuss the well knownHellmann Feynman theorem for variational
wavefunctions because it is relevant to the calculation of dipole moments. Although
we are interested mainly in nonadiabatic calculations of dipole moments, in
Section 6.5 we consider the separation of the electronic and nuclear motions that
leads to the Born Oppenheimer (BO) and adiabatic approaches to the calculation of
molecular properties. For completeness, in Section 6.6 we outline the interaction
between a system of point charges and an external electric field with the purpose
of defining dipole moment, polarizabilities, and other molecular properties. In
Section 6.7, we briefly describe the models used to derive the dipole moment from
the Stark effect in rotational spectra. They are useful for comparison between
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experimental measurements and theoretical calculations. In Section 6.8, we briefly
review the theoretical calculation of molecular dipole moments under the Born
Oppenheimer approximation. In Section 6.9, we discuss some of the existing
nonadiabatic calculations of dipole moments that are the main topic of this chapter.
In Section 6.10, we briefly describe the more rigorous nonadiabatic calculations of
dipole moments in the molecule fixed reference frame. For simplicity, we restrict
ourselves to diatomicmolecules because they appear to be the only ones accessible to
current nonadiabatic approaches. In Section 6.11, we outline the application of
perturbation theory to the Schr€odinger equation for amolecule in an external electric
field with the purpose of discussing a more rigorous connection between the
measured Stark shift and the molecular dipole moment. Finally, in Section 6.12 we
summarize the main conclusions of this chapter.

6.2
The Molecular Hamiltonian

In this section, we consider the nonrelativistic molecular Hamiltonian as a system of
N charged point particles with only Coulomb interactions

Ĥ ¼ T̂ þ V̂

T̂ ¼
XN
i 1

p̂2i
2mi

V ¼ 1
4pe0

XN�1

i 1

XN
j iþ 1

qiqj
rij

ð6:1Þ

In this expression,mi is themass of particle i, qi ¼ e or qi ¼ Zie denotes the charges
of either an electron or a nucleus, and rij ¼ jri rjj is the distance between particles i
and j located at the points ri and rj, respectively, from the origin of the laboratory
coordinate system. In the coordinate representation, p̂i ¼ ihri.

Since the Coulomb potential V is invariant under translations ÛðaÞri
ÛðaÞ� ¼ ri þ a (ÛðaÞVÛðaÞ� ¼ V), the eigenfunctions of the translation invariant
Hamiltonian operator (6.1) are not square integrable. For that reason, we
first separate the motion of the center of mass by means of a linear coordinate
transformation

r0j ¼
X
i

tjiri ð6:2Þ

that leads to

rj ¼
X
i

tijr0
i ð6:3Þ
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and

X
i

1
mi

r2
i ¼

X
i

t21i
mi

r02
1 þ 2

X
i

X
j>1

tjit1i
mi

r0
1r0

j þ
X
i

X
j>1

X
k>1

tjitki
mi

r0
jr0

k ð6:4Þ

It is our purpose to keep the transformation (6.2) as general as possible so that it
applies to all the nonadiabatic approaches discussed in this chapter. To uncouple one
of the new coordinates r01 from the remaining ones, we require that the coefficients of
the transformation (6.2) satisfy

X
i

tjit1i
mi

¼ 0; j > 1 ð6:5Þ

The new coordinates transform under translations as follows:

ÛðaÞr0jÛðaÞ� ¼ r0j þ a
X
i

tji ð6:6Þ

If we require that r01 transforms exactly as the original variables and that the
remaining r0j are translationally invariant, we have

X
i

tji ¼ dj1 ð6:7Þ

If we choose t1i ¼ jmi, where j is an arbitrary real number, then Equation 6.5
becomes Equation 6.7 for j > 1. If we then substitute t1i ¼ jmi into Equation 6.7 with
j ¼ 1, we conclude that

t1i ¼ mi

M
; M ¼

X
i

mi ð6:8Þ

and r01 results to be the well known coordinate of the center of mass of the
molecule [6]. The choice of the coefficients of the transformation (6.2) for the
remaining variables r0j , j > 1 is arbitrary as long as they satisfy Equation 6.7.

Finally, the total Hamiltonian operator reads

Ĥ ¼ h2

2M
r02

1 þ ĤM

ĤM ¼ h2

2

X
j>1

X
k>1

X
i

tjitki
mi

0
@

1
Ar0

jr0
k þ

1
4pe0

XN�1

i 1

XN
j iþ 1

qiqj
rij

ð6:9Þ

where ĤM is the internal ormolecularHamiltonian operator. The explicit form of the
interparticle distances rij in terms of the new coordinates r 0k may be rather cumber
some in the general case. We consider it in the particular applications discussed in
subsequent sections.
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For future reference, it is convenient to define the center of mass and relative
kinetic energy operators

T̂CM ¼ h2

2M
r02

1 ð6:10Þ

and

T̂ rel ¼ h2

2

X
j>1

X
k>1

X
i

tjitki
mi

 !
r0

jr0
k ð6:11Þ

respectively, so that T̂ ¼ T̂CM þ T̂ rel; ĤM ¼ T̂ rel þV , and Ĥ ¼ T̂CM þ ĤM.
The inverse transformation t�1 exists and gives us the old coordinates in terms of

the new ones:

ri ¼
X
j

ðt�1Þijr0j ð6:12Þ

According to Equations 6.6 and 6.7, we have ÛðaÞriÛðaÞ� ¼ ðt�1Þi1aþ ri from which
we conclude that

ðt�1Þi1 ¼ 1; i ¼ 1; 2; . . . ;N ð6:13Þ

Tounderstand themeaning of this result, notice that themomentumconjugate to r0i is
given by the transformation

p̂0i ¼
X
j

ðt�1Þjip̂j ð6:14Þ

so that the linear momentum of the center of mass

p̂01 ¼
X
j

p̂j ð6:15Þ

is precisely the total linear momentum of the molecule. We also appreciate that
TCM ¼ p̂0 21 =ð2MÞ and that the inverse transformation of the momenta is (see
Equation 6.3)

pj ¼
X
i

tijp0i ð6:16Þ

Equation 6.13 is also relevant to the behavior of the dipole moment in internal
coordinates. We have

m ¼
X
i

qiri ð6:17Þ

in the laboratory fixed frame, and

ÛðaÞmÛðaÞ� ¼ mþ qa; q ¼
X
i

qi ð6:18Þ
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clearly shows that m is invariant under translation of the origin for a neutral molecule
q ¼ 0. In internal coordinates, we have

m ¼
X
j

q0jr
0
j; q

0
j ¼

X
i

qiðt�1Þij ð6:19Þ

and ÛðaÞmÛðaÞ� ¼ mþ q01a consistent with Equation 6.18 because q01 ¼ q by virtue of
Equation 6.13.

We have kept the transformation (6.2) as general as possible to have a suitable
expression of the molecular Hamiltonian that applies to all the nonadiabatic
approaches discussed in this chapter. In what follows, we illustrate some particular
ways of determining the remaining transformation coefficients. More precisely, we
choose a point in the molecule as the origin of the new coordinate axis and refer the
positions ofN 1 particles to it (remember that three coordinates have been reserved
for the location of the center of mass).

For example, consider an arbitrary set of particle labels I and choose

r0j ¼ rj
1
MI

X
i2I

miri; j > 1; MI ¼
X
i2I

mi ð6:20Þ

That is to say

tji ¼ dji
mi

MI
diI; j > 1; diI ¼ 1 if i 2 I

0 otherwise

�
ð6:21Þ

These coefficients tji already satisfy Equation 6.7. If I is the set of nuclear labels, then
we refer the positions r0j, j > 1 to the nuclear center of mass. If the set I contains only
one nuclear label we refer the positions of the remaining particles to that particular
nucleus. Various authors have already chosen one or the other coordinate origin as
shown in Sections 6.9 and 6.10.

If we take into account that

tjk ¼
X
i

tjitki
mi

¼ djk

mj

1
MI

ðdkI þ djIÞþ 1
MI

ð6:22Þ

then we realize that the transformation (6.20) uncouples the coordinates of the
particles that belong to I from the remaining ones in the kinetic operator:

tjk ¼

djk

mj

1
MI

if j; k 2 I

0 if j 2 I and k =2 I or j =2 I and k 2 I
djk

mj
þ 1

MI
if j; k =2 I

8>>>>>><
>>>>>>:

ð6:23Þ

The equations derived in this section are sufficiently general to cover all the
strategies commonly followed in the separation of the center of mass prior to the
solution of the Schr€odinger equation for atoms and molecules. Other general
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expressions for the translation free internal coordinates have already been discussed
by Sutcliffe and Woolley [7 10]. It is a most important topic in the nonadiabatic
quantum mechanical approach to atoms and molecules.

6.3
Symmetry

In this section, we discuss the symmetry of amolecular system that is determined by
all the operators that commute with its Hamiltonian. For example, the total
Hamiltonian operator commutes with the total linear momentum

½Ĥ; p̂� ¼ 0; p̂ ¼
XN
j 1

p̂j ¼ p̂01 ð6:24Þ

and also with the total angular momentum

½Ĥ; Ĵ� ¼ 0; Ĵ ¼
XN
j 1

Ĵj ð6:25Þ

It follows from Equations 6.12 and 6.16 that

Ĵ ¼
X
i

r̂i � p̂i ¼
X
i

r̂0i � p̂0i ¼ r̂0i � p̂01 þ Ĵ
0 ð6:26Þ

where Ĵ
0
is the internal or molecular angular momentum. It is clear that

½ĤM; Ĵ
0� ¼ 0; Ĵ

0 ¼
XN
i 2

r̂0 i � p̂0i ð6:27Þ

The Hamiltonian operator is invariant under permutation of identical particles.
We may formally write this symmetry as

P̂ĤP̂�1 ¼ ĤY½Ĥ; P̂� ¼ 0 ð6:28Þ
where P̂ stands for any permutation of electrons or identical nuclei. Since T̂CM is
invariant under permutation of identical particles, we conclude that

P̂ĤMP̂�1 ¼ ĤMY½ĤM; P̂� ¼ 0 ð6:29Þ
Besides, the molecular Hamiltonian operator is also invariant under inversion

=̂ĤM=̂�1
Y½ĤM; =̂� ¼ 0 ð6:30Þ

where the inversion operator =̂ produces the transformations =̂r̂j=̂�1 ¼ r̂j and

=̂p̂j=̂
�1 ¼ p̂j. Also, notice that ½̂J

0
; =̂� ¼ 0, ½̂J0; P̂� ¼ 0, and ½=̂; P̂� ¼ 0 so that we can

choose a stationary state Y to be a simultaneous eigenfunction of such set of
commuting operators:
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ĤMY ¼ EY;

Ĵ
02
Y ¼ h2J0ðJ0 þ 1ÞY; J0 ¼ 0; 1; . . .

Ĵ
0
zY ¼ hM0

JY; M0
J ¼ 0;�1; . . . ;�J0

P̂Y ¼ sY
=̂Y ¼ �Y

ð6:31Þ

where s ¼ 1 or s ¼ 1 for identical bosons or fermions, respectively. A somewhat
more rigorous discussion of the kinematics and dynamics of molecules was
provided, for example, by Woolley [11]. The simplified discussion in this section
is sufficient for the present purposes.

6.4
The Hellmann Feynman Theorem

In this section, we derive theHellmann Feynman theorem for optimized variational
wavefunctions because it is most important for the accurate calculation of dipole
moments [5, 12].

Consider a trial function W and the variational energy W given by

W WjWh i ¼ WjĤ Wj i� ð6:32Þ

An arbitrary variation dW leads to

dW WjWh i ¼ dWjĤ W Wj i þ dWjĤ W Wj i*
DD

ð6:33Þ

where the asterisk denotes complex conjugation. The right hand side of this equation
vanishes when dW ¼ 0; that is to say, when W is stationary with respect to the
infinitesimal changedW in the trial function. The variational or optimal trial function
satisfies this condition.

If theHamiltonian operator depends on a parameter l, whichmay be, for example,
a mass, charge, force constant, strength of a external field, and so on, then the
variational function also depends on it. Therefore, differentiation of Equation 6.32
with respect to l leads to

qW
ql

WjWh i ¼ W
qĤ
ql

����
����W

� �
þ qW

ql
jĤ WjW

� �
þ qW

ql
jĤ WjW

� �*

ð6:34Þ

It is clear from this equation that if the set of variations dW includes ðqW=qlÞdl,
then the optimized trial function W satisfies the well known Hellmann Feynman
theorem [13, 14]:

qW
ql

¼ qĤ
ql

� �
ð6:35Þ

where hÂi ¼ hWjÂjWi=hWjWi.
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6.5
The Born Oppenheimer Approximation

Since the vast majority of quantum mechanical studies of molecular properties are
based on the Born Oppenheimer approximation [15], we discuss it here in some
detail, in spite of the fact that we are more interested in non BO approaches. Before
proceeding, we mention the curious fact that the modern and most useful form of
that approach appears to have been first developed by Slater [16] in his study of the
helium atom as early as 1927. However, we adopt the common practice to attribute it
to Born and Oppenheimer. In this section, we begin with the traditional procedure
proposed by Slater [16] and Born and Huang [15] and then mention other authors�
approaches and criticisms.

For simplicity and clarity, we write the Schr€odinger equation for a molecule as

ĤYaðre; rnÞ ¼ EaYaðre; rnÞ ð6:36Þ
where re and rn denote all the electronic and nuclear coordinates, respectively, and
the subscript a stands for the collection of all the quantum numbers necessary for
the description of the molecular state. We use the symbols T̂e, T̂n, Vee, Vne, and Vnn

to indicate the kinetic energy operators for the electrons and nuclei, and
the electron electron, nuclei electron, and nuclei nuclei Coulomb interactions,
respectively:

Ĥ ¼ T̂n þ Ĥe þVnn; Ĥe ¼ T̂ e þVee þVne ð6:37Þ
The BO approximation is based on the ansatz

Yaðre; rnÞ ¼
X
j

xajðrnÞjjðre; rnÞ ð6:38Þ

and we assume that hjjjjkie ¼ djk, where the subscript e indicates integration over
electronic coordinates. It follows from Equations 6.36, 6.37, and 6.38 that

hjkjĤjYaie ¼ T̂nxak þ
X
j

ðUkj þWkjÞxaj ¼ Eaxak ð6:39Þ

where

Ukj ¼ hjkjĤejjjie þVnndkj; Wkj ¼ hjkj½T̂n;jj�ie ð6:40Þ

We have introduced the formal commutator ½T̂n;jj� for the sole purpose of making
the resulting equation more compact.

In the standardBOapproximation,we choose the functionsjj to be eigenfunctions
of the electronic Hamiltonian Ĥe

Ĥejjðre; rnÞ ¼ EejðrnÞjjðre; rnÞ ð6:41Þ

so that

UkjðrnÞ ¼ UjðrnÞdkj; UjðrnÞ ¼ EejðrnÞþVnnðrnÞ ð6:42Þ
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In the first approximation, we assume the couplingsWkj between �electronic states�
to be small and keep just one term for the ground state

Yaðre; rnÞ � xa0ðrnÞj0ðre; rnÞ ð6:43Þ

and

½T̂n þU0ðrnÞ�xa0ðrnÞ ¼ EBO
a xa0ðrnÞ ð6:44Þ

Addition of the diagonal termW00 to thenuclear operator in this equation gives rise to
the adiabatic approximation.

Sutcliffe and Woolley have criticized the main assumptions of this approach in
several papers [8 11, 17]. For example, they point out that the functions in the
expansion on the right hand side of Equation 6.38 are assumed to be square
integrable, whereas the left hand side is not because we have not removed the
motion of the center of mass. Such criticism, which also applies to the approximate
and widely used ansatz (6.43), does not appear to be justified because the nuclear
functions xaj are not square integrable. According to these authors, another drawback
of the BO approximation is that it does not take into account the permutational
symmetry of identical nuclei that are treated as distinguishable particles clamped in
space to define a framework geometry unambiguously. However, in principle we can
introduce such permutational symmetry in the approximate wavefunction (6.43) by
means of appropriate projection operators such as thosementioned in Section 6.9. In
our opinion, the Born Oppenheimer approximation is a consistent way of deriving a
suitable approximate solution to the Schr€odinger equation.

It is interesting how some popular books on quantum chemistry introduce this
subject. For example, Szabo and Ostlung [5] state that �Our discussion of this appro
ximation is qualitative. The quantitative aspects of this approximation are clearly
discussed by Sutcliffe,� and they give a reference and simply write the single
product (6.43). On the other hand, Pilar [18], referring to a Hamiltonian operator such
as(6.1),says:�...whereitisassumedthatallnuclearandelectroniccoordinateshavebeen
referred to the center of mass of the system.� However, the Hamiltonian operator
exhibits all the electronic and nuclear coordinates and no coupling terms coming from
the separation of the center of mass. Therefore, it cannot be the internal Hamiltonian
operatoraswehavealreadyseenabove.Theseare just twoexamplesofhowmostauthors
blindly accept the clamped nuclei approximation without further analysis.

In some cases, mostly for diatomic molecules, the separation of the motion of the
center of mass has been carried out rigorously prior to the application of the BO
approximation [13]. Sutcliffe and Woolley have already discussed this issue in detail
in several papers [8 11, 17].

Although it is not customary to remove the motion of the center of mass of the
wholemolecule before the application of BOapproximation, it appears to be common
practice to separate the nuclear center of mass at the second stage (6.44). Since the
nuclei are much heavier than the electrons, wemay assume that the error is small. A
rigorous discussion of this issue and a simple exactly solvable example are given
elsewhere [19, 20].
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Amost important by product of the clampednuclei approximation is that it enables
one to introduce the familiar (classical) chemical concept of molecular structure into
the quantum mechanical calculations. The molecular geometry is given by the
equilibrium nuclear configuration rneq at the minimum of UðrnÞ:

rUðrnÞjrn rneq
¼ 0 ð6:45Þ

At this point, it is worth noticing thatUðrnÞ would not appear in a straightforward
rigorous solution of the Schr€odinger Equation 6.36. Sutcliffe and Woolley [7 11, 17,
21] have also pointed out the difficulty in discussing molecular structure without the
BO approximation (or any of its variants).

6.6
Interaction between a Molecule and an External Field

To make the present chapter sufficiently self contained, we briefly develop the main
equations for the interaction between a molecule and an external potentialWðrÞ. The
energy of that interaction is given by [22]

W ¼
ð
rðrÞWðrÞ dr ð6:46Þ

where rðrÞ is themolecular charge density. If the potential varies slowly in the region
where the charge density is nonzero we can expand it in a Taylor series about the
coordinate origin located somewhere in the molecule:

WðrÞ ¼ Wð0Þþ
X
u

u
qW
qu

ð0Þþ 1
2

X
u

X
v

uv
q2W
quqv

ð0Þþ � � � ð6:47Þ

where u; v ¼ x; y; z. Sincer2WðrÞ ¼ 0, we subtract r2r2Wð0Þ=6 from this equation
and rewrite the result as

WðrÞ ¼ Wð0Þþ
X
u

u
qW
qu

ð0Þþ 1
6

X
u

X
v

ð3uv r2duvÞ q
2W

quqv
ð0Þþ � � � ð6:48Þ

If we now take into account that the external field is given by FðrÞ ¼ rWðrÞ, we
have

WðrÞ ¼ Wð0Þ r �Fð0Þ 1
6

X
u

X
v

ð3uv r2duvÞ qFuqv
ð0Þþ � � � ð6:49Þ

For a set of point charges qi located at ri, i ¼ 1; 2; . . . ;N, we have

rðrÞ ¼
XN
i 1

qidðr riÞ ð6:50Þ
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and the interaction energy becomes

W ¼ qWð0Þ m �Fð0Þ 1
6

X
u

X
v

Quv
qFu
qv

ð0Þþ � � � ð6:51Þ

where the net charge q, the dipole moment m, and the quadrupole moment Q are
given by

q ¼
XN
i 1

qi

m ¼
XN
i 1

qiri

Quv ¼
XN
i 1

qið3uivi r2i duvÞ

ð6:52Þ

If the applied field is uniform in the region of interest, then all the terms beyond the
first two on the right hand side of Equation 6.51 vanish.

In one of his well known discussions of long range intermolecular forces, Buck
ingham [23] considers a Hamiltonian operator of the form

Ĥ ¼ Ĥ
0

m �F 1
3

X
u

X
v

HuvFuv þ � � � ð6:53Þ

where H ¼ Q=2 and Fuv ¼ ðqFu=qvÞð0Þ. Thus, the perturbation expansion for the
energy of the molecule in the external field leads to [23]

W ¼ hYjĤjYi ¼ W ð0Þ X
u

mð0Þu Fu
1
2

X
u

X
v

auvFuFv � � �

1
3

X
u

X
v

Hð0Þ
uv Fuv � � �

ð6:54Þ

where

m
ð0Þ
u ¼ hYð0Þjm̂ujYð0Þi

Hð0Þ
uv ¼ hYð0ÞjĤuvjYð0Þi ð6:55Þ

are the permanent dipole and quadrupole moments, respectively. Buckingham [23]
does not write the Hamiltonian operator Ĥ

ð0Þ
explicitly, but he refers to the energy of

�separate molecules for fixed molecular positions and orientations.� Therefore, one
may assume that he probably means the BO Hamiltonian operator. On the other
hand, Bishop [24] considers that Equation 6.54 can be used irrespective of whether
one is considering the electronic or the total molecular energy. He explicitly indicates
that qi is an element of charge at the point ri relative to an origin fixed at some point in
themolecule. As shown in Sections 6.9 and 6.10, this choice of reference frame is not
convenient for the nonadiabatic calculation of the dipole moment.

In a most interesting and comprehensive review of the electric moments of
molecules, Buckingham [25] argues, by means of simple and rigorous symmetry
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arguments, that a diatomic molecule in some stationary states does not possess a
dipole moment. We come back to this point in Sections 6.9 and 6.10.

6.7
Experimental Measurements of Dipole Moments

Since long ago scientists have estimated the permanent dipole moment of a given
molecule from the Clausius Mosotti equation

P ¼ e 1
eþ 2

M
r

ð6:56Þ

where e is the dielectric constant of themedium (mainly a gas or vapor), r its density,
andM the molar mass. The Debye equation gives us the behavior of the polarization
with temperature

P ¼ 4p
3
NA a0 þ m2

3kT

� �
ð6:57Þ

where NA is the Avogadro constant, a0 takes account of distortion effects, and m is
the permanent dipole moment [1]. According to this equation, the plot of P as a
function of 1=T should give a straight line, the slope of which is proportional to the
square of the dipole moment [1]. The term m2=ð3kTÞ is the contribution to the
polarizability of the orientation of the permanent dipole moment due to an external
electric field [1].

In this chapter, we are mainly interested in spectroscopic measurements of dipole
moments that are commonly based on microwave spectra, and almost invariably on
the Stark effect and themodel of a rigid (or almost rigid) rotating dipole. If Ĥrot is the
Hamiltonian of a rigid rotator and m �F is the interaction between the molecular
dipolemoment and theuniformelectricfield (as shown inSection 6.6), then theStark
rotational energies are given by

ĤrotðFÞyrot ¼ ErotðFÞyrot; ĤrotðFÞ ¼ Ĥrotð0Þ mF cos ðqÞ ð6:58Þ

where q is the angle between the external field F and the dipole moment m.
The external electric field produces both shift and split of the molecular rotational

energies. The magnitude of the shift of the spectral lines ~nðFÞ ¼ DErotðFÞ=ðhcÞ
changes with the field. Rayleigh Schr€odinger perturbation theory provides analyt
ical expressions for the Stark shifts in the form of a power series of the field
intensity:

D~nðFÞ ¼ ~nðFÞ ~nð0Þ ¼ ~nð1ÞmFþ ~nð2ÞðmFÞ2 þ � � � ð6:59Þ

where the coefficients ~nðjÞ are known functions of the rotational quantum num
bers [2 4]. If we measure the Stark shifts for known values of the field intensity and
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then fit selected experimental data to a polynomial function of the field, we can obtain
the dipole moment from the polynomial coefficients.

To account for the hyperfine structure of the spectra, one should add the terms
arising from the spin rotational interaction, the quadrupole interaction of the nuclei,
and the spin spin magnetic interactions [2 4].

Molecular beam electric resonance experiments are also based on the samemodel
of rotating dipole [4].

There have been many experimental studies of a wide variety of molecules. We
restrict to the simplest ones that are accessible to existing nonadiabatic approaches,
such as, obviously, diatomics [26 29]. In this case, ~nð1Þ ¼ 0 and the Stark effect is
quadratic. It is worth paying attention to the discrepancy in notation and presentation
of the empiricalmodels. For example, themodelHamiltonianmay be either an actual
operator [28] or a scalar function of the quantum numbers [29]. The interaction
between the dipole and the fieldmay also be written in somewhat varied ways [28, 29]
or the effective Hamiltonian may omit the rotational kinetic energy [27].

Although symmetric tops appear to be beyond present nonadiabatic treatments,
we quote them here as another example of the use of the model of a rotating dipole
outlined above [30, 31]. In this case, ~nð1Þ ¼ 0 when K ¼ 0 and ~nð1Þ 6¼ 0 when K 6¼ 0,
where K is the quantum number for the projection of the angular momentum along
the symmetry axis.

It is clear from the above discussion that the accuracy and reliability of the
experimental determination of the molecular dipole moment not only depend on
the accuracy of the measured Stark line shifts but also on the validity of the
theoretical, semiempiricalmodel of themolecule as a rotating electric dipole. (Notice
that the same model is assumed in the calculation of dipole moments from
measurements of the dielectric constant.) We will come back to this important point
in Section 6.11.

6.8
The Born Oppenheimer Calculations of Dipole Moments

Although we are mainly interested in the nonadiabatic calculation of dipole mo
ments, it is worth comparing it with the more popular BO approach to the problem.
For this reason, in this section we outline the latter. If we are able to solve
Equation 6.41 for an appropriate set of nuclear configurations and determine the
equilibrium geometry of the molecule given by Equation 6.45, we can then calculate
the dipole moment as follows:

mBO ¼ e
ð
j
	
re; rneq


* XNe

j 1

rej

 !
j
	
re; rneq



dre þ e

XNn

j 1

Zjrnj eq ð6:60Þ

for a molecule with Ne electrons and Nn nuclei [5]. In this equation, dre denotes the
volume element for all the electronic coordinates.
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An alternative approach consists in solving the electronic BO equation for the
molecule in an electric field

ĤeðFÞ ¼ Ĥeð0Þþ eF �
XNe

j 1

rej ð6:61Þ

and then calculate the electronic part of the dipole moment as

meu ¼ qEeðrneq;FÞ
qFu

� �
F 0

ð6:62Þ

where Eeðrneq;FÞ is the lowest eigenvalue of the electronic operator (6.61) for the
equilibrium geometry.

Szabo and Ostlund [5] discuss the reasons of the noticeable discrepancy between
both approaches. It is known to be due to the fact that approximatewavefunctions that
are not well optimized fail to satisfy the Hellmann Feynman theorem [12] already
discussed in Section 6.4. Since the formally correct definition of properties such as
the dipole moment is as a response function to an external field (see Section 6.6),
Swanton et al. [12] proposed a calculation based on the following expression:

meu ¼ hWð0Þjm̂eujWð0Þi 2
qW
qFu

ð0Þ
����� Ĥeð0Þ Eeðrneq; 0Þ Wð0Þj i
h*

ð6:63Þ

in such cases where the variational function is not fully optimized and one does not
have appropriate analytical expressions for the derivatives ðqEe=qFuÞF 0. This
equation is a particular case of (6.34) when the electronic approximate wavefunction
is real and normalized to unity hWð0ÞjWð0Þi ¼ 1.

The nuclear configuration given by the set of equilibrium coordinates rneq deter
mines what we usually call the geometry of the molecule and thereby the orientation
of the dipole moment. For example, we know that the dipole moment is directed
along themolecular axis in a linearmolecule without an inversion center or along the
symmetry axis in a symmetric top. The analysis is not so simple in the case of the
nonadiabatic calculations that we discuss in Section 6.9.

According to Cade and Huo [32], the dipole moment calculated by means of this
quantummechanical approach for just one internuclear distance (say, the theoretical
or experimentalRe) is not strictly comparable to the experimental one that commonly
corresponds to a particular vibrational state or an average over a set of vibrational
states. In spite of this apparent deficiency of the BO approach, it is worth noticing that
whenWharton et al. [26] determined the dipole moment of LiH experimentally to be
m ¼ 5:9D, there were as many as eight previous reliable quantum mechanical
calculations that agreed with it to �0:3D [33].

6.9
Nonadiabatic Calculations of Dipole Moments

Most theoretical calculations of dipole moments are based on the BO approximation
for several reasons: first, and most important, non BO calculations require far more
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computer time; second,most theoretical chemists are unwilling to go beyond the BO
approximation that they assume to know well; and third, non BO calculations give
rise to some additional theoretical difficulties as we show below. It is therefore not
surprising that non BO calculations of dipole moments are scarce and few. We
describe some of them in this section and in Section 6.10.

Tachikawa and Osamura [34] proposed a dynamic extended molecular orbital
(DEMO) approach based on SCF wavefunctions of the form

YSCF ¼
Y
I

WI ð6:64Þ

where eachWI is a function of the coordinates of a set of identical particles with the
appropriate permutation symmetry. These functions are expressed in terms of
generalized molecular orbitals wI

j that are linear combinations of floating Gaussians
xIr :

wI
j ¼

X
r

cIrjx
I
r ð6:65Þ

It is worth noticing that Tachikawa and Osamura [34] did not separate the motion
of the center of mass, and this omission gives rise to considerable errors if the SCF
orbitals depend on laboratory fixed coordinates [35]. Another limitation of this
approach is that the SCFwavefunction does not take into account particle correlation
that may be quite strong between nuclei [36, 37].

If the variational approach were based on a trial function jðr02; r03; . . . ; r0NÞ
of just internal, translation free coordinates r0j (see Section 6.2), it would not be
necessary to separate the motion of the center of mass explicitly because

hjjĤjji ¼ hjjĤMjji. But it is not the case of the SCF wavefunction (6.64) so

that we have ESCF ¼ hYSCFjĤjYSCFi ¼ hYSCFjT̂CMjYSCFiþ hYSCFjĤMjYSCFi >
hYSCFjĤMjYSCFi Therefore, the estimated energy is always worse than when the
trial function depends only on internal coordinates, even though the SCF wavefunc
tionmay satisfy the virial theorem2hYSCFjT̂ jYSCFi ¼ hYSCFjV jYSCFi [14, 34]. The
reader may find a more detailed discussion of this issue elsewhere [35].

Tachikawa and Osamura [34] calculated the dipole moments of the mHnH and
mLinH isotopomer series but, unfortunately, they did not show the expression they
used. This is not a minor issue as discussed in what follows.

Before proceeding further, it is convenient to discuss the failure of the naive
approach to the nonadiabatic calculation of dipolemoments. In quantummechanics,
one obtains the average of an observable O as the expectation value hYjÔjYi of
the corresponding operator Ô. In Section 6.3, we showed that =̂Y ¼ �Y because the
molecularHamiltonianis invariantunderinversion.Since =̂m̂=̂�1 ¼ m̂,weconclude
that

m ¼ hYjm̂jYi ¼ 0 ð6:66Þ
for any nondegenerate molecular state Y. This result known since long ago [25]
applies to anymolecule in its ground state and renders fruitless the calculation of its
dipolemoment as a straightforward expectation value in a set of axes parallel to those
of the laboratory (like the one discussed in Section 6.2).
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One of the problems arising from the separation of the center ofmass discussed in
Section 6.2 is that the transformation (6.12) can make the Coulomb potential rather
messy. One way of keeping a simple form of the potential energy function is to
choose one of the particles as coordinate origin. From a practical point of view, it
appears to be convenient to choose the heaviest nucleus for that purpose [36]. Thus,
the transformation

r01 ¼
XN
i 1

mi

M
ri

r0j ¼ rj r1; j ¼ 2; 3; . . . ;N

ð6:67Þ

leads to

ĤM ¼ h2

2

X
i

1
mi

r0
i
2 h2

2mi

X
j>1

X
k>1

r0
jr0

k þ
1

4pe0

XN�1

i 1

XN
j iþ 1

qiqj
rij

ð6:68Þ

where m1 is the mass of the heaviest nucleus and r1 its location in the laboratory
reference frame. The transformed Coulomb potential does not make the calculation
of matrix elements unnecessarily complicated as follows from the fact that
jri r1j ¼ jr0ij, i ¼ 2; 3; . . . ;N, and jri rjj ¼ jr0i r0jj, i; j ¼ 2; 3; . . . ;N.

For example, we consider a four particle molecule. The transformation (6.67) is
given by the matrix

t ¼

m1

M
m2

M
m3

M
m4

M

1 1 0 0
1 0 1 0
1 0 0 1

0
BBBB@

1
CCCCA ð6:69Þ

with inverse

t�1 ¼

1
m2

M
m3

M
m4

M

1 1
m2

M
m3

M
m4

M

1
m2

M
1

m3

M
m4

M

1
m2

M
m3

M
1

m4

M

0
BBBBBBBBBBBB@

1
CCCCCCCCCCCCA

ð6:70Þ

This transformation applies, for example, to the H2 isotopomer series [38]. The
only members that exhibit dipole moments are HD, HT, and DT. In this case, we
choose the labels 1, 2, 3, and 4 to denote the heaviest nucleus, the lightest one, and the
two electrons, respectively.

The fact is that m1 > m2 gives rise to a charge asymmetry and a small dipole
moment. Obviously, the straightforward BO approximation cannot account for it
because the electronic Hamiltonian Ĥe does not depend on nuclear masses (see
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Section 6.5) and the resulting electronic charge density is exactly the same for all
isotopomers. Therefore, to obtain the dipole moment of diatomic molecules of the
form mAnA, one has to take into account nonadiabatic corrections [39 41]. An
alternative approach is based on the fact that there is no unique way of implementing
the BO approximation. In fact, appropriate canonical transformations of the co
ordinates prior to the application of the BO approximation may force the required
asymmetry and provide a suitable way of calculating the dipole moment of mAnA
molecules [42, 43].

Cafiero and Adamowicz [36, 38] calculated nonadiabatic dipolemoments for some
small diatomic molecules; in what follows, we outline the variational method
proposed by these authors for a diatomic molecule with N 2 electrons. The core
of the approach is a basis set of floating s type explicitly correlatedGaussian functions
of the form

gkðrÞ ¼ exp½ ðX skxÞ �Ak � ðX skxÞt ðY skyÞ �Ak � ðY skyÞt
ðZ skzÞ �Ak � ðZ skzÞt�

ð6:71Þ

whereAk is aN 0 � N 0ðN 0 ¼ N 1Þ symmetricmatrix,X,Y, andZ are 1� N 0 matrices
of the form X ¼ ðx02; x03; . . . ; x0NÞ, sk is a 1� N 0 matrix that determines the location
of the center of the Gaussian in space, and t stands for transpose. To assure that the
Gaussians are square integrable, they chose Ak to be of Cholesky factored form
Ak ¼ Lk � Ltk, where Lk is a N 0 � N 0 lower triangular matrix.

To have the correct permutation symmetry of identical particles, they resorted to
appropriate projection operators of the form [36]

Ê ¼
Y
i

Êi ð6:72Þ

and constructed the variational function

Y ¼
Xm
k 1

ckÊgkðrÞ ð6:73Þ

so that the permutation of any pair of identical particles leads to either Y or Y if
they are bosons or fermions, respectively. Then, they minimized the variational
energy

E ¼ min
hYjĤjYi
hYjYi ð6:74Þ

Notice that thematrix Lk hasN 0ðN 0 þ 1Þ=2 independent variational parameters and
each sk contributes with N 0; therefore, there are N 0ðN 0 þ 1Þ=2þ 3N 0 þ 1 adjustable
variational parameters for every basis function. In a most comprehensive review,
Bubin et al. [44] discussed this type of calculation.

Since the straightforward expectation value of the dipole moment operator m̂ does
not produce any physically meaningful result, as discussed above in this section,
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Cafiero and Adamowicz [36 38] resorted to an alternative approach based on the
energy of the molecule in an external electric field F, given by the Hamiltonian
operator:

ĤðFÞ ¼ ĤM F � m̂ ð6:75Þ

They fitted energy values to a polynomial function of the field [36 38]:

EðFzÞ ¼ Eð0Þ mzFz
1
2
azzF

2
z � � � ð6:76Þ

and obtained the dipole moment from the linear term. The dipole moments of HD,
HT, LiH, and LiD calculated in this way proved to be very accurate and in remarkable
agreement with available experimental values [36, 38]. In particular, the rate of
convergence of the theoretical results for the LiH [36] toward the corresponding
experimental dipole moment [27] is astonishing. Table 6.1 shows some dipole
moments calculated by Cafiero and Adamowicz [36, 38] and other authors
[34, 45, 46] as well as the corresponding experimental values [27, 47].

However, if the approximate variational function (6.73) were fully optimized, then
it should satisfy the Hellmann Feynman theorem discussed in Section 6.4 and in
that case the only possible result would be

mz ¼
qEðFzÞ
qFz

����
Fz 0

¼ hYjm̂zjYi ¼ 0 ð6:77Þ

Table 6.1 Dipole moments for some diatomic molecules.

Ref. mðDÞ Method

LiH
[36] 5.8816 Non BO
[46] 5.879 BO
[34] 6.072 Non BO
[47] 5.8820 (4) Exp.
[27] 5:882� 0:003 Exp.
LiD
[36] 5.8684 Non BO
[34] 6.080 Non BO
[47] 5.8677 (5) Exp.
[27] 5:868� 0:003 Exp.
HD
[45] 1:54� 10�3 Non BO
[38] 0:831� 10�3 Non BO
HT
[38] 1:111� 10�3 Non BO
DT
[38] 2:77� 10�4 Non BO
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The only way that Cafiero and Adamowicz [36, 38] could obtain a nonzero dipole
moment by means of this approach is that their variational wavefunction did not
become spherically symmetric when Fz ! 0. In other words, their variational ansatz
was not sufficiently accurate at small values of the field strengthwhere it would reveal
the permanent molecular dipole moment. In that case, it is not clear how those
authors [36, 38] obtained such remarkable agreement between their theoretical
results and the experimental values of the dipole moment [27]. A more detailed
discussion of this baffling agreement has been published elsewhere [48] (Fern�andez,
F.M., Onnonadiabatic calculation of dipolemoments, arXiv:0808.3714v4 [math ph].)
Amost speculative explanation is that a biased placement of the centers of thefloating
Gaussians, inspired by the classical view of a polar diatomic molecule [36, 38],
somehow mimicked the use of a body fixed set of axes (see Section 6.10). However,
not only did the authors never mention this possibility but, curiously, in a later paper
they stated that �This spherical symmetry for the ground state wavefunction implies
several things aboutmolecules thatmay go against common chemical intuition. First
of all, nomolecule in the ground statewill have a dipolemoment, just as atomsdonot.
Similarly, the molecule will have only one unique polarizability, an isotropic polari
zability. The current authors have presented several papers which discuss these
phenomena� [49]. However, they did not explain how they had obtained the dipole
moments in two of those earlier papers [36, 38]. Besides, in Section 6.10 we show that
the statement �no molecule in the ground state will have a dipole moment, just as
atoms do not� is false.

It would be interesting to investigate to what extent the variational ansatz (6.73)
optimized by Cafiero and Adamowicz [36, 38] satisfies the Hellmann Feynman
theorem that in the present case gives us an exact theoretical relation between the
molecule�s response to thefield and the dipolemoment. Exact relationships like those
given by the hypervirial and Hellmann Feynman theorems are useful to determine
the accuracy of approximate wavefunctions [13, 14]. The questionable success of the
method devised by these authors is obviously based on the floating nature of the
Gaussian functions that one can place conveniently to get the desired result [36, 38].
Notice that Bubin et al. [50] resorted to one center Gaussian functions of the form

wkðrÞ ¼ rmk
1 exp X �Ak �Xt Y �Ak �Yt Z �Ak �Zt½ � ð6:78Þ

to determine the charge asymmetry of the rotationless states of the HD molecule.
Clearly, this kind of basis functions cannot be placed at will to force an axial symmetry
and a nonzero dipole moment. It is for this reason that we mentioned above in this
section that it is unfortunate that Tachikawa and Osamura [34] did not show the
expression that they used for the calculation of the dipole moment of the mHnH and
mLinH molecules.

The nonadiabatic calculations of molecular dipole moments described in this
section are bound to fail because they are based on a set of axes parallel to the
laboratory one. Therefore, the expectation value of the dipole moment operator
vanishes for anymolecule in a nondegenerate state. In Section 6.10, we discussmore
judicious calculations based on molecule fixed coordinate systems.
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6.10
Molecule-Fixed Coordinate System

It is convenient to discuss the motion of a system of particles in space by means of
three sets of axes. One set of axes isfixed somewhere in the laboratory. A second set of
axes with its origin fixed on the system center of mass and parallel to the laboratory
one. It was discussed in Section 6.2 with the purpose of separating the motion of the
entire system as a point particle with mass equal to the total mass of the system. A
third set of axes with origin on the center of mass and somehow completely fastened
to the system enables us to describe its rotational motion. It is not difficult to define
such set of axes for a rigid body, but it is not so obviouswhen the distance between the
system particles change rather arbitrarily. It is clear that we should define any
intrinsic molecular property, such as the electric dipole moment, moment of inertia,
and so on, with respect to this body fixed reference frame. If we use the second set of
axes, we expect that the expectation value of the dipole moment operator for the
molecule in a nondegenerate state vanishes as discussed in Section 6.9. This result is
an obvious consequence of the average over the angular degrees of freedom of the
whole system. The proper use of the body fixed set of axes was clearly addressed by
Blinder [39, 40] in his studies on the HDmolecule, and Sutcliffe [7 9, 51] discussed
the more general case of polyatomic molecules. For simplicity, here we restrict
ourselves to Blinder�s proposal for diatomic molecules [39, 40].

For generality, we first consider a diatomic molecule with the nuclei located at r1
and r2 and the electrons at r2; r3; . . . ; rN . Following Blinder [39], we use relative
coordinates for the nuclei and refer the electron coordinates to themidpoint between
the nuclei according to

r01 ¼
1
M

X
i

miri

r02 ¼ r2 r1

r0i ¼ ri
1
2
ðr1 þ r2Þ; i > 2

ð6:79Þ

that is a particular case of Equation 6.2 with

t1j ¼
mj

M

t2j ¼ dj2 dj1

tij ¼ dij
1
2
ðdj1 þ dj2Þ; j > 2

ð6:80Þ

The resulting molecular Hamiltonian operator in the coordinate representation is

ĤM ¼ h2

2ms
r0

2
2 h2

2me

XN
j 3

r0
j
2 h2

8ms

XN
j 3

r0
j

 !2

þ h2

2ma
r0

2 �
XN
j 3

r0
j þV

ð6:81Þ
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whereme is the electronicmass,ms ¼ m1m2=ðm1 þm2Þ, andma ¼ m1m2=ðm1 m2Þ.
These coordinates are most convenient to calculate the dipole moment of diatomic
molecules of the form mAnA because the fourth term on the right hand side of the
internalHamiltonian (6.81) vanisheswhenm1 ¼ m2 and can therefore be treated as a
perturbation that converts the symmetric case to an asymmetric one.

To place the molecule fixed set of axes, we take into account the unit vectors
generated by

R ¼ r2 r1 ¼ Rðcos w sin q ex þ sin w sin q ey þ cos q ezÞ ð6:82Þ
where ex, ey, and ez are the space fixed orthonormal Cartesian vectors (second set of
axes). Notice that we renamed the vector r02 to match Blinder�s notation [39].

We next define the body fixed orthonormal vectors

e0x ¼
eq
jeqj ; eq ¼ qR

qq

e0y ¼
ew
jewj ; ew ¼ qR

qw

e0z ¼ eR; eR ¼ qR
qR

ð6:83Þ

and the new particle coordinates with respect to them

r0i ¼ x0iex þ y0iey þ z0iez ¼ x00i e
0
x þ y00i e

0
y þ z00i e

0
z ð6:84Þ

The transformation between these two sets of coordinates

x00i
y00i
z00i

0
B@

1
CA ¼ C

x0i
y0i
z0i

0
B@

1
CA ð6:85Þ

is obviously given by the orthogonal matrix

C ¼
ex � e0x ey � e0x ez � e0x
ex � e0y ey � e0y ez � e0y
ex � e0z ey � e0z ez � e0z

0
B@

1
CA ¼

cos w cos q sin w cos q sin q

sinw cos w 0

cos w sin q sin w sin q cos q

0
B@

1
CA
ð6:86Þ

We do not show the explicit form of the Hamiltonian operator in this molecule
fixed reference frame because it is not necessary for the present discussion.
Blinder [39] derived it for the HD molecule.

The new nuclear coordinates are

R1 ¼ r1
1
2
ðr1 þ r2Þ ¼ R

2
¼
 
0; 0;

R
2

!

R2 ¼ r2
1
2
ðr1 þ r2Þ ¼ R

2
¼
 
0; 0;

R
2

! ð6:87Þ
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and the electronic ones are simply given by r00i , i > 2. Assuming that both nuclei have
identical charges, the classical dipolemoment in the body fixed set of axes is given by
a purely electronic contribution

m00 ¼ e
XN
i 3

r00i ð6:88Þ

For the particular case of HD (N ¼ 4), the above expressions agree with those
developed byBlinder [39], except for the different notation and labeling of nuclear and
electronic coordinates. They allow one to calculate the dipole moment as the
expectation value of the corresponding operator by means of an eigenstate of the
Hamiltonian operator in the molecule fixed set of axes.

The effect of the inversion operator on the rotation angles is given by q!p q and
w!wþp. Therefore, the first row of thematrixC remains unchanged and the other
two change sign. For that reason, the inversion operation ðx0i ; y0i; z0iÞ!
ð x0i ; y0i; z0iÞ in the laboratory fixed frame results in ðx00i ; y00i ; z00i Þ! ð x00i ; y

00
i ; z

00
i Þ

in the body fixed one, and, consequently, we do not expect that hm̂00zi vanishes because
of inversion symmetry. However, in the case of identical nucleim1 ¼ m2, we cannot
have a net dipole moment along the internuclear axis because the additional
permutational symmetry leads to hm̂00zi ¼ 0. To explain the occurrence of a dipole
moment in a diatomic molecule of the form mAnA, we resort to perturbation theory
and write ĤM ¼ Ĥ0 þ lĤ

0
, where

Ĥ0 ¼ h2

2ms
r0

2
2 h2

2me
ðr0

3
2 þr0

4
2Þ h2

8ms
r0

3 þr0
4

	 
2 þV ð6:89Þ

l ¼ ms=ma, and

Ĥ
0 ¼ h2

2ms
r0

2 � ðr0
3 þr0

4Þ ð6:90Þ

Notice that Ĥ0 is the molecular Hamiltonian for identical nuclei, as follows from the
fact that l ¼ 0 when m1 ¼ m2.

We can thus expand the eigenfunction in a l power series Y ¼ Yð0Þ þYð1Þl . . .
that leads to a similar expansion for the dipole moment mz ¼ m

ð1Þ
z lþ � � � , where

mð1Þz ¼ 2hYð0Þjm̂00zjYð1Þji ð6:91Þ

provided that the eigenfunction is chosen to be real. This simple argument shows
how the different nuclear masses produce a charge asymmetry and a net dipole
moment.

Blinder [39] estimated the dipole moment of HD by means of a rather more
complicated perturbation approach and later Kolos and Wolniewicz [45, 52] and
Wolniewicz [53, 54] improved Blinder�s calculation by means of a variational
perturbation method based on Equation 6.91.

It is clear that any rigorous nonadiabatic calculation of the molecular dipole
moment should be carried out in the molecule fixed set of axes. Consequently,
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the approaches outlined in Section 6.9 are unconvincing (to say the least). Cafiero
and Adamowicz [36, 38] must have placed the floating Gaussians in a convenient
way to obtain nonzero dipole moments in good agreement with the experimental
ones and Tachikawa and Osamura [34] did not explain how they obtained their
results. Besides, the latter authors even forgot to remove the motion of the center
of mass.

6.11
Perturbation Theory for the Stark Shift

As we outline in Section 6.7, the experimental determination of the molecular
dipole moment relies on the validity of the model of a rotating quasi rigid polar
body. The procedure consists of fitting a polynomial function of the field strength to
the observed Stark shift lines. In principle, we should derive more rigorous
theoretical expressions for those line shifts by means of perturbation theory
and the actual quantum mechanical Hamiltonian operator for a molecule in an
electric field.

Instead of the rigid rotator model, we should choose the Hamiltonian operator,
Ĥ0 ¼ ĤM, for the isolated molecule and the perturbation Ĥ

0 ¼ F:m̂. If we set F
along the z axis in the laboratory frame (F ¼ Fez), then Ĥ

0 ¼ Fm̂z. In this way,
perturbation theory gives us the well known quantum mechanical expressions for
the Stark shifts

En ¼ Eð0Þ
n þEð1Þ

n þEð2Þ
n þ � � � ð6:92Þ

where n is a collection of quantum numbers that completely specifies a given
(nonadiabatic) molecular state. For the ground state, we have

Eð1Þ
0 ¼ hYð0Þ

0 jm̂zjYð0Þ
0 iF ¼ 0

Eð2Þ
0 ¼ F2P

m>0
jhYð0Þ

0 jm̂zjYð0Þ
m ij2

Eð0Þ
0 Eð0Þ

m

ð6:93Þ

where we clearly appreciate that the field reduced splitting DE=F2 does not give us
what we may call the square of the dipole moment but a kind of energy weighted
average over those molecular states with nonzero matrix element hYð0Þ

0 jm̂zjYð0Þ
m i,

including the continuum part of the spectrum. This important issue was already
discussed by Brieger et al. [55] and Brieger [56] more than 20 years ago in
their BO study of the Stark effect of heteronuclear diatomic molecules in 1S

states.
In the molecule fixed reference frame, we have

m ¼ m0xe
0
x þ m0ye

0
y þ m0ze

0
z ð6:94Þ
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and a similar expression for F. Brieger [56] argued that the spherical vector
components

u00 ¼ u0z

u0�1¼ � 1

2
p ðu0x � u0yÞ ð6:95Þ

are more convenient for the calculation of the matrix elements in Equation 6.93. It is
not difficult to prove that

m:F ¼
X
p

ð 1Þpm0pF 0
p ð6:96Þ

However, since the laboratory fixed andmolecule fixed sets are the natural frames
for the external field and themolecule, respectively, Brieger [56] chose F ¼ Fez in the
former and m in the latter as in Equation 6.94. Thus, in the simple notation of
Section 6.10, we have

mz ¼ m0xez � e0x þ m0yez � e0y þ m0zez � e0z
¼ sin q m0x þ cos q m0z ¼

sin q

2
p ðm0þ 1

m0
1
Þþ cos q m00 ð6:97Þ

In this way, Brieger [56] showed that the perturbation Ĥ
0
connects the ground

electronic state 1S to excited 1S and 1P states (in general, those with electronic
angularmomentumquantumnumbersL andL� 1).Under theBOapproximation,
Brieger et al. [55] and Brieger [56] separated the Stark shift (6.93) into four
contributions: (1) coupling of rotational states within the same 1S vibronic one,
(2) coupling of vibrational rotational states within the same 1S electronic state, (3)
coupling of vibrational rotational states between two 1S electronic ones, and (4)
coupling of vibrational rotational states between the given 1S and 1P ones. The first
three contributions are due to m0 and the fourth one due to m�1 [55, 56].

As far as we know, there is no nonadiabatic calculation of the Stark shift by means
of Equation 6.93. A straightforward comparison of BO and non BO calculations may
lead to some difficulties as mentioned by Wolniewicz [54]: �Since the familiar
classification of electronic states of diatomic molecules is based on the Born
Oppenheimer approximation, some difficulties arise if one tries to use the standard
nomenclature to describe nonadiabatic functions.�

6.12
Conclusions

Quantummechanics is a theory for observables; it gives us a recipe for the calculation
and prediction of what can be experimentally measured.When we apply this point of
view to molecular properties such as the dipole moment, we face some problems.

First, we should define precisely what we understand for the dipole moment of a
molecule and calculate it accordingly. As we said above, the nonadiabatic calculations
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of dipole moments are scarce and few. Those of Tachikawa and Osamura [34] and
Cafiero and Adamowicz [36, 38] are suspicious because they are not based on the
molecule fixed Hamiltonian operator. In our opinion, the only serious attempts at
nonadiabatic calculations of dipole moments are those of Blinder [39, 40], Kolos and
Wolniewicz [45, 52], and Wolniewicz [53, 54]. All other calculations of dipole
moments are based on the BO approximation.

Once we calculate the dipole moment according to such an agreed theoretical
definition, we realize that it may not be directly comparable to available experimental
data. Brieger [56] judiciously argued that the field reduced line splittings do not give
us the square of the molecular dipole moment, as predicted by the oversimplified
rigid rotor model, but a kind of energy weighted average. Thus, the well known
expression for the Stark shift in 1S levels dominated by the square of the dipole
moment is reasonably accurate only for sufficiently large dipole moments [56].

Cafiero and Adamowicz [36, 38] stated that �Our calculations simulate experiment
more closely than any previous calculations.�However, they calculated the Stark shift
for the ground state energy whereas spectroscopic experiments provide the Stark
shifts for the frequencies. In principle, themethod developed by these authors could
be adapted to the calculation of the shift of the spectral lines that one can compare
directly with experiment. At this point, it is worth mentioning that the Hamiltonian
operator with the Coulomb potential plus the interaction with the field [36, 38] is
unbounded from below and therefore it exhibits only a continuous spectrum [48].
However, if the field strength is not too large then it is possible to apply the variational
method for bound states [36, 38]. Since there has not yet been any soundnonadiabatic
calculation of excited states, it is not clear whether it is feasible to obtain reliable
nonadiabatic Stark shifts. Even in the most favorable scenario, one would at best be
able to compare field reduced splittings because there does not appear to be a
rigorous procedure for extracting dipole moments from them [55, 56].

We appreciate that there is much to be done in this field and we hope that this
discussion will contribute to motivate such work.
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7
The Search for Parity Violation in Chiral Molecules
Peter Schwerdtfeger

7.1
Introduction

It is well known that symmetry through group and representation theory is an
indispensable tool for the interpretation of atomic, molecular, and solid state
spectra [1, 2]. Thus, symmetry plays an important role in chemistry and physics
[3, 4]. One of the most fundamental laws concerning symmetry in physics is
Noether�s first theorem [5], which states that any differentiable symmetry of the
action of a physical system has a corresponding conservation law. The action of a
physical system is obtained from its known Lagrangian function (currently obtained
from the so called standard model (SM)) [6], which by the principle of least action
should completely describe the system�s physical behavior. Beside the kinematic
symmetries like space time transformations, permutation symmetry (leading to the
famous Pauli principle for fermions), and gauge symmetry describing the dynamical
symmetries of particle fields, we also have charge conjugation (C), time reversal (T),
and space inversion (P, parity) symmetry in nature. The conservation of all physical
laws under simultaneous charge, space, and time inversion is known as the CPT
theorem, or the Schwinger L€uders Pauli theorem [7 9]. More exactly, the CPT
theorem implies that any Lorentz invariant local quantum field theory with a self
adjoint Hamiltonianmust have CPTsymmetry. Violation of the CPT theorem has far
reaching consequences as it implies violation of Lorentz invariance (sometimes
called relativity violation), but not vice versa (!) [10]. So far no violation of CPT
symmetry has been found in nature, although experiments are currently in progress
to rigorously test this important conservation law [11]. CPT violation could only be
explained beyond the SM and, consequently, any positive outcome of such experi
ments implies new physics.

In order to preserve CPT symmetry, every violation of the combined symmetry
of two of its components (such as CP) must have a corresponding violation in the
third component (such as T); mathematically, these are completely equivalent.
Thus, violation of T symmetry is more often referred to as CP violation. CP
violation is most likely responsible for the matter/antimatter asymmetry in our
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universe [12], although the SM does not predict enough CP violation to explain the
antimatter/matter upper limit ratio of about 10�6 in the universe [13]. Despite the
search for more than 40 years of CP violating effects, starting from the discovery of
CP violation in the K0 meson decay into 2p (1 in 500 decays) [14] and much later
the B0 meson, no further examples of CP violation have been found [15]. P and T
violation results in an electric dipole moment for the neutron, proton, and
electron. These effects might be larger than the SM predicts and could, therefore,
result in new physics. The current experimental limit for the electron electric
dipole moment (EEDM) from an experiment on the thallium atom is
jdej � 1:6� 10�27 e cm [16, 17] (the SM through the Kobayashi Maskawa mech
anism predicts �10�41 e cm) [16]. For the EEDM in diatomic molecules such as
YbF, HIþ , TlF, and PbO, see Refs [18 21].

In 1956, Lee and Yang suggested that parity might not be conserved in nuclear
b decay [22]. The experimental proof of parity nonconservation (PNC, or PV for P
violation) came 1 year later fromWu et al. [23] bymeasuring the electron distribution
during the b decay of the 60Co isotope. The electrons were predominantly emitted
with negative helicity with their spin being opposite to the nuclear spin axis, that is,
they were left handed. Further support came from the anti b decay of 58Co [24],
where the angular distribution of the emitted positrons showed exactly the opposite
behavior, that is, they were right handed. Parity violation is described by the SM (or
Weinberg Glashow Salam theory) of elementary particle physics utilizing SU(3)�
SU(2)�U(1) symmetry transformations [25 27]. This model considers three of the
four fundamental forces (strong, electromagnetic, and weak) between quarks and
leptons through the carriers of the forces, the photon, the W� and Z bosons, and the
gluons. However, the SM fails to provide a deeper insight into the nature of these
interactions. Fundamental questions remain open, such aswhy fermions and quarks
come in groups of three, what determines the mass of an elementary particle (the
Higgs boson responsible for themasses of elementary particles in SM theory has not
been detected yet), and what determines the values of the fundamental constants in
nature. For example, the SM is not capable of correctly explaining the Big Bang
baryogenesis from CP violation, and it is therefore widely assumed that the SM is
only a low energymanifestation of amore complete theory, for example, the so called
theory of everything (TOE) [28].

A stringent test of the SM in the low energy regime is by measuring PV effects in
heavy atoms. It originatesmainly from the weak neutral current, that is, the Z0 boson
exchange between electrons and nucleons. The weak interaction causes a mixing
between opposite parity states in atoms, for example, it mixes s1=2 and p1=2 states, so
for the hydrogen 2p1=2 state, for example, we get

Y ¼ Y2p1=2 þ ieY2s1=2 ð7:1Þ

with e being of the order of 10�11,

e ¼ ihY2s1=2 jHPVjY2p1=2i
E2s1=2 E2p1=2

ð7:2Þ
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and HPV being the weak interaction Hamiltonian between the electrons and
nucleons. For this Hamiltonian, the main P odd contributions come from the
nuclear spin independent (SI) and spin dependent (SD) part of the weak current
(P even contributions are neglected here since they lead only to small corrections in
the isotope shift and hyperfine structure) given by

HPV ¼HSI
PVþHSD

PV ¼ GF

2 2
p

X
n

QWðnÞ
X
i

c5i rnðrinÞ

þ GF

2
p

X
n

kNCðnÞþkHFðnÞþkAðnÞð Þ
X
i

ai � Inð ÞrnðrinÞ

ð7:3Þ
with the Fermi coupling constantGF=ðhcÞ3 ¼ 1:16637ð1Þ� 10�5 GeV�2, which gives
a value of GF¼ 2.22250(2)� 10�14 in atomic units (a.u.). The summation is taken
over all electrons i and nuclei n �r is the normalized nuclear charge density, In is the
spin of nucleus n, and the c5 Dirac pseudoscalar (chirality operator) is defined as

c5 ¼ 02 12
12 02

� �
a¼ 02 s

s 02

� �
b¼ 12 02

02 12

� �
ð7:4Þ

with 12 and 02 being the 2� 2 identity and zero matrix, respectively. Here the Dirac
matricesa and b are in the standard (Dirac Pauli) representation, anda contains the
2� 2 Pauli spin matrices s. The weak charge QW for a specific isotope is defined as

QW ¼ NþZð1 4sin2qWÞ � N ð7:5Þ
whereN andZ are the numbers of neutrons and protons in the nucleus, respectively.
The Weinberg mixing angle qW is given as sin2qW ¼ 0:2397ð13Þ [29]. Radiative
corrections change the weak charge and one approximately obtains [36] (Johnson,W.
(2007), personal communication)

QW ¼ 0:9857Nþ0:0675Z ð7:6Þ
kNC, kHF, and kA are the nuclear dependent factors (nuclear spin dependent (NC),
hyperfine (HF), and anapole moment (A) components), where the nuclear anapole
moment [30] is the largest among all three contributions [31]. The anapole arises due
to the chargedweak current inside the nucleus and interacts with the electrons by the
usual magnetic interaction (PV hyperfine interaction). Typically, one has
jQWj � 100jkj with k¼ kNCþkHFþkA. The kNCparameters are determined from
nuclear structure calculations [32] and we approximately have kA � 5kNC and
kHF � kNC=2. For example, theoretical estimates for 133Cs gave kA ¼ 0:063
0:084 [33] in good agreement with experiment (ðkA ¼ 0:09ð2ÞÞ [34, 35]. More details
can be found in Ref. [28].

It is obvious that HPV does not commute with the parity operator, that is,

½HPV;P	 6¼ 0 ð7:7Þ
GF and consequently e are rather small, and early predictions of weak neutral
currents in atoms showed rather small effects [30]. However, in 1974, Bouchiat and
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Bouchiat predicted a Z3 scaling with the nuclear charge Z for parity violation effects
in atoms and proposed optical rotation experiments for highly forbidden transitions
in atomic spectra of heavy elements [37 41]. The first observation of atomic PVcame
in 1978 fromBarkov andZolotorevin atNovosibirsk frommeasurements on the 209Bi
isotope [42 44]. The most accurate optical rotation experiments are currently from
groups at Seattle (205Tl, 1283 nm transition and 207Pb, 1279 nm transition) [45, 46]
and Oxford (209Bi, 876 nm transition) [47]. Here the laser frequency is tuned to the
vicinity of a magnetic dipole resonance. The interference between the highly
forbidden PV induced E1 amplitude and, in this case, the dominant M1 amplitude,
leads to optical activity. Further successful experiments came from Berkeley using a
Stark interference technique for 205Tl [48]. The most accurate experiments to date
come from the Colorado group in 1997 using a Stark interference technique for
133Cs [49, 50]. These results are in unprecedented agreement with the SM to an
uncertainty of 0.35% [51 53]. Even more interestingly, these experiments are so
precise that nuclear spin dependent effects arising mainly from the nuclear anapole
moment (kA in Equation 7.3) have been confirmed (first and only), thus providing
new insight into neutral current weak interactions in the hadron sector, which
otherwise is difficult to obtain. From Equation 7.6 we obtain for the weak charge of
133Cs (Z¼ 55, N¼ 78), QW¼ 73.172. This agrees with the experiment and theory
(QW¼ 73.16(29)exp(20)theor [54, 55]) to 1s accuracy. More recently, Tsigutkin et al.
found atomic PV in the 6s2 (1S0) ! 5d16s1 (3D1) 408 nm forbidden transition in
ytterbium to be two orders of magnitude larger than in cesium [56]. For reviews on
atomic PV, see Refs [41, 57 59].

The SM also predicts that PV originating from the weak neutral current between
electrons and nucleons introduces a tiny energy difference between left (S) and
right (R) symmetric (mirror image) molecules (enantiomers) of a chiral com
pound [60 63]. Consider the positive j þ i and negative j i parity eigenstates of a
parity conserving molecular HamiltonianHPC, which are usually split by tunneling
in a double minimum potential between the two enantiomers,

Pj þ i ¼ þ jþ i; Pj i ¼ j i; HPCj þ i ¼ Eþ jþ i; HPCj i ¼ E�j i
ð7:8Þ

with the tunneling splittingDET ¼ E� Eþ > 0. For almost all chiral molecules, the
tunneling splitting can be completely neglected compared to the parity violation
energy shift, DET 
 jEPVj. In this case, we form the left right superpositions of the
parity states,

jSi ¼ jþ iþ j ið Þ= 2
p

; jRi ¼ jþ i j ið Þ= 2
p

; jSi ¼ PjRi; jRi ¼ PjSi
ð7:9Þ

In the standard Dirac picture, the parity operator is given as [64]

P ¼ c0 ¼ b ð7:10Þ
and we have for the Dirac matrices the anticommutation rules,

fP; cmg ¼ 0 ðm ¼ 1; 2; 3Þ; fP; c5g ¼ 0 ð7:11Þ
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with

c5 ¼ ic0c1c2c3 and cm ¼ ðb; baÞ ðm ¼ 0; 1; 2; 3Þ ð7:12Þ
From the parity conserving and nonconserving (Equation 7.3) Hamiltonians, we
therefore get

½P;HPC	 ¼ 0; fP;HPVg ¼ 0 ð7:13Þ
or

P�1HPCP ¼ HPC; P�1HPVP ¼ HPV ð7:14Þ
and thus we obtain for the left right expectation values

ES
PV ¼ hSjHPVjSi ¼ hRjP�1HPVPjRi ¼ hRjHPVjRi ¼ ER

PV ð7:15Þ
andwe have usedP�1 ¼ P� ¼ P.ES

PV is the PVenergy shift for the S enantiomer. The
PV energy difference between both enantiomers is therefore

DESR
PV ¼ ES

PV ER
PV ¼ 2ES

PV ð7:16Þ
Equation 7.16 of course includes the unlikely case that DESR

PV ¼ 0 for a chiral
molecule in its equilibrium geometry. Therefore, strictly speaking, nonzero PV
transforms enantiomers into diastereomers. PV in chiral molecules led to some
speculation that it is the cause for biomolecular homochirality in nature, the fact that
life on earth is completely dominated by left handed amino acids and right handed
sugars [60, 61] (see Refs [65 70] for critical reviews on this highly debatable
hypothesis). Despite many claims in the past, PV effects in chiral molecules have
never been unambiguously observed [71]. The PV energy differences between
enantiomers are currently estimated to be in the range of below 1Hz for experi
mentally accessible chiral molecules [71]. Moreover, precise calculations for PV
energy shifts are rather difficult at the molecular level and, therefore, offer no
competition for testing the SM unlike the atomic case. We mention, however, a
recent study by DeMille et al.who suggested to measure the nuclear spin dependent
PV through a Stark interference technique to determine the mixing between
opposite parity rotational/hyperfine levels of ground state diatomic molecules such
as BaF [72]. Nevertheless, the search for thermodynamically stable chiral compounds
with large parity violation effects, together with the development of ultrahigh
resolution spectroscopic techniques, constitutes one of the most exciting and
challenging areas in molecular physics, which will be discussed in the following
sections. There are a number of excellent review articles already available on both
experimental and theoretical aspectsofparity violation inchiralmolecules [71, 73 78].

7.2
Experimental Attempts

Letokov predicted in 1975 [62] that PV leads to energy differences in molecular
spectra of chiral molecules. In 1976, Kompanets et al. suggested the use of narrow
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saturated absorption resonances in the vibrational rotational spectrum of CHFClBr
induced in a continuous wave CO2 laser field [63]. It was speculated that a resolution
of DnPV=n ¼ 10�15 can be achieved (DEPV ¼ hDnPV). There have been many more
suggestions of how tomeasure P odd effects in chiral molecules since then, but only
few experiments have been carried out so far that stand on safe scientific ground. The
first serious attempt to find differences in transition frequencies was carried out by
Arimondo and coworkers in 1977 [79] using D and L camphor and a 9.22 mm R(28)
CO2 laser line, which conveniently lies in the C C� CO bending mode range of
camphor (C� denotes a chiral carbon in the camphormolecule). They concluded that
for this compound, PV effects must be smaller than 300 kHz, which gave the upper
limitDnPV=n< 10�8. Almost 30 years later, theoreticalwork carried out in Lazzeretti�s
group (Modena) and our group (Auckland) demonstrated that for camphor, the PV
shift is more than 10 orders of magnitude smaller, that is, DnPV=n � 10�19 [80, 81].
Because of the weak charge and in general theZ scaling behavior for PVproposed by
Bouchiat and Bouchiat for atoms [37 41] and by Zel�dovich et al. or later Hegstrom
and Wiesenfeld for chiral molecules [82 84], it is clear that one has to choose chiral
molecules containing heavy elements. In fact, it was shown by us in 1999 that for
H2X2 (X¼O, S, Se, Te, and Po, torsion angle of 45�) at the Dirac Coulomb Hartree
Fock (DC HF) level of theory, the PV energy shift ESR

PV scales approximately like
Z6 [85]. Another important aspect to consider is the single center theorem of
Hegstrom et al. [84], which implies that it is desirable to involve two or more
neighboring heavy elements in the chiral compound, preferably with PV contribu
tions of the same sign such that they amplify. Next, chiral compounds should consist
of as few atoms as possible leading to a more favorable partition function. Moreover,
the compound must be reasonably stable, volatile, and synthesizable, and an
enantioselective synthesis or enantiomeric enrichment is highly desirable for
independent measurements. It is now evident that finding suitable chiral molecules
for PV measurements is less than trivial. In the following sections, we review some
attempts tomeasure P odd frequency shifts in chiralmolecules.Wemention that one
very promising future alternative experimental method is to trap molecules at
ultracold temperatures (in the mK range or below) [86], for example, by pulsed
electric fields [87, 88], and subsequently perform ultrahigh resolution spectroscopic
measurements of vibration rotation or electronic transitions. Tunable lasers for
high resolutionmeasurements are already available in the 1 20 mmrange, which can
reach resolutions of 1Hz or below [76, 89 91]. Cold molecules are ideally suited for
high resolution spectroscopy [92].

7.2.1
Vibration Rotation Spectroscopy

PV effects in vibrational transitions are usually an order of magnitude or more
smaller than the direct PV shift in the total electronic energy. Perturbation theory
shows that enhancement effects in the PV contribution are expected if the first and
second derivatives of the PVenergy shift with respect to the normal coordinate of the
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vibrational mode are of the same sign. Previous attempts by the Paris group focused
on Letokov�s suggestion of using CHFClBr as the chiral target molecule. It took until
1989 when finally CHFClBr was synthesized in high optical purity [93], and the
absolute configuration was determined by Collet and coworkers to be S(þ ) and R
( ) [94, 95]. In 1999, the first high resolution PV experiment has been carried out by
Chardonnet�s group in Paris [74, 89]. In this experiment, a single CO2 laser feeds an
electro optic modulator generating tunable frequency stabilized side bands. The
stabilized laser directly feeds two 3 m long Fabry Perot cavities containing the
separated enantiomeric compounds in high optical purity. The laser was locked on
one hyperfine component of the n4 C F fundamental frequency in CHF37Cl81Br
with a peak to peak line width of 90 kHz. Five hundred and eighty measurements
were carried out over 10 days resulting in a negative outcome, that is,
Dn

Rð�Þ=Sðþ Þ
PV ¼ 9:4 Hzwith a statistical and systematic uncertainty of 5.1 and 12.7Hz,

respectively, andDnPV=n < 1:6� 10�13 [74, 89]. These experiments were repeated in
2002with samples of higher enantiomeric excess and a slightlymodified setupwith a
line width of the signal of 60 kHz, which gave Dn

Rð�Þ=Sðþ Þ
PV ¼ 4:2� 0:6� 1:6

Hz [96] corresponding to a frequency ratio of DnPV=n < 5� 10�14. Current theo
retical estimates provide DnPV=n ¼ 8� 10�17 [97], hence, the resolution needs to
improve by three orders of magnitude for this compound. The Paris group is
therefore moving to a molecular beam experiment using two photon Ramsey fringe
spectroscopy, which will narrow the line widths and improve the sensitivity by one or
two orders of magnitude [96]. Moreover, larger PV shifts in chiral molecules
containing heavier elements, either as the chirality center or as ligands, are required
for this experiment, which will be discussed in the theoretical section. For example,
CHFClI has been synthesized and characterized recently by Cuisset et al. [98, 99].

7.2.2
M€ossbauer Spectroscopy

In atomic M€ossbauer transitions, PV manifests itself in the emission of circular
polarized c radiation. Inzhechik et al. claimed to have seen circular polarization of
(0.9� 0.1)� 10�3 for the 23.9 keV transition in 119Sn and (0.58� 0.12)� 10�3 for the
14.4 keV transition in 57Fe [100 102]. This, however, was disputed later by Shuskov
and Telitsin who obtained five orders of magnitude smaller values from the
theory [103]. This clearly underlines the importance of an independent theoretical
confirmation of experimental PV observations. No other atomic PV M€ossbauer
experiments have been carried out so far.

On the molecular side, Khriplovich suggested M€ossbauer experiments on heavy
nuclei such as 181Ta [104]. In 1994,M€ossbauermeasurements on the L and D tris(1,2
ethanediamine) iridium(III) complex provided an upper limit for the PV energy
difference of 4� 10�9 eV [105]. More recently, Compton and coworkers at Tennessee
reported M€ossbauer spectra for the enantiomers of Fe(phen)3Sb2(C4H2O6)2� 8
H2O [106]. Four independent experiments showed a small (but reproducible) energy
shift in the 57Fe M€ossbauer spectra of 1.9� 10�10 eV. Besides the fact that 57Fe is a
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relatively light element and rather small PV effects are therefore expected, a
theoretical analysis concluded that for closed shell systems, PV energy shifts in
M€ossbauer spectra should be very small due to Kramers symmetry [58, 106]. Here PV
contributions between different Kramers pairs of orbitals cancel out. This is
easily shown, that is, consider the Kramers operator K for the Kramers degenerate
orbitals ðwK;wÞ,

K ¼ c1c3C� ¼ i
s2 02
02 s2

� �
C�; wK ¼ Kw ð7:17Þ

where C� denotes the complex conjugation. K commutes with the parity conserving
Dirac operator HPC,

KK� ¼ 1; ½K ;HPC	 ¼ 0 ð7:18Þ
and we have

wK HSI
PV wK ¼ w HSI

PV w ; wK HSD
PV wK ¼ w HSD

PV wij��������������������� ð7:19Þ

The first term comes from the nuclear spin independent PV Hamiltonian in
Equation 7.3. Here a change in the nuclear density is required to account for a PV
shift, which would lead to extremely small PV level splitting between the enantio
mers. More important, the nuclear spin dependent contributions cancel out unless
strongmagnetic fields are applied to lift Kramers� degeneracy. Moreover, as these are
solid state measurements, imperfections in the crystal and impurities can lead to
spurious energy shifts between the enantiomers. Hence, the observed level splitting
is most likely not due to PV.

7.2.3
NMR Spectroscopy

As mentioned before, most of the effect in the nuclear spin dependent PV Ham
iltonian comes from the nuclear anapole moment. In 1986, Barra, Robert, and
Wiesenfeld discussed the possibility of measuring PV in NMR observables such as
the nuclear magnetic shielding, the nuclear spin spin coupling, and the spin rota
tion coupling [107 111]. From relativistic extended H€uckel calculations, they esti
mated that PV shifts in the nuclear magnetic shielding are in the mHz range for
chiral molecules containing heavy elements [107, 108]. Ultrahigh resolution high
field NMR is indeed capable to achieve mHz resolution. However, there are certain
restrictions. One has to avoid line broadening from nuclear quadrupole coupling,
restricting the nuclei to nuclear spin I¼ 1/2. There are not toomany promising heavy
element isotopes available satisfying this condition, and in addition forming stable
chiral compounds, and possible choices are 117Sn, 119Sn, 187Os, and 183W as chiral
centers [112]. Another possibility is to attach a heavy spin 1/2 nucleus to a chiral
center. The gas phaseNMRwill be the bestmethod, as the liquid phase leads again to
line broadening due to dynamic effects, and the solid state may introduce spurious
effects due to imperfections in the sample. Nevertheless, Mukhamedjanov et al.

208j 7 The Search for Parity Violation in Chiral Molecules



suggested recently to use insulating garnets doped by rare earth ions to measure PV
shifts in theNMR frequency,which arises from the lattice crystalfield and the nuclear
anapole moment of the rare earth nucleus such as 169Tm or 141Pr [113, 114].
Moreover, for the nuclear spin dependent term in Equation 7.3 the Z scaling might
not be as favorable as for the spin independent case [115, 116]. A recent article by
Ledbetter et al. [117] reported on optical detection of NMR J spectra at zero magnetic
field. The experimental setup was a microfabricated optical atomic magnetometer
providing high sensitivity. They obtained 0.1Hz line widths and measured scalar
coupling parameters of the form (JI1I2) between two nuclei with 4 mHz statistical
uncertainty. This high precision J spectroscopy technique can provide a new tech
nique for measuring PV in nuclear spin coupling. We mention that recently Fujiki
reported on the observation of PVeffects in theNMRspectra of the 29Si signal (aswell
as in theUVandCD spectrum) of symmetrically substituted helical polysilylene, poly
[bis(S) 3,7 dimethyloctylsilylene] and its enantiomer, in CDCl3 solution [118]. How
ever, such compounds are not suitable for high precision measurements. As there
are currently no other reports onmeasurements of PVeffects in NMRproperties, the
high resolution NMR remains a challenge to future experimental and theoretical
investigations.

7.2.4
Electronic Spectroscopy

In principle, electronic spectroscopy would be themost promising way to observe PV
effects in chiral molecules, as PV shifts in the total electronic energy are largest, and
are predicted to be in the range of a few 100Hz for heavy element containing chiral
compounds [119]. However, narrow line widths are only obtained in symmetry or
spin forbidden electronic transitions with lifetimes of the excited electronic state of 1
ms or more. Enhancements in PV energy differences are expected if the PV shifts of
the ground and electronic excited states are of opposite sign. There has been little to
no work published on PV energy shifts in electronic transitions, and to find suitable
candidates remains a challenge. We mention that in 1986, Quack and coworkers
proposed an experiment making use of an achiral excited intermediate state of well
defined parity [120, 121], based on an earlier study by Harris and Stodolsky on
tunneling in the presence of weak interactions [122]. They suggested to investigate
molecules likeCl2S2 [123]. This allows one to isolate the PVenergy shift in the ground
state as a spectroscopic combination difference. A similar scheme has been intro
duced byBerger, but suggesting an achiral electronic ground state and a chiral excited
state, which, for example, is the case for the molecule HFCO [124].

7.2.5
Other Experiments

Very recently, Bargueño et al. proposed to measure PV energy shifts between
enantiomers of chiral molecules by measuring changes induced by an external
chiral field such as circularly polarized light in the time averaged relative optical
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activity of amolecular sample preparedwith chiral purity at the initial time [125]. This
proposal follows earlier work by Harris and coworkers [122, 126 131]. Here the
tunneling splitting must be of the same order as the PV energy shift, which
substantially narrows down the choice for suitable chiral candidates. If such an
experiment is feasible, remains to be seen. In the following, we briefly report on
various experiments carried out in the past to detect PV effects in chiral molecules,
some of themwith claims of positive outcomes, which are highly questionable and to
our opinion, difficult to justify on theoretical grounds.

In a series of papers, Wang et al. [133 136] claimed evidence of a reversible
second order Salam phase transition [132] at 247 K caused by PV in a D alanine
crystal using a variety of spectroscopic techniques. However, the Salam hypothesis
of a PV induced Bose Einstein condensation in a crystal is to our opinion seriously
flawed (to phrase it mildly), as it completely neglects the huge barrier of inversion
between two enantiomers in an amino acid crystal [137, 138]. Moreover, some of
the experiments have been carefully repeated in Compton�s group in Tennessee
with a (not surprisingly) negative outcome [138]. More recently, Wilson and
coworkers carried out neutron diffraction experiments for L and D alanine at
different temperatures, with no evidence at all for a Salam type phase transi
tion [139]. Bolik et al. presented a Raman spectra of D and L enantiomers of an RNA
duplex in water solution and found differences in the intensity of the vibrational
modes [140]. They concluded that their work is the first to provide experimental
evidence at the macromolecular level that the D enantiomer of RNA has an energy
level scheme different from that of its counterpart in the L configuration. Again,
such experimental findings are highly debatable and to our opinion not linked to
PV effects.

There have also been various claims of PV induced preferred enantiomeric
crystallization by the Keszthelyi group [105, 141, 142]. A statistical analysis from
CD spectra of tris(1,2 ethanediamine)cobalt(III) and tris(1,2 ethanediamine)iridium
(III) crystals revealed an asymmetric distribution of D and L crystals, which the
authors see as a proof of PV forces acting in chiral molecules [141]. However,
crystallization is a complex process and such experiments at the macroscopic scale
will barely prove any PVeffects inmolecules, as a theoretical treatment is out of reach
to current computational methods. It comes therefore at no surprise that such
experiments are under constant criticisms [69].

In amore recent paper by Shinitzky et al., unexpected differences in the solubilities
of D and L tyrosine in water were reported [143]. They speculated that minute energy
differences between D and L tyrosine originating from PV, or other nonconservative
chiral discriminatory rules, could account for their observations. Their results were
again challenged by Lahav et al. pointing out the crucial role of impurities in the
samples [144]. An interesting note was added to Shinitzky�s paper in the journal
Chirality. In a commentary, the journal�s editor A. W. Schwartz explains why he
accepted Shinitsky�s manuscript despite one referee turning it down [145]. He asks
the question, �Is this good science or wishful thinking?Will this paper turn out to be
another example of �polywater� or �cold fusion� or is it a fundamental discovery of
great importance to theories of the origin of life?�
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7.3
Theoretical Predictions

The first crude PV calculations for chiral molecules were performed by
Hegstrom et al. in 1980 on twisted ethylene and A nor 2 thiacholestane [84]. The
calculated PV shifts were extremely small, and 2� 10�20 a.u. for twisted ethylene.
However, ab initio calculations for PV in chiral molecules really started with Mason
and Tranter�s work 25 years ago, who investigated a variety of molecules, mainly
amino acids and sugars, to address the problem of the origin of biomolecular
homochirality [146 150]. They used a nonrelativistic approach, that is, a unitary
transformation from the Dirac to the Schr€odinger picture, leading to the so called
Bouchiat Hamiltonian (in atomic units) [77],

~H
NR
PV ¼ ~H

SI
PV þ ~H

SD
PV ¼ GF

4c 2
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QWðnÞ
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kðnÞ
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i

ðfpiIn; rnðrinÞg

iðsi � InÞ � pi; rnðrinÞ½ 	Þþ � � � ð7:20Þ
For most nonrelativistic calculations, it is sufficient to apply a point charge nucleus
(rnðrinÞ ¼ dð3ÞðrinÞ) [85]. Spin orbit coupling must be included in these nonrelativ
istic PV calculations, otherwise the matrix elements over the Hamiltonian (7.20)
would be exactly zero [84]. This can be done within a relativistic two component
framework, or by using linear response theory. For the latter method, we have [151]

EPV ¼ hh ~HNR
PV ;HSOii0 ð7:21Þ

where HSO usually contains both the spin orbit and spin other orbit term. Berger
pointed out that for the lighter elements, theBreit interaction giving rise, for example,
to the spin other orbit term cannot be neglected anymore [152]. Laerdahl and
Schwerdtfeger demonstrated that while the largest PV contributions come from
the valence space where the chiral field is largest, the main amount comes from the
inner core region as one expects from the form of the PV operator (7.20) [85]. This
implies that most standard contracted Gaussian basis sets used in standard molec
ular quantum calculations cannot be applied anymore, as the wavefunction close to
the nucleus needs to be more flexible. This is similar to calculations of other typical
core properties like electric field gradients [153]. Indeed, it was first pointed out by
Kikuchi and Wang in 1987 that popular contracted basis sets used at that time, like
STO 3Gor 6 31G, are not very useful inPVcalculations [154]. Acareful basis set study
by Kikuchi andWang for glycine and alanine showed that the PV energy shift is very
sensitive to the various basis sets applied [155]. Thiswas later reinvestigated byQuack
and coworkers,whopointed out that in the earlyworkbyHegstrom et al. [84] aswell as
Mason and coworkers [147 149], PVeffects were underestimated by about one order
ofmagnitude [156]. It is now clear that great care needs to be applied for the choice of
the right basis set to accurately determine PVenergy shifts. Further, test calculations
on H2O2 and H2S2 indicated that electron correlation effects are rather small [157].
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Table 7.1 collects results from EPV calculations on H2X2 (X¼O to Po) from our
research group (Dirac Coulomb results) [85, 157], fromDC MP2 calculations of van
Stralen et al. [158], and from zero order regular approximation (ZORA) density
functional calculations of Berger and van W€ullen [159, 160]. The H X X H torsion
angle is kept at 45�, where PVeffects are largest (around 90� the PVenergy shift goes
through zero and changes sign) [85]. The data in this table show that ZORA HF
results are in good agreement with the earlier DC HF calculations, and larger
deviations are only seen for the lighter elements as the DC HF calculations did not
incorporate any Breit interactions. Nevertheless, both the HFand density functional
theory (DFT) results are relatively close to the CCSD(T) results. However, this is
generally not the case for other molecules as we shall see. Interestingly, a fit to a
f ðZÞ ¼ aZn function gives basically the same Z scaling law of n¼ 6.17 6.18 for all
levels of theory applied, and is therefore above the Z5 scaling as suggested by
Zel�dovich [82]. A number of research groups in the past studied PV on the �test�
molecules H2O2 or H2S2 or similar systems such as H2SO [151, 156, 161 166].

Concerning the nuclear spin dependent operator in Equation 7.3 or 7.20, the work
by Laubender and Berger [167, 168] and Soncini et al. [115] on PV contributions to
NMR chemical shifts for H2O2, H2S2, and H2Se2 suggested a much lower Z2:7

scaling, hence, at the time NMR did not seem to be the best experimental method to
detect PV effects in chiral molecules. However, Bast et al. claimed a much larger
relativistic enhancement factor for H2Te2 and H2Po2 at the DC HF level of theory,
bringing the scaling even up to Z7:1 [112]. ZORA DFT calculation by Nahrwold and
Berger later showed only a Z3:9 scaling indicating an instability in the Kramers
restricted DC HF wavefunction [116], or in other words, electron correlation effects
cannot be neglected anymore in such calculations, andDFTseems to performwell. A
comparison of four component HF, MP2, and DFT results on R CHFClBr [169]
showed indeed the importance of electron correlation as large varying PV energy
shifts for the total electronic energy (evenwith changing sign)were obtained between

Table 7.1 PV energy shift EPV for H2X2 (X O, S, Se, Te, Po) at a dihedral angle
of 45� (in atomic units).

Method H2O2 H2S2 H2Se2 H2Te2 H2Po2

DC HF 7.06� 10 19 2.24� 10 17 2.45� 10 15 3.67� 10 14 1.55� 10 12

ZORAHF 7.93� 10 19 2.35� 10 17 2.50� 10 15 3.71� 10 14 1.55� 10 12

DC MP2 5.67� 10 19 2.12� 10 17 2.28� 10 15 3.81� 10 14

DC CCSD(T) 6.12� 10 19 2.11� 10 17

ZORA LDA 6.91� 10 19 2.78� 10 17 3.16� 10 15 4.60� 10 14 1.39� 10 12

ZORA Xa 6.84� 10 19 2.74� 10 17 3.14� 10 15 4.59� 10 14 1.45� 10 12

ZORA BLYP 6.54� 10 19 2.75� 10 17 3.06� 10 15 4.45� 10 14 1.39� 10 12

ZORA B3LYP 6.93� 10 19 2.69� 10 17 3.00� 10 15 4.39� 10 14 1.44� 10 12

The number of neutrons chosen for theweak charge isN¼ 8 (O), 16 (S), 46 (Se), 78 (Te), and 125 (Po).
DC HF, MP2, and coupled-cluster results from Refs [85, 157, 158] and ZORA results from
Refs [159, 160].
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different approximations used, that is, one obtains for EPV (in 10�18 a.u.) 5.53 (HF),
2.54 (MP2), 1.54 (B3LYP), 0.63 (BLYP), 0.66 (PW86), and 2.01 (LDA). Recent
coupled cluster calculations in our group gave 1.95� 10�18 a.u., hence, a value
somewhere between the MP2 and B3LYP result (Thierfelder, C., Rauhut, G.,
Schwerdtfeger, P. (2010) Phys. Rev. A, 81, 032513.). As a consequence, for the
determination of accurate PV energy shifts, one requires a higher level of electron
correlation treatment. This will become especially important for the correct descrip
tion of PV in electronic transitions. Concerning NMR shielding and spin spin
coupling constants, Manninen and coworkers performed HF and DFT calculations
forCHFClBr andCHFBrI [172]. For the spin spin coupling constants, PVeffectswere
calculated in thenHzregionorbelow, suggesting that heavier elements are required to
detect such effects. Laubender and Berger found that PV in NMR shielding constants
for the heavy elements in H2O2, H2S2, and H2Se2 computed at the CCSD level of
theory deviate from their uncorrelated counterparts typically by approximately 20%,
with varying more pronounced corrections at the equilibrium structures, while in 2
fluorooxirane, electron correlation changes the shielding constants by almost
100% [168]. For the same H2X2 molecules at their equilibrium structures, Weijo
et al. found that coupled cluster and DFT results for PV contributions differ signif
icantly from theHFdata, that is, for the 77Se PVshift in the nuclear shielding constant
for H2Se2, they obtain (in 10�10 ppm) 256.1 (HF), 139.9 (CCSD), 116.8 (B3LYP), 60.5
(BP86), 128.6 (PBE0), and 68.6 (PBE) [173]. Similarly, for the PV contribution to the
Se Se spin spin coupling, they calculate (in nHz) 6.606 (HF), 3.181 (CCSD),
3.038 (B3LYP), 1.943 (BP86), 3.795 (PBE0), and 2.081 (PBE). They also showed

that basis set effects are very pronounced, especially at the correlated level of theory,
and that the choice of the nuclear charge distributionmodel (point charge or extended
Gaussian) has a significant impact on the PV contribution in the spin spin coupling
constant [173]. Vibrational effects in parity violating contributions to the isotropic
nuclearmagnetic resonance chemical shiftwere recently investigated forCHFClBr by
Weijo et al. [174]. They found that zero point vibrational corrections are less than 10%
with respect to the PV contributions calculated at the equilibrium geometry, but
become more important for vibrationally excited states as one expects. Weijo and
Manninen also analyzed PV shifts in the g tensor of electron spin resonance (ESR)
spectra ofCH3XHO (X¼N,P,As, andSb) [175]. They concluded that it is unlikely that
PV effects could be experimentally observed by ESR.

From the Z scaling behavior, it is clear that the best candidates for PV measure
ments in chiral molecules should include one or more heavy elements. For example,
calculations for PV frequency shifts in fluorooxirane by Berger et al. show rather
small values, that is, DnPV=n ¼ 1:2� 10�18 for the C F stretching mode [176]. The
first large PV energy shifts of up to 300Hz were obtained for chiral organometallic
compounds such as [(g5 C5H5)Re(CO)(NO)I] [119]. These wereDC HFcalculations,
and from the more recent results for CHFClBr, we expect that these HF results are
probably not very reliable and could change significantly upon inclusion of electron
correlation. Nevertheless, it was pointed out that the PV shifts to vibrational
transitions are relatively unaffected, as the main contributions come from the first
and second derivatives of the PV energy with respect to one particular normal
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coordinate q, and the total PV energy shift (PPVðq ¼ 0Þ  EPVðq ¼ 0Þ) cancels out in
vibrational transitions [169, 177],

PPV;n ¼ PPVðq ¼ 0Þþ 1
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The derivatives are taken at the equilibrium geometry (q¼ 0), and we formulated
Equation 7.22 for the more general case of the vibrational dependence of any PV
property shift PPV. This expression can be easily extended to a multimode expres
sion [170]. For the fundamental 0 ! 1 C F stretching mode in R CHFClBr, one
obtains (in 10�18 a.u.) 0.139 (HF), 0.186 (MP2), 0.198 (B3LYP), 0.184 (BLYP),
0.176 (PW86), and 0.192 (LDA) [169]. These calculations show that PV effects in

vibrational transitions are about one order of magnitude smaller than the PV total
energy shift. The importance to include anharmonicity effects in PV shifts in
vibrational transitions was already pointed out by Laerdahl et al. [178], that is, a
harmonic treatment can even lead to the wrong sign in DnPV [179, 180]. Similar
findings were obtained by Quack and Stohner who used a four dimensional parity
violating potential energy hypersurface for CDBrClF and demonstrated that the
multidimensional anharmonic couplings provide the dominant corrections [171].
Concerning the accurate treatment of the vibrational spectrum of CHFClBr and
CDFClBr [181], Rauhut et al. [182] used coupled cluster theory (CCSD(T)) for the total
electronic energy and truncated vibrational configuration interaction to produce
fundamental frequencies of a few wave number accuracy compared to experi
ment [183, 184]. Similarly, good results were achieved for CHFClI and CDFClI [185].
The vibrational wavefunctions obtained will be used for a complete vibrational PV
treatment (Rauhut, G., Thierfelder, C., and Schwerdtfeger, P., to be published.). Two
component DFTwas also used by Berger and Stuber to study PV induced vibrational
frequency shifts in these chiral polyhalomethanes [186]. Fokin et al. studied PV
effects in pseudotetrahedral polyhalocubanes, thus shifting the ligands outward from
the chirality center, resulting in PV energy shifts of two orders of magnitude smaller
compared to the polyhalomethanes [187].

Faglioni and Lazzeretti studied PV effects in the vibrational spectrum of BiHFBr
and BiHFI [188]. Barone and Viglione carried out anharmonic frequency analyses by
perturbation theory for the PV contributions in PHFBr and AsHFBr [170]. They
pointed out that even the coupling terms in the cubic force field between different
normal modes are important, which are usually neglected. Isotope effects in chiral
phosphorus compounds of the form PXYZ (XYZ¼H, F, Cl, and Br with different
isotopes) have been studied by Quack and coworkers [189]. These molecules are all
good test cases for theoretical investigations, but have not yet been prepared, and as
such may be thermodynamically unstable. Bast and Schwerdtfeger, therefore,
suggested new target molecules, which can be synthesized and where important
fundamental modes lie conveniently in the CO2 laser frequency range [190, 191]. In
fact, one compound investigated, (g5 Cp�)(Re¼O)(CH3)Cl, shows PV effects for the
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Re¼O stretch in the Hz range [190]. Crassous and coworkers are currently trying to
synthesize suitable chiral molecules with a rigid molecular framework containing a
Re¼O double bond 1). More recently, Figgen and Schwerdtfeger investigated chiral
seleniummolecules of the formO¼SeXYwith (X,Y¼ F, Cl, Br, and I) [192, 193]. The
PV energy shift for S SeOClI ranges between 7.1 and 9.2Hz, depending on the
level of theory applied. For the Se¼O fundamental stretching mode predicted at
968 cm�1, the PV energy difference is 110 mHz between the two enantiomers, and
therefore twice as large compared to the C F stretching mode of CHFBrI [192].

Wefinallymention that besidesmoleculeswith point chirality (a chirality center) or
a few systems with axial chirality (such as H2O2), little to no work has been done on
systems with planar chirality. For larger helical systems, we mention the work by
Kikuchi and Kiyonaga who investigated n alkanes [194]. They concluded that the
right handed helix is more stable than the left handed one, albeit by a very small
amount of less than 10�20 a.u.

7.4
Conclusions

In the last decade, the methodology for treating PV in chiral molecules improved
considerably. We have come a long way and learned that electron correlation is more
important than originally anticipated, basis sets have to be more flexible in the core
region to correctly account for the response to the PVHamiltonian, Breit interactions
need to be included for the lighter elements, the coupling between different
vibrational modes need to be taken into account for the correct description of PV
shifts, and relativistic effects need to be considered for the heavier elements. This is
certainly all very challenging fromboth the theoretical and the computational point of
view. On the experimental side, electronic spectroscopy would offer the largest PV
shifts, but remains relatively unexplored to date. Perhaps the best chance for the first
successful identification of PV effects in chiral molecules is by high resolution
vibrational spectroscopy as anticipated in Chardonnet�s group in Paris. However,
both high resolution gas phase NMR, and perhaps solid state M€ossbauer spectros
copy, should not be ruled out. On the practical side, it remains a challenge to find and
synthesize suitable chiral molecules, including heavy elements (either at the chiral
center or as ligands), with large PV energy shifts. As chirality is not a quantum
mechanical observable, it remains to be seen if chiralitymeasures can be linked to PV
energy shifts [195], that is, we do not have a simple model in place to qualitatively
predict which molecules show large PV effects (besides the Z5 scaling law). Finally,
we mention that one very promising new technique is to trap cold chiral molecules,
which are ideally suited for high resolution spectroscopy.

1) De Montigny, F., Bast, R., Gomes, A.S.P., Pilet, G., Vanthuyne, N., Roussel, C., Guy, L.,
Schwerdtfeger, P., Saue, T., andCrassous, J., Phys. Chem.Chem. Phys., DOI:10.1039/b925050f. In this
paper the original PV shifts to the fundamental transitions published in Ref. [190] are revised.
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8
Vibrational Circular Dichroism: Time-Domain Approaches
Hanju Rhee, Seongeun Yang, and Minhaeng Cho

8.1
Introduction

When light propagates through a medium, not a vacuum, its velocity and intensity
are modulated depending on the medium�s refractive index n(v) and absorption
coefficient k(v), respectively, and they are intrinsic optical properties of themedium.
As a result, frequency dependent phase retardation and attenuation processes occur
simultaneously [1]. If the medium is isotropic and nonchiral, these quantities
are constant at a given frequency irrespective of the optical polarization, so the
polarization state of the incident light remains unchanged after passing through
the medium. In chiral media, however, this is not the case for circular polarization
(left: LCP, right: RCP) because the parameters n(v) and k(v) leading the dispersion
and absorption processes vary with its handedness, that is, nL(v) 6¼ nR(v) and
kL(v) 6¼ kR(v) [2].

Circular dichroism (CD) and circular birefringence (CB), generally referred to as
optical activity, are given by the frequency dependent differential absorption coeffi
cient Dk(v)¼ kL(v) kR(v) and the differential refractive index Dn(v)¼ nL(v)
nR(v), respectively. Note that we will use the terms optical rotatory dispersion (ORD)
and circular birefringence together when denoting Dn because the optical rotation of
linearly polarized light is the observable effect caused by the CB. Since these
chiroptical properties are manifested by almost all natural products, artificial drugs,
and so on and are highly sensitive to their structural conformations and absolute
configurations, the CD or ORD spectroscopy has been used to elucidate secondary
structures of biomolecules such as polypeptides and proteins and to determine
absolute configurations of chiral molecules and drugs in condensed phases [2].
However, as with the mutual dependence between k(v) and n(v), known as the
Kramers Kronig relations [3 5], the two observables CD (Dk) and ORD (Dn) are also
linked to each other via such relations. Thus, if one of them ismeasured for the entire
frequency range, the other can be in principle obtained by performing the Kramer
s Kronig transformation. This means that the CD and ORD ultimately provide the
same chirality specific information of a given molecule with a specific handedness.
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However, in practice, this is not the case because it is not possible to measure one of
the two spectra in the frequency range from zero to infinity, which is the integration
range for the Kramers Kronig transformations.

Of the two, the CD spectroscopy has been more widely used than the ORD
measurement technique in studying structural details of chiral molecules, which is
not only because the measurement is less troublesome but also because a direct
comparison between experimental and quantum mechanically computed results is
possible. The conventional CD spectroscopy relies on a differential intensity mea
surement technique, where the absorbance difference of LCP and RCP lights by
the chiral sample (CS) is selectively measured. In the case of the vibrational CD
(VCD) [6, 7], which is just the vibrational analogue of electronic CD, the chiral
susceptibilities for nuclear vibrations are far much smaller than the corresponding
signals in the UVVis range. Consequently, it is by no means an easy measurement
because one has to differentiate such a weak effect by using the differential
measurement scheme with relatively largely fluctuating incident IR beams. This is
why it takes a long time (typically a few hours) to acquire a statistically meaningful
VCD spectrum with conventional VCD spectrometers.

In this chapter, we will introduce a novel time domain approach characterizing the
vibrational optical activity (VOA) of chiralmolecule. Instead ofmeasuring incoherent
transmitted beam intensities, we have developed a chiroptical spectroscopic tech
nique that can sensitively detect the transmitted beam at an amplitude level so that
both magnitude and phase of the signal field are measured [8 11]. This additional
phase information is used to simultaneously characterize the circular dichroic and
birefringence effects induced by thefield chiralmolecule interactions. Also, we have
developed a computational method for calculating vibrational CD spectra of peptides
and chiralmolecules in solution, where quantummechanical/molecularmechanical
(QM/MM) molecular dynamics (MD) simulation method is used [12]. A notable
difference between our method and the previous quantum chemistry calculation
method is that our approach is based on the direct time domain calculation of the
electric dipole andmagnetic dipole cross correlation function. The imaginary part of
the Fourier transformof the cross correlation function corresponds to the vibrational
CD. In this chapter, a brief account of time correlation function formalism for
both time domain computational and experimental methods will be presented
(Section 8.2). Next, QM/MM MD simulation method for directly calculating the
corresponding time correlation function will be described and some simulation
results will be shown and discussed (Section 8.3). Finally, we will present a detailed
description of femtosecond VOA measurement experiment for directly measuring
the phase and amplitude of the time domain chiral response function (Section 8.4).

8.2
Time-Correlation Function Theory

The radiation matter interaction Hamiltonian in the minimal coupling scheme is
given by the inner product of the vector potential of the electromagnetic field and the
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momentumoperator of the charged particle. Then, themultipolar expansion form of
the interaction Hamiltonian, which is valid up to the first order in the wave vector k,
is [8, 13, 14]

HI ¼ m �Eðr; tÞ M �Bðr; tÞ ð1=2ÞQ : rEðr; tÞ ð8:1Þ
Here, E and B are the electric and magnetic fields, respectively. m,M, and Q are the
electric dipole, magnetic dipole, and electric quadrupole operators, respectively.
Using the linear response function theory, one can find that the linear polarization is
given as [8]

Pð1Þðr; tÞ ¼ hmrð1Þðr; tÞiþ hðM� k̂Þrð1Þðr; tÞi ði=2Þhðk �QÞrð1Þðr; tÞi ð8:2Þ
where k̂ � k=jkj and r(1)(r, t) is the first order perturbation expanded density
operator with respect to the above radiation matter interaction Hamiltonian HI

in Equation 8.1. Then, the linear polarization in Equation 8.2 can be rewritten as, in
terms of the corresponding linear response functions [14],

Pð1Þðr; tÞ ¼r0

ð1
0

dtfwmmðtÞþwmMðtÞþði=2ÞwmQðtÞþwMmðtÞ ði=2ÞwQmðtÞg�eEðr; t tÞ

ð8:3Þ
where e is the unit vector in the polarization direction of electric field and r0 is the
number density N/V, and

wmmðtÞ � i
h
qðtÞh mðtÞ;mð0Þ½ �reqi

wmMðtÞ �
i
h
qðtÞh½mðtÞ;Mð0Þ� k̂�reqi

wmQðtÞ �
i
h
qðtÞh mðtÞ;k �Qð0Þ½ �reqi

wMmðtÞ �
i
h
qðtÞh½MðtÞ� k̂;mð0Þ�reqi

wQmðtÞ �
i
h
qðtÞh k �QðtÞ;mð0Þ½ �reqi

ð8:4Þ

Here, h. . .i denotes the trace over the bath degrees of freedom and req is the thermal
equilibrium density operator. Note that the first term on the right hand side of
Equation 8.3 is typically two to three orders of magnitude larger than the other
terms for electronic transition and four to six orders for vibrational transition.

For an absorption process, without loss of generality, it is assumed that the incident
field propagates along the z axis in a space fixed frame, that is, k ¼ ðv0=cÞẑ, wherev0

is the center frequency of the electric field, and that e ¼ ŷ. Then, the rotationally
averaged y component of P(1)(t), which is the temporal amplitude of P(1)(r, t), is
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Pð1Þ
y ðtÞ ¼

ð1
0

dtxmmðtÞEðt tÞ ð8:5Þ

where

xmmðtÞ � r0
i
h

� �
½myðtÞ; myð0Þ�req

D E
ð8:6Þ

In this case, the magnetic dipole and electric quadrupole contributions to the linear
polarization in Equation 8.3 vanish. The linear susceptibility is defined as

xðvÞ ¼
ð1
0

dtxmmðtÞeivt ¼ x0ðvÞþ ix00ðvÞ ð8:7Þ

The imaginary part of x(v), denoted as x00(v), can be rewritten as

x00ðvÞ ¼ pr0
h

X
a;b

PðaÞ mabj j2 dðv vbaÞ dðvþvbaÞ½ �

¼ pr0
h
ð1 e�b hvÞ

X
a;b

PðaÞ mabj j2 dðv vbaÞ
ð8:8Þ

where P(a) is the population of the state jai and mab ¼ hajmyð0Þ bj i. Now, the
absorption line shape function in an isotropic medium is given as

IðvÞ ¼ 3 he00ðvÞ
4p2ð1 e�b hvÞ ¼

r0
2p

ð1
�1

dt eivt mðtÞ �mð0Þh i ð8:9Þ

where the imaginary part of the dielectric constant is e00(v)¼ 4px00(v).
We next consider the optical activity, that is, circular dichroism and circular

birefringence. When the incident radiation is circularly polarized, the unit vector
e should be replacedwith eL ¼ ðx̂þ iŷÞ= 2

p
and eR ¼ ðx̂ iŷÞ= 2

p
for the left and right

circularly polarized lights, respectively. The difference polarization, which is related
to the linear optical activity, is then defined as DP(r, t)¼PL(r, t) PR(r, t). Again,
assuming that k ¼ ðv0=cÞẑ, the rotationally averaged x components of the linear
polarizations PL(r, t) and PR(r, t) are

PL
xðr; tÞ ¼

1

2
p

ð1
0
d tfxmmðtÞþ xmMðtÞþ xMmðtÞgEðr; t tÞ ð8:10Þ

PR
x ðr; tÞ ¼

1

2
p

ð1
0
d tfxmmðtÞ xmMðtÞ xMmðtÞgEðr; t tÞ ð8:11Þ

where

xmMðtÞ � r0
i
h

� �
h mxðtÞ; iMxð0Þ½ �reqi ð8:12Þ

226j 8 Vibrational Circular Dichroism: Time Domain Approaches



xMmðtÞ � r0
i
h

� ��
MxðtÞ; imxð0Þ½ �req

� ð8:13Þ

Thus, we find that the rotationally averaged difference polarization amplitude is

DPxðtÞ ¼ 1

2
p

ð1
0

d tDxðt tÞEðtÞ ð8:14Þ

where the linear optical activity susceptibility Dx(t) [¼ xL(t) xR(t)] is defined as

DxðtÞ � 2
�
xmMðtÞþ xMmðtÞ

� ð8:15Þ

Note that DPx(t) in this case has no contribution from the electric dipole electric
dipole and the electric dipole electric quadrupole responses because they all vanish
after rotational averaging of the corresponding second and third rank tensorial
response functions over randomly oriented chiral molecules in solutions. The linear
optical activity susceptibility in Equation 8.15 can be rewritten as

DxðvÞ ¼ r0
h

ð1
0

dteivt mxðtÞ;Mxð0Þ½ �req
D E

MxðtÞ; mxð0Þ½ �req
D En o

¼ r0
h
ð1 e�b hvÞ

X
a;b

PðaÞðmabMba MabmbaÞ
ð1
0

dteiðv�vbaÞt
ð8:16Þ

where mab ¼ ajmxð0Þ bj ih andMab ¼ a Mxð0Þ bj ijh in this case. Using the relationshipÐ1
�1 dt eivt AðtÞBð0Þh i ¼ Ð1

�1 dt eivt BðtÞAð0Þh i	 
�
, the line shape function of the

circular dichroism in an isotropic medium is then given by

DIðvÞ ¼ 3 hDe00ðvÞ
4p2ð1 e�b hvÞ ¼

r0
p
Im

ð1
�1

dt eivt mðtÞ �Mð0Þh i ð8:17Þ

This result shows that the cross correlation function of electric dipole and magnetic
dipole is directly related to the CD spectrum via Fourier transformation. Conse
quently, a direct calculation of the cross correlation function in time is enough to
obtain the CD spectrum.

8.3
Direct Time-Domain Calculation with QM/MM MD Simulation Methods

The VCD line shape and intensity are determined by the anisotropy ratio g¼DA/
A¼ 4R/D [2]. Here, the rotational strength (R) is the imaginary part of inner product
of the electric and the magnetic dipole transition moments, and the dipole strength
(D) is the square of the electric dipole transition moment. The rotational strength of
a given vibrational transition, which is the critical quantity in predicting VCD
spectrum by performing proper quantum chemical computations, can be obtained
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by calculating the atomic axial and polar tensors. The computed VCD spectra of
isolated peptides were shown to predict the specific sign patterns of the represen
tative protein secondary structures in a satisfactory manner [15]. In the cases where
the conformational distribution of a given molecule of interest is comparatively
narrow at around a well defined structure, that is, relatively rigid chiral molecule, the
optimized geometry of an isolated molecule in gas phase can be used to predict
the observed VCD spectra. However, this is not the case in general for polypeptides
and complicated polyatomic chiral molecules in solutions. Then, the band broad
ening and subtle line shape variations due to hydration or conformational hetero
geneity require the explicit inclusion of solvent molecules [16 19], and this would be
impractical for polypeptides or proteins.

The QM/MM molecular dynamics simulation method combines the mixed
QM/MM Hamiltonian approach with the molecular dynamics simulation and is
believed to be a promising approach to resolving those issues inherent in studying
condensed phase dynamics. With this method, the chiral solute molecule is treated
quantummechanically and the solvent dynamics is explicitly included in amolecular
mechanical way. The total effective Hamiltonian is decomposed into QM, MM, and
QM/MM Hamiltonians [20]

Ĥeff ¼ ĤQM þ ĤMM þ ĤQM=MM ð8:18Þ

and the coupled Hamiltonian is defined as

ĤQM=MM ¼
X
i;M

qM
riM

þ
X
a;M

ZaqM
RaM

þ
X
a;M

AaM

R12
aM

BaM

R6
aM

� �
ð8:19Þ

where the lower case index is to denote the QM part (solute) and the capital letter
index is to denote the MM part (solvent). The first term in Equation 8.19 is the
Coulomb interaction between the electrons in theQMregion and theMMatomswith
partial charge qM, while the second term is that between the QM nuclei and the MM
atoms. The last term in Equation 8.19 is the van der Waals interaction between the
QM nuclei and the MM atoms with optimized parameters A and B. The solute
trajectory is directly governed by theQMand the coupledQM/MMHamiltonians and
indirectly by the MM Hamiltonian.

The simulation procedure follows the conventional MD protocol except for some
specifics listed below [21], and we use the GAMESS UK [22] combined with
CHARMM[23] to do theQM/MMMDsimulations. The solutewhoseVCDspectrum
is of concern is restrained by aweak harmonic potential at the center of a sphere filled
with solvent molecules. The bulk solvent effect outside the spherical system is
modeled by the spherical solvent boundary potential [24]. The nonbonding interac
tions between molecules are evaluated without using a cutoff. The MD integration
time step should be compromised between the computational cost and the details in
high frequency dynamics information. When the subtle hydrogen bonding dynam
ics of the solute is themajor issue, however, the time step size should be smaller than
1 fs. Apart from the integration time step size, the trajectory saving time step size
determines the upper limit of the spectral window. The finite system size inevitably
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limits the range of the long range interactions, which could not fully account in the
QM/MM MD algorithm as of now, and the total energy of the simulated system is
kept constant to ensure the stability of the spherical system. The population analysis
is done for every data saving time step and the atomic partial charges (qi) along with
the solute trajectory (atomic positions and velocities, ri and vi) are used in calculating
the electric and the magnetic dipole moments of the QM solute molecule,

mðtÞ ¼
X
i

qiðtÞriðtÞ

MðtÞ ¼ 1
2c

X
i

qiðtÞriðtÞ � viðtÞ ð8:20Þ

where the summation index denotes the solute atoms. To compute the VCD spectra
using the QM/MM MD trajectories, one should just carry out a Fourier transfor
mation of the cross correlation function of the electric dipole moment and the
magnetic dipole moment of the solute. Then the raw spectrum is smoothed out to
have the experimental spectral resolution.

The characteristic features of VCD spectra provide complementary and often
critical information used to elucidate the conformation of polypeptides and pro
teins [25]. As thefirst application of this time correlation function calculationmethod
developed recently by us [12], the alanine dipeptide analogue, (CH3)CO Ala NH
(CH3), was chosen to compute the VCD spectra of a helix, b, PII, and random
coils [26]. The basis sets of 3 21G, 4 31G, 6 31G, and 6 31G� were used at the
restrictedHF level and the solvent ismodeledwithTIP3P [27]. At each level of theQM
method, several MD trajectories were independently generated with different initial
conformations and velocities, that is, different initial conditions. The atomic partial
charges were obtained by the L€owdin population analysis [28]. The dihedral angles w
and y of the peptide were evaluated for each MD snapshot and the trajectory that is
dominantly populatedwith a specific secondarymotifwas selectively used to calculate
the correspondingVCD spectra.Wewere able to assign the amide I, II, and IIImodes
in the computed VCD spectra by calculating the autocorrelation functions of the
relevant internal local vibrations [26].

The polyproline II (PII) structure, defined by the dihedral angles w¼ 75� and
y¼ 145�, has been extensively studied over the last decade because it was believed
to be one of the possible structures of unfolded or denatured proteins [29]. The
distinction between the random coil and PII structures has been, therefore, one of
the main issues paid a great deal of attention and was often not so clear. The amide
VCD bands of PII conformer were observed experimentally to be negative couplets,
each with a much weaker positive peak on the higher frequency side. The computed
VCD spectrum using a PII dominant trajectory is shown in the uppermost panel of
Figure 8.1. All amide VCD bands were found to be negative couplets in the
computed spectra and are indeed compatible to the experimental VCD of PII or
random coil polypeptides. However, the relative intensity of the amide II in
comparison to the amide I VCD band is very large, which is contrary to the
observed VCD spectra.
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The VCD spectrum of b structure, including both parallel (w¼ 119�, y¼ 113�)
and antiparallel b sheet conformers (w¼ 139�, y¼ 135�), which cannot be distin
guished fromeach other in a single stranded peptide, is shown in the second panel of
Figure 8.1 and is the averaged one over several trajectories generated at the same level
of basis set. In the experimental VCD spectra of b sheet rich proteins, the amide I
VCD is weaker than the amide II VCD. In the computed VCD spectra in Figure 8.1,
the amide I band is very weak in intensity and is difficult to assign the band character.
Referring to other spectra that are calculated using trajectories generated at different
basis level but are represented by b conformers (not shown here), however, the
computed amide I VCD of b conformers is commonly a weak negative couplet.

The computed coil VCD spectrum is presented in the third panel of Figure 8.1 and
this was obtained using a trajectory generated at 6 31G� basis level. Furthermore, we
found that the coil VCD spectra obtained at other level of QMmethod showmore or
less qualitatively spectral profiles (not shown here) similar to the one presented in
Figure 8.1. Comparing the VCD spectra of the three conformers PII, b, and coil,
which are shown in the upper three panels in Figure 8.1, one can find that the overall
spectral sign patterns are quite similar. The amide I and II VCD bands are negative
and the amide III VCD bands are negative couplets, even though the relative peak
intensities appear to depend on the specific structures. This indicates that the similar

Figure 8.1 Vibrational absorption (gray) and
circular dichroism spectra (black) of alanine
dipeptide analogue in water using QM/MMMD
trajectories highly populated with PII, b, coil, and

a helix conformations, respectively. The
trajectories of extended structures, such as PII
andbconformers,areobtainedwith6 31G� basis
and those of a helix structures with 3 21G basis.
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VCD spectral profile itself does not always guarantee the homogeneous distribution
of a specific secondary structure of a peptide in the solution.

It was shown that the VCD spectrum of a helix (w¼ 57�, (¼ 47�) exhibits the
opposite amide I spectral profile in comparison to that of PII VCD and is a positive
couplet, while the amide II VCD band was known to be negative and as strong as the
amide I VCD band. In the bottom panel in Figure 8.1, we plot the computed VCD
spectrum using QM/MM MD trajectories populated dominantly with the a helical
conformation, which is the averaged one over several trajectories generated at the
3 21G basis level. The amide I VCD is a positive couplet that is in agreement with
experimental results, while the amide II VCD is a negative couplet with a strong
positive peak in the high frequency region. The amide III VCD is a strong positive
peak and the sign pattern is in good agreement with the previous computational and
experimental results.

There are issues to be addressed in future studies to improve the agreement
between computed and experimental VCD spectra and they include theQM level and
basis sets, the population analysis method, the integration time step size in MD
simulations, the polarizability of solvent molecules, and so on. The application of the
QM/MM MD simulations and the time correlation function formalism to compute
the VCD spectra of alanine dipeptide analogue in water is the very first example
showing the promising aspects of the combined method.

8.4
Direct Time-Domain Measurement of VOA Free Induction Decay Field

8.4.1
Conventional Differential Measurement Method

The CD is the result of slightly different responses (xL,R) of a chiral sample with LCP
and RCP lights so that the conventional CDmeasurement technique is based on this
differential measurement scheme, which is depicted in Figure 8.2. Note that the
chiral signal is detected at the intensity level not at the amplitude level. Experimen
tally, an equal amount of LCP or RCP beam (I0) is alternately created by a polarization
modulator (PM) and injected into the chiral sample. Then, the transmitted beam

Figure 8.2 Conventional differential CD
measurement scheme. P: polarizer, LP: linearly
polarized, PM: polarization modulator, CS:
chiral sample, D: detector. The PM generates

LCP or RCP beam by alternately switching its
optic axis to	45�. The attenuated intensities IL
and IR by the CS are individually measured and
their difference (DI IL IR) is then taken.
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intensities IL and IR attenuated after traveling through the absorptive medium are
separately recorded by detector (D). By taking the difference of their logarithmic
scales, the CD spectrum (DA) is finally obtained as

DA ¼ AL AR ¼ log
IL
I0

� �
þ log

IR
I0

� �
¼ log

IR
IL

� �
ð8:21Þ

With DI¼ IL IR and I¼ (IL þ IR)/2, for DI 
 I, DA is approximately given
by DI/(2.303� I). In the case of VCD, DA/A value is typically about 10�4 10�5.
Therefore, even if the incident light (I ¼ IþdI) is fairly stable so that intensity
fluctuation (dI) is less than 0.1% of its average intensity (I), it is very difficult to
discriminate such aweak chiral signal (DI) from largelyfluctuating backgroundnoise
(dI) that is typically one to two orders of magnitude larger than the chiral signal. This
is a fundamental and intrinsic problemof the conventional differentialmeasurement
method. In the following section, an alternative time domain method will be
discussed.

8.4.2
Femtosecond Spectral Interferometric Approach

8.4.2.1 Cross-Polarization Detection Configuration
Now, let us consider the cross polarization detection (CPD) configuration shown in
Figure 8.3, whichwas found to be useful to isolate the polarization originating from
the chiral response (Dx) as well as to eliminate the strong background signal from
the transmitted beam [8 11]. A femtosecond pulse propagates along the z axis and
is polarized in the direction of the y axis by the first linear polarizer (P1). After
passing through the chiral sample, only the x component of the transmitted field is
selected by the second linear polarizer (P2) whose optic axis is perpendicular to the

Figure 8.3 Cross polarization detection
configuration for producing OA FID field.
P1 P2: polarizers, LP: linearly polarized, CS:
chiral sample,E(v): electric field,Wr(v): relative
spectral phase. The incident femtosecond pulse
first becomes vertically polarized by the P1. The
CS then transforms it into LEP or REP light
whose major axis is inclined to the left or right
side. Only the horizontal field component

containing chiral information (CD and ORD)
is finally selected by the P2. The output field
from the P2 can be viewed as a wave packet
formed by a superposition of individual
frequency components with different phases
[Wr(v)] and amplitudes [|E(v)|], which are
modulated by a chirospecific response Dx(v)
of the CS. This time domain signal field is called
OA FID.
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first one.With this CPD configuration, the unit vector of the incident beam is given
as e ¼ ŷ in Equation 8.3 and the rotationally averaged x component of the linear
polarization PCPD

x ðtÞ over the ensemble of randomly oriented chiral molecules in
solution is then given as

PCPD
x ðtÞ ¼ i

ð1
0
dtfxmMðtÞþ xMmðtÞgEðt tÞ

¼ i
2

ð1
0
dtDxðtÞEðt tÞ

ð8:22Þ

From this, we find that PCPD
x ðtÞ is the same as the difference polarization DPx(t) in

Equation 8.14 except for the constant factor and that the CPD geometry enables
a direct measurement of the chiral response without relying on the conventional
differential measurement scheme.

The resultant Equation 8.22 includes information on both CD (Dk¼ kL kR) and
CB (Dn¼ nL nR). The incident pulse that is linearly polarized by the first polarizer
(P1) is essentially an equal superposition of LCP and RCP components (Figure 8.3).
Then, the chiral sample absorbs these opposite components differently due to the
CD so that the linearly polarized pulse is transformed into left or right elliptically
polarized (LEP or REP) light depending on the handedness of the chiral molecule.
At the same time, the major axis of the polarization ellipse becomes rotated due to
the CB effect, which in turn gives rise to a phase delay between the LCP and RCP
lights. Consequently, the perpendicular polarization component [PCPD

x ðtÞ] to the
incident polarization direction (e ¼ ŷ) contains information on the full optical
activity of the chiral molecule, whereas the parallel one [Py(t)] reflects the achiral
response. The second polarizer (P2) oriented perpendicular to the polarization
direction of the incident beam was thus used to selectively measure the chiral
component only.

Often, the parallel component Py(t) is referred to as optical free induction decay
(FID), a time domain observable representing the relaxation of a nonequilibrium
ensemble of oscillating electric dipoles created by a short optical pulse whose
temporal width is shorter than the corresponding dephasing time. It is related to
the electric dipole electric dipole time correlation function mðtÞ �mð0Þh i as can be
seen in Equations 8.5 8.9. Now, the perpendicular component PCPD

x ðtÞ can thus be
named as optical activity FID (OA FID) because it carries detailed information on the
chirality of the molecule in its phase and amplitude. In contrast to the conventional
FID, the OA FID is led by the electric dipole magnetic dipole time correlation
function mðtÞ �Mð0Þh i.

In reality, the experimentally measured quantity is not the polarization itself but
the electricfieldE(t). For the x and y components of the emitted signal electricfield at
position z inside the sample, Ex(z, t) and Ey(z, t), we found that theMaxwell equation
is given as

r2Exðz; tÞ 1
c2

q2

qt2
Exðz; tÞ ¼ 4p

c2
q2

qt2
PCPD
x ðz; tÞ ð8:23Þ
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where

PCPD
x ðz; tÞ ¼ i

2

ð1
0
d tDxðtÞEyðz; t tÞþ

ð1
0
d txmmðtÞExðz; t tÞ ð8:24Þ

Note that PCPD
x ðz; tÞ, determined by both Ex(z, t) and Ey(z, t), acts as the source of

Ex(z, t). By solving this equation in the frequency domain [8], it was found that the
x component of the emitted electric field, that is, OA FID, after the sample length L is
given as

ExðL;vÞ ¼ pvL
cnðvÞDxðvÞEyðL;vÞ ð8:25Þ

where Ey(v) is the complex transmitted electric field spectrum given by the
interference between the input field and the electric dipole allowed FID and
the complex function Dx(v) is the linear optical activity susceptibility. This suggests
that once the phases and amplitudes of both Ex(v) and Ey(v) are measured in the
frequency domain, the linear optical activity susceptibility Dx(v) whose imaginary
and real parts correspond to the CD and ORD spectra, respectively, can be fully
characterized.

8.4.2.2 Fourier Transform Spectral Interferometry
It is the Fourier transform spectral interferometry (FTSI) that turned out to be quite
useful in precisely determining both the phase and amplitude of any unknown weak
electric field [30, 31]. Figure 8.4 shows the standard FTSI data conversion procedure.
When a reference electric field Eref(v) precedes the unknown field Eunknown(v) by
a fixed time delay td, they interfere with each other in the frequency domain.
The heterodyne term of the resultant spectral interferogram Shet(v) can be detected
by a spectrometer as

ShetðvÞ ¼ 2Re

E�
ref ðvÞEunknownðvÞexpðivtdÞ

� ð8:26Þ

Figure 8.4 Standard FTSI procedure for characterizing an unknown electric field Eunknown. See the
text for details.
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Once the real function Shet(v) is recorded (step 1), it is inverse Fourier transformed
into the time domain signalF�1{Shet(v)} (step 2). Then, bymultiplying theHeaviside
step function q(t) with F�1{Shet(v)} (step 3) and Fourier transforming the q(t)
F�1{Shet(v)} (step 4), the complex form of Equation 8.26 is obtained as F [q(t)
F�1{Shet(v)}]. Consequently, the complex electric field Eunknown(v) is now given by

EunknownðvÞ ¼ F½qðtÞF�1fShetðvÞg�expð ivtdÞ
2E�

ref ðvÞ
ð8:27Þ

If one has a well defined reference field Eref(v) with a fixed td, the phase and
amplitude information of the Eunknown(v) can be fully retrieved from the measured
spectral interferogram.

Similarly, the weak OA FID field can be measured using the FTSI procedure
described above. However, the y component of the emitted FID (nonchiral FID) in
addition to its x component (OA FID) should also be measured to completely
characterize the optical activity susceptibility Dx(v) because it is given by the ratio
of Ex(v) to Ey(v). Figure 8.5 is a schematic outline of the femtosecond spectral
interferometry setup used to measure such FID fields. A linearly polarized femto
second pulse whose polarization direction is inclined at 45� with respect to the y axis
is injected into aMach Zehnder interferometer [13] and is split into two parts, signal
and reference arms, by a beam splitter (BS1). In the signal arm, the OA FID or
nonchiral FID signal electric field (Es) is created through the CPD or parallel
polarization detection configuration, respectively. In the reference arm, on the other

Figure 8.5 Femtosecond spectral
interferometric measurement setup. P0 P2:
polarizers, BS1 BS2: beam splitters, CS: chiral
sample, S: spectrometer. The incident
femtosecond pulse is split into the signal and
reference arms of Mach Zehnder
interferometer by the BS1. One is used as an
excitation pulse generating the FID signal fields
(Es) and the other as a reference (Eref). For the
measurement of OA FID (x component of Es),
the transmission axis of P1 is aligned to be theY

axis, whereas those of P2 and P0 to be
the X axis. For the measurement of nonchiral
FID (y component of Es), on the other
hand, those of all the polarizers (P0 P2) are in
the Y axis. For spectral interferometric
detection, the delay stage is controlled to make
the Eref precede the Es by a fixed time delay td
and they are combined at the BS2. Finally, the
resultant spectral interferograms (S(?,k)
are recorded at spectrometer.
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hand, the reference electric field (Eref) is properly delayed such that it precedes the
signal field by a fixed time delay td for the spectral interferometric detection. Then,
the signal and reference fields are combined by another beam splitter (BS2) and
finally recorded as a spectral interferogram by a spectrometer. In the CPD config
uration, the transmission axes of the polarizers P1, P2, and P0 lie in the y , x , and x
axes, respectively, and the perpendicular detected spectral interferogram S?(v) is
then measured, whereas for the measurement of the parallel detected spectral
interferogram Sk(v), those of both P2 and P0 are rotated into the y axis with the
P1 being fixed. Note that the transmission axis of P0 is controlled to be the same as
that of P2 for maximal heterodyning efficiency.

Assuming that the phase and amplitude of the reference field Eref(v) and the time
delay td remain unaltered during the two measurements of S(?,|(v), we showed that
by combining Equations 8.25 and 8.27 Dx(v) is given as

DxðvÞ ¼ cnðvÞ
pvL

F�1½qðtÞF�1fS?ðvÞg�
F�1½qðtÞF�1fSkðvÞg�

ð8:28Þ

Note that the reference field Eref(v) in the denominator of Equation 8.27 and an
additional phase term exp( ivtd) in the numerator of Equation 8.27 cancel out by
taking the ratio of Ex(v) to Ey(v). From the definition of the differential absorption
coefficientDk(v), we find that the absorption differenceDA (CD) of chiral molecules
for LCP and RCP beams is given as

DAðvÞ ¼ DkðvÞL
2:303

¼ 4
2:303

Im
F½qðtÞF�1fShet? ðvÞg�
F½qðtÞF�1fShetk ðvÞg�

" #
ð8:29Þ

where

DkðvÞ � kLðvÞ kRðvÞ ¼ 4pv
nðvÞc Im DxðvÞ½ � ð8:30Þ

On the other hand, for a dilute solution, the ORDDj(v) defined by the half of phase
difference between LCP and RCP after passing through the sample is given as

DjðvÞ � DnðvÞ v
2c

L ¼ Re
F½qðtÞF�1fShet? ðvÞg�
F½qðtÞF�1fShetk ðvÞg�

" #
ð8:31Þ

where

DnðvÞ ¼ nLðvÞ nRðvÞ ¼ 2p
nðvÞRe DxðvÞ½ � ð8:32Þ

Equations 8.29 and 8.31 are the principal results of the femtosecond spectral
interferometric detectionmethod,which demonstrate that bothCDandORDspectra
can simultaneously be obtained from the measured spectral interferograms S?,k(v).
Also, it should be emphasized that even though the interferogram S?(v) containing
chiral information is recorded in the frequency domain via the spectral interfero
metric detection, the measured quantity is the time domain OA FID signal electric
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between the input field and the achiral FID field, whereas the q(t)F�1{S?(v)} is that
between Eref(t) and Ex(t), which is in turn given by the convolution betweenDx(t) and
Ey(t). Although the time domain signal in Figure 8.6b is not absolutely identical to the
chiral response Dx(t) itself or the achiral response xmm(t), q(t)F

�1{S?(v)} and q(t)
F�1{Sk(v)} are governed by Dx(t) and xmm(t), that is, mðtÞ �Mð0Þh i and mðtÞ �mð0Þh i,
respectively. Finally, Figure 8.6c shows the VCD (solid) and VORD (dashed dotted)
spectra retrieved by Fourier transforming the FID signals in Figure 8.6b and then by
using Equations 8.29 and 8.31. It is noteworthy that the simultaneous acquisition
of both VCD and VORD spectra is allowed by directly measuring the phase and
amplitude of the time domain OA FID field through the femtosecond spectral
interferometry.

8.5
Summary and a Few Concluding Remarks

In this chapter, we presented both time domain measurement and calculation
methods for vibrational CD and ORD spectra of chiral molecules in condensed
phases. From the time correlation function theory for the optical activity, we showed
that the direct calculation of electric dipole magnetic dipole cross correlation func
tion is possible by using a QM/MMmolecular dynamics simulation method. Here,
the chiral solutemolecule is treated quantummechanically, whereas the surrounding
solvent molecules are treated classically. Since the vibrational dynamics is deter
mined by quantum mechanically calculated potential surface, the anharmonic
natures of the potential energy surface are fully taken into consideration. Note that
the classical force fields used in conventional molecular mechanical MD simulation
methods are often inaccurate in quantitatively describing vibrational dynamics of
polyatomic molecule in condensed phases. Furthermore, the fluctuating partial
charge effects originating from the intrinsic polarizable nature of molecules in
solutions were also automatically included in our direct calculation method utilizing
combined QM and MM molecular dynamics simulation methods.

In addition, we have developed experimental method that can also be used to
directly measure the optical activity response function in time domain by using
femtosecond laser pulses and employing a properly designed Mach Zehnder
spectral interferometry. Detailed procedures on how to obtain the vibrational CD
and ORD spectra from the measured spectral interferograms have also been
discussed here. Thus, we showed that the time domain calculation and measure
ment techniques for simultaneously characterizing vibrational CD and ORD
spectra of chiral molecules in condensed phases are not only feasible but also
potentially useful. In particular, the present phase and amplitude sensitive VCD
and VORD measurement technique has a superior time resolution in comparison
to the conventional VCD spectroscopy based on the differential absorption mea
surement. Consequently, one can directly extend this method to study ultrafast
dynamics of chiral molecules in solutions with unprecedented achievable time
resolution.
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9
Electronic Circular Dichroism
Lorenzo Di Bari and Gennaro Pescitelli

9.1
Introduction

Electronic circular dichroism (ECD) is one of the most simple and sensitive
spectroscopic methods for structural analysis. It is quite strange that it is looked
at with completely different eyes by two classes of researchers: while those dealing
mostly with small molecules consider it as a tool for absolute configuration assign
ments, those working with macromolecules (synthetic or biological polymers) use it
to investigate conformations andmore in particular regular secondary structures. To
our experience, it is uncommon for a �molecular chemist� to think of ECD for
conformational analysis or to follow, for example, the adjustments taking place
during the course of a reaction. On the other hand, biochemists and polymer
chemists tend to forget that 100% enantiomeric purity hardly exists, that racemiza
tion and epimerization processes occur, and that there are very relevant examples of
violation of what can be regarded as a homochirality dogma.

Let us broadly classify some relevant problems of molecular structure, with
reference to the specific example of compound 1 (Blennolide E, Scheme 9.1) [1].

a) Absolute configuration (AC), that is, (2R,9S,10S,11R) versus (2S,9R,10R,11S);
b) Relative configuration (RC), for example, (2R,9S,10S,11R) versus

(2S,9S,10S,11R); and
c) Conformation.

Points (b) and (c) change themolecular shape and very importantly imply different
spatial relations (distances and angles) between atoms and groups. Many or even
most spectroscopies are sensitive to these parameters, which are scalar quantities.
On the contrary, point (a) implies a complete coordinate inversion, which leaves all
the scalar quantities unchanged, while inverting pseudoscalars, like dihedral angles.
Only chiroptical techniques (ECD, vibrational circular dichroism or VCD, circularly
polarized luminescence or CPL, Raman optical activity or ROA, and optical rotation
or OR) sense this, and this is one reason why they are regarded as a tool for solving
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Application of Rosenfeld equation requires that we calculate all the relevant
magnetic and electric transition dipoles of a molecule provided, with reference to
the points a c above,

a0) an absolute configuration is more or less arbitrarily chosen;
b0) for molecules containing more than one stereogenic element, the relative

configurations are known, or a set of all the possible diastereomers must be
built and taken into full account; and

c0) for each diastereomer, a reasonable set of conformational isomers is
considered.

Because for two enantiomers all the rotational strengths must be exactly opposite,
for point (a0) either we produce a calculated ECD spectrumor itsmirror image. There
is no symmetry relation for the isomers to be considered in point (b0) and (c0), and
each should be separately calculated. Very often, one does have an exact knowledge of
the relative configurations (e.g., from other spectroscopies such as NMR or IR, or
from X ray diffraction, XRD), but there are examples when ECD has been used to
discriminate among diastereomers [1]. As long as we can consider the configurations
of all the elements in the molecule inert, point (b0) does not require any temperature
averaging.

Conformational manifolds, as implied by point (c0), will be the object of a more
thorough discussion in Section 9.3.

9.2
Molecular Anatomy

What we said in Section 9.1 is common about circular dichroism and related
techniques, that is, it holds for both ECD and VCD. What makes ECD a particularly
interesting tool is that it looks at electronic transitions, which is practically viable only
in the presence of specific chemical features called chromophores. A chromophore
may be defined as part of amolecule responsible for one ormore absorption bands in
the UV or in the visible spectrum. In the context of organic chemistry, it is usually a
functional group or a combination of several groups with a more or less extended
p electron system.

In fact, it is unlikely that bonding s orbitals contribute significantly to absorption
bands above 180 nm. This is often regarded as a limitation of ECD versus, for
example, VCD, where practically all the bonds can be regarded as potential chro
mophores. Indeed, UV vis transparent molecules cannot be used for ECD. At the
same time, it is a great advantage, because one may focus only on chromophoric
moieties, neglecting the rest of the molecular backbone, which has relevant con
sequences in computing ECD.

Moreover, the fact that optical activity is essentially centered on chromophores
gives chemists the opportunity to change ECD bymodifying the chromophores, that
is, by inserting groups that extend conjugation or by adding new chromophores [2, 3].
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determine the emergence of optical activity in its transitions. Clearly, their effects
must be taken into account in calculations.

For example, let us consider 5 methyl cyclohexa 1,3 diene (last molecule in
Scheme 9.2). The 6 membered ring prevents the diene from being planar. The
methyl group must occupy a pseudoequatorial position, determining one sense of
the twist of the diene, which becomes intrinsically chiral. At the same time, the
two allylic axial hydrogen atoms in positions 5 and 6 constitute chiral perturba
tions to the chromophore, and the observed ECD allied to the low lying p p�

transition of this compound around 240 nm is the result of the combination of
both effects [4].

From this brief discussion, it should be clear that a correct molecular dissection
must take into account the chromophores together with their surroundings, through
space, or independent of the existence of covalent bonds. This raises an obvious
question about the size of the chromophore environment to be taken into account.
As we shall further see here, a primary reason of through space interaction is the
electric dipole interaction, which not only decays with the third power of the
distance (r�3) but also depends on the polarity or the polarizability of atoms and
groups. For apolar and weakly polarizable systems, a radius of a few A

�
from

the chromophore may be adequate.
Because of their very strong polarizability, if two or more chromophore are

present in the same system, their interaction may extend over very large
distances and very often provides a contribution to the observed ECD, which
largely overrides other terms and calls for a different approach. Exciton coupled
ECD is a theoretical framework where the spectroscopically silent portions are
completely neglected (or are considered only for their structural function) and
one focuses on the interaction between electric dipole allowed transitions. First
order quantum mechanics (QM) perturbation theory predicts states mixing and
possibly (if the geometric arrangement allows it) ECD for a pair of chromo
phores in a rather straightforward way. If one deals with more than two
electronic transitions, things become more complicated, and sometimes addi
tivity of pair wise interactions has been invoked. We believe that there is no need
for this simplification because hybrid approaches described below have been
shown very successful in accounting for a large number of transitions without
the limitation to first order but rather exactly (all order) by means of classical
electrodynamics.

The biological world offers a useful illustrative example of the involved
relationship between the chromophore and its environment. Many proteins
crucial for life contain a chromophoric prosthetic group (also indicated as dye
or pigment) either covalently or noncovalently attached, endowed with redshifted
absorption bands well distinguished from those of the peptide skeleton (below 240
nm) or its side groups (below 300 nm) [5]. Noteworthy examples are myoglobin
and hemoglobin, containing a heme, that is, a porphyrin analogue, with absorp
tions at 400 430 nm and between 500 and 600 nm, and rhodopsin, containing
retinal with absorption at 335 and 500 nm. Although the isolated chromophores
are achiral, when embedded in the protein, they show moderately intense ECD
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bands corresponding to their respective absorptions. Where do they arise from?
In principle, the following two different mechanisms may be responsible
for them:

. When the dye is placed in the protein, it is distorted from its originally planar
structure to a nonsymmetric, chiral structure; therefore, it constitutes an intrin
sically chiral chromophore whose electronic transitions are ECD active.

. The electronic transitions of the chromophore couple with those of the protein
chromophores (amide bonds and aromatic side groups).

Which of the twomechanisms dominates the observed ECD depends on the case.
Matrix type calculations (see Section 9.4) have, for example, shown that the ECD of
myoglobin is due to the exciton coupling between the porphyrin core and the
aromatic side groups [6], while a combination of the same calculations and TDDFT
(Section 9.5) has demonstrated that the ECD of rhodopsin is dominated by the
intrinsic chirality of retinal [7].

9.3
Conformational Manifolds and Molecular Structure

We shall see below that ECD is very sensitive to molecular conformations, which is
in strong contrast to most frequent cases of ordinary absorption. Indeed, frequency
and transition probability to an excited state are primarily related to an electric
transition dipole, which is often only weakly affected by the geometry of the
environment of an organic chromophore. The situation may be very different for
metal complexeswhere the coordination geometry can have a strong influence on the
absorption spectrum: in this case, however, one should consider at least the whole
first coordination sphere as the chromophore. ECD, in contrast, arises from an
interference effect (see Rosenfeld equation (9.1)) and depends not only on the electric
and magnetic dipole moments but also on their relative orientation (owing to the
scalar product), that is, explicitly on the geometry.

Before going into any further discussion, we wish to define what should be
regarded as a molecular structure. In a static picture, and for a single molecule, one
may consider each conformer as one structure (possibly endowed with more or
less large vibrational features), but for an ensemble and in the general case, a full
conformer distribution must be taken into account, which amounts to saying that a
molecular structure is a set of conformers (i.e., geometrical parameters defining
them) associated with temperature dependent Boltzmann weights. For a relatively
rigid molecule, this indeed may reduce to one conformer.

The calculated ECD spectrum over a conformational distribution, that is, over a
structure according to our definition, is the linear combination of the contributions
of the various conformers x, with their relative populations ax as multipliers

DecalcðlÞ ¼
X

axDe
xðlÞ ð9:2Þ

246j 9 Electronic Circular Dichroism



Only this should be compared with the experiment, and not the individualDex (l),
unless one postulates that the structure consists in one conformer (sometimes, this
can be defined as monorotameric approximation).

Even if the ECD spectrum encodes relevant geometric information, it is usually
very hard or impossible to extract it from the direct analysis of experimental data
(which is in contrast, for example, with XRD or someNMR data). What is often done
is calculate the various Dex (l) and assess the Boltzmann weights ax at the working
temperature T by means of computed free energies E (often approximated to
enthalpies, or internal energies, without zero point vibrational corrections):

ax ¼ expð Ex=RTÞ ð9:3Þ
Alternatively, one may try and optimize the multipliers ax by fitting experimental

and calculated ECD spectra. More sophisticated procedures, essentially based on
linear algebra, have rarely proved satisfactory.

If the objective of an ECD analysis is primarily the absolute configuration
assignment, it may be very useful to reduce the conformational freedom as much
as one can. At least two strategies can be envisaged.

First, one can take advantage of the structural homogeneity guaranteed by crystals:
if a substance gives rise to one crystal form, whose structure can be solved by XRD,
apart from its AC, one is in the ideal situation of carrying out the ECD calculation on
one conformer of known structure. This solid state ECD (ss ECD) approach will be
discussed in Section 9.5.1.1.

Second, several chemical modifications to limit molecular flexibility by the
formation of cycles have been proposed [8]. This approach displaces the problem
of AC assignment from a flexible target molecule to some conformationally homo
geneous derivative, provided substrate AC and RCs are preserved or predictably
transformed.

These two approaches are of prime importance for AC assignment, but they
lead to overriding conformational richness and overlooking the role ECDmay have
in revealing it.

9.4
Hybrid Approaches

As we have seen before, provided certain conditions are met, we may partition a
molecule into one ormore separate chromophores, that is, in chemical groups,which
are responsible for one ormore electronic transitions giving rise to absorptions in the
UV vis region. Sometimes, we can recognize in one system (molecule, supramole
cule or aggregate) several chromophores, which following what we said before must
be considered having negligible differential overlap, which can also be expressed by
saying that they are independent (independent systems approximation or ISA).
Although independent, they are not isolated, which means that they sense and
perturb each other through space, and we shall provide here a framework to
rationalize this coupling and to determine its effects on the ECD.
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To derive a complete description of themolecular orbitals (MOs) and the electronic
transitions of each isolated chromophore, one may use the quantum mechanical
methods described inChapter 5. By so doing,we depict themolecule as a collection of
chromophores held together by an inert (from the spectroscopic point of view)
scaffold. Indeed, we do not even need to invoke the existence of covalent bonds
connecting the various chromophores, which gives us the liberty to use our argu
ments for one single molecule, as well as for an aggregate, a compound, a
supramolecular structure, or even a crystal. In the following discussion, we shall
define our system a polymer, consisting of N monomer units, each containing a
chromophore. No restriction will be applied to the nature of the linkage between
monomers, neither to any similarity nor to a symmetry relation between them.

To a zeroth order approximation, the various chromophores are independent, but
their proximity leads to a mutual perturbation, primarily of Coulombic nature. From
a QM point of view, one may treat the polymer system by perturbation theory, by
introducing corrections to the individual chromophoreswavefunctions, whichwould
lead to a rapidly increasing computational effort.

In contrast, we switch to classical electrodynamics and treat the through space
interactions between monomers in terms of local fields acting on polarizable charge
distributions. This is the reason why we define this one as hybrid approach: the
individual chromophores are dissected from themolecular framework, subject to full
MO characterization by suitable QM methods, and then they are made to interact
classically. In many literature reports, the spectroscopic parameters of the individual
chromophores are derived from the experimental absorption spectra of a model
compound (ideally, the dissected portion), like in a sort of semiempirical approach.
Nowadays, it seems to us more reasonable and correct to use such an experimental
information, when it is available, to check the quality of computations. This is
because there are two sets of parameters that are either difficult or impossible to
determine experimentally but are of prime importance in the ECD prediction, as we
shall see below. They are the directions of the transition dipoles and their location.
The first one may be accessed, although with several limitations and difficulties,
through linear dichroism (LD)measurements; for the second one, there is no chance,
apart from symmetry considerations that may occasionally hold.

9.4.1
Coupled Oscillators and the DeVoe Method

The coupled oscillators approximation is especially meant to account for interacting
electric dipole transitions located in distinct chromophores. Within a classical
framework, it is an exact treatment and has the merit of explicitly introducing line
shapes. As we will see in Section 9.4.3, it has been used most often for organic
molecules and organometallic species.

The radiation wavelength (typically�180 nm) is much larger than the system size
(at least neglecting very large nanoscopic aggregates), which ensures that we can
consider the electric field E of the electromagnetic wave as uniform throughout
the sample.

248j 9 Electronic Circular Dichroism





Then,

MðnÞ ¼ aðnÞ � ½em �E G �MðnÞ� ð9:7Þ
which can be solved for M(n)

MðnÞ ¼ ½aðnÞ�1 þG��1 � ðem �EÞ ¼ AðnÞ � ðem �EÞ ð9:8Þ
with

AðnÞ ¼ ½aðnÞ�1 þG��1 ð9:9Þ
The arrayM(n) contains the dipole momentsM0

i ðnÞ correct to all orders, within the
point dipole approximation.

We can appreciate that all weneed to do is to invert the frequency dependentmatrix
[a(n)�1¼G], which is Hermitian: it is the sum of a complex diagonal matrix
a(n)�1 and of the real symmetric matrix G. Even for a large number of interacting
chromophores, modern computers and software can easily solve this problem.

Here, we account for two contributions to ECD: one due to the interacting electric
dipoles and the other one arising from the coupling of electric and magnetic
transition dipolemoments. Equation 9.10 provides an operational tool for calculating
the ECD of an aggregate of chromophores.

DeðnÞ ¼ 4:76� 1017
ðn2s þ 2Þ

3
n2
X

ij

�
emi � emj � rij bje

m
i � emj

�
Im

�
AijðnÞ

�
ð9:10Þ

where emj is the direction of amagnetic transition dipole, ns is the medium refractive
index, and bj ¼ cðImjmjjÞjmjj=2pnj.

The DeVoe approach to ECD was translated into a Fortran routine by Hug [9, 10].
Following the above derivation, input parameters are for all electronic transitions

i�s:

. Electric and magnetic transition dipole moment amplitudes;

. Half height line widths;

. Directions of the electric andmagnetic transition dipolemoments emi and e
m
j ; and

. Locations of the electric and magnetic transition dipoles, xmi and xmj .

The above first two points are used to calculate the frequency dependent complex
polarizabilities a0

i ðnÞ upon approximating e0i in Equation 9.4 with a Lorentzian band.
In the present form of Hug�s routine, the two latter sets of input parameters are

inserted as their Cartesian components/coordinates or by reference to atoms
provided a table of atomic coordinates is also supplied. This latter aspect is
particularly convenient when one needs to consider a set of conformers because
it is sufficient to change the table defining the molecular structure, while leaving the
rest of the input unchanged.

The program outputs absorption and ECD spectra, and the matrix G is also
provided, which measures the strength of couplings of the various transitions. What
influences the terms Gij are geometrical parameters arising from the dipolar
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interaction, namely, distance and relative orientations of the dipoles, as well as purely
spectroscopic terms. Sincewe are dealingwith coupling between oscillators, it should
be clear that their proper frequencies play a role, as well, and in fact the stronger the
interaction is, the closer to resonance they are (i.e., the smaller is the difference
between their frequencies). The limiting case is provided by what is called degenerate
coupling, obtained when two oscillators are identical. The consequence of this
interaction is the formation of two different normal oscillation modes (in phase and
out of phase) with different frequencies (leading to a more or less pronounced
splitting or broadening of the absorption band) and opposite rotational strengths. For
reviews of the so called exciton chirality rule, depicted in Figure 9.1, see Refs [2, 3, 11].

9.4.2
The Matrix Method

This procedure is inmany respects similar toDeVoe approach outlined above, insofar
it is based once more on a classical treatment of the interaction of transition dipoles.
There are twomain differences: on the one hand, it accounts fully and explicitly for all
electric and magnetic dipole interactions and, on the other, it is based on strictly
localized transitions, that is, the line shape is introduced only a posteriori.

In this method, developed by Schellman [12, 13], each chromophore is described
by two elements, an electric and a magnetic transition dipole, and for a collection of
N chromophores, one deals with dimension 2N.

For a system of two chromophores, one can build the Hamiltonian matrix H

H ¼
En1 Vn1m1 Vn1n2 Vn1m2

Vn1m1 Em1 Vm1n2 0
Vn1n2 Vm1n2 En2 Vn2m2

Vn1m2 0 Vn2m2 Em2

2
664

3
775 ð9:11Þ

The diagonal terms En1 , Em1 , En2 , and Em2 represent the zero order transition
energies for the electric (n) and magnetic (m) dipole transitions of chromophores 1
and 2. The off diagonal elements contain the interaction terms and specifically:

Figure 9.1 Exciton chirality rule. A clockwise
twist to bring the chromophore (actually its
electric dipole transition moment) in the front
onto that in the back is defined as positive

chirality, and corresponds to a positive couplet
in the ECD spectrum. This consists in a
bisignate feature with positive long wavelength
branch [2, 3, 11].
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. Vn1m1 is a pure term for chromophore 1 (and similarly Vn2m2 for 2) and represents
what is also called one electron mechanism. In the independent systems approx
imation, the transitions described as n1 andm1 originate from one ground state to
two possibly different excited states, one allied with electric and the other with
magnetic dipole character. For a local achiral chromophore, either the two do not
mix or the two moments are orthogonal, so as to lead to vanishing rotational
strength. On the contrary, in the absence of improper symmetry operations, that
is, when the chromophore becomes intrinsically chiral neither transition is pure,
which for small distortions may be treated by means of perturbation theory,
whereby the transition allied to n1 acquires a character ofm1 and vice versa. This
perturbative coupling term is Vn1m1 .

. Vn1n2 is the electric dipole coupling described in the previous section and named
there Gij.

. Vn1m2 and Vm1n2 are also called m�m terms because they describe the coupling of
electric and magnetic dipoles (as required in Rosenfeld equation) but occur on
different chromophores, that is, at different locations.

Generalization to a larger number of chromophores is straightforward because
only pair wise terms as those described above are required. The mixing between two
transitions is determined not only by the off diagonal coupling terms but also by the
difference in their transition energies. Corrected eigenstates and transition energies
(eigenvalues) are obtained by diagonalizing matrix H, which is Hermitian.

The matrix method shows its full potential in the quantitative structural analysis
of biopolymers [14]. Particularly for what concerns proteins, many transitions of
different nature are responsible for the observed CD in the far and near UV, either
electric or magnetic dipole allowed (amide p p� and n p�, aromatic p p� and
disulfide n s� in the side chains). Therefore, considerable effort has been put in
studying the relevant transitions at a high level of theory [15, 16], to afford the most
reliable parameters for matrix method calculations [17].

Since in this chapterwe focus on smallmolecules,where it has been somewhat less
used [13], we shall not deal further with the matrix method.

9.4.3
Applications

Applications of theDeVoemethod to stereochemistry have been recently reviewed by
Rosini and coworkers [18] and do not really need to be covered here.We shall provide
only a couple of examples, from our own work, to illustrate the power of this
approach. We wished to investigate the solution conformation of enantioselective
catalytic precursors, based on 1,10 bi(2 naphthol) (BINOL) as the chiral element. In
the parent system, the only degree of internal freedom is the dihedral angleqbetween
the two aromatic planes, which can hardly be assessed through mostly used and
reliable NMR techniques. 1,10 Binaphthalenes are a common example of atropiso
meric axial chiral moieties. The sp2 sp2 joint, in the absence of other constraints,
ensures a large flexibility and the dihedral angle q can sweep a range as wide as
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an orthogonal arrangement (q 	 90�), ensuring minimum steric interaction, while
for 3 the seven membered cycle constraints q to a smaller value (q 	 55�).

BINOL (1,10 bi (2 naphthol)) enters the composition of many efficient enantiose
lective catalysts, where it (or its conjugated base) is used as a ligand for transition
metal and lanthanide ions. Owing to its pliancy, BINOL (or its ate form) can
accommodate any metal ionMnþ both as a chelate and as a bridging ligand, namely,
the twooxygen atomsare bonded to the sameor to differentMnþ , giving rise to awide
variety of structures. In the recent past, we dealt with many BINOLate complexes,
with variable geometries and possibly involving several BINOLate units in the same
compound, which introduces the possibility of interactions between transitions
centered on aryl moieties that are not directly bonded (interbinaphthol as opposed to
intrabinaphtol) [20 23]. These are long range interactions; although made relatively
weaker by the term rij in Equation 9.6, these nevertheless need to be properly
accounted for to correctly calculate the spectra. Once more, Hug�s program can
easily implement this feature and predict the absorption and ECD spectra starting
from tentative structures of the aggregate based on other evidence.

One of the most complex cases treated so far is represented by porphyrins 8 and 9,
which differ in atropisomerism around the two bonds indicated by gray straight
arrows depicted in Scheme 9.4 [24]. NMR reveals that the two species are endowed
with C4 and D2 symmetry, respectively. Accordingly, only two degrees of conforma
tional freedom need to be taken into account: the dihedral y between the porphyrin
and the directly attached naphthalene and the binaphthyl angle q.2) The fourfold
symmetry found above reveals that only one pair (y, q) fully describes the confor
mation of each porphyrin.

Figure 9.2 Calculated (a) and experimental (b) ECD spectra of (R) 1,10 binaphthyls as a function
of the dihedral angle q.

2) A further angle describes the orientation of the methoxy group, but this is irrelevant to the present
summary.
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(in some cases, apparent also in the absorption spectrum), the couplet amplitude, and
in extreme cases its sign, can also be considered primary reporters of the dihedral q,
mainly owing to degenerate coupling of the 1Bb transitions.

In these compounds, Soret transition is predicted, and also experimentally
found, to be allied with a monosignated ECD band. In the DeVoe approach that
we are following, the intensity of this Cotton effect arises from the nondegenerate
coupling with the high energy naphthalene transitions and it is strongly affected by
both dihedrals. As a result, for both theC4 and theD2 porphyrins, each conformation
is uniquely associated with a pair of calculated absorption and ECD spectra. Thus,
the comparison of the experimental data with the computed spectra allows one to
pick up one single bestmatch. For compound 8, this is found forq¼ 75� andy¼ 75�,
and for compound 9, for q¼ 90� and y¼ 90�. Semiempirical geometry optimiza
tions and considerations on the 1H NMR chemical shifts further support this
assignment [24].

9.5
The QM Approach

�Direct� or �full� ECD calculation with quantum mechanical methods or, in other
terms, from first principles theory, is nowadays a fully practicable option for
moderately large organic molecules and metal complexes. In principle, any QM
method affording excited state description (in terms of wavefunctions, transition
energies, and moments) may provide rotational strengths with a little extra compu
tational effort. In practice, however, it is not yet completely understood what level of
theory is required to obtain the most accurate predictions of rotational strengths. In
general, chiroptical properties are very sensitive to every approximation made in
electronic structure calculations. It is, however, not uncommon that a more approx
imate method may perform more efficiently than more rigorous (and computation
ally expensive) ones.

Most of the QM approaches described in Chapter 5 used to calculate absorption
(UV vis) spectra have been implemented for both rotational strengths and optical
rotation calculations. The relative theoretical formulations may be found in the
literature, summarized by several reviews [25 28]. Our intention is to stay on a rather
practical ground, and to face with the following basic questions:

. Which are the state of the art and/or most popular QM methods employed to
calculate ECD spectra;

. What are their respective applicability, scope, and limitations; and

. What kind of structural information is expected to be gained and how accurate.

First, we shall quickly describe the most important approaches and later we shall
give a few examples of applications.

Reliable ECD predictions necessarily require theoretical methods that take
electron correlation into account. This also implies the use of large basis sets,
often including diffuse functions. Large basis sets (ideally approaching the
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so called basis set limit) are also beneficial to circumvent the problem of origin
dependence of magnetic properties in finite basis set calculations (see below). Put
all together, a post Hartree Fock (HF) method including the highest possible level
of electron correlation (i.e., approaching a full CI treatment) [29] along with the
largest possible basis set, which may be regarded as the most rigorous treatment,
would be impractical for any �real� molecule. This is the reason why alternative
methodsmust necessarily be employed. They fall into twomain families that can be
identified as high level ab initio calculation approaches and semiempirical QM
methods (described in Chapter 5).

Ab initio methods imply explicit solution of time dependent Schr€odinger or
Kohn Sham equation.3) Among the several different high level methods that have
been employed for ECD calculations, three have especially emerged over the years as
those leading to the best accuracy/cost compromise and stand out as the methods of
choice for practicable and accurate ECD calculations. Time dependent density
functional theory (TDDFT) represents by far the most popular one and will be the
main subject of this section. Another DFT based method, namely, DFT/MRCI
(multireference configuration interaction), is computationally more expensive than
TDDFT but has one advantage that the detrimental impact of small basis sets is
reduced. One step above in terms of theoretical rigor and reliability stands the
coupled cluster (CC) theory, which contrary to TDDFT is a convergent approach, that
is, it is systematically extensible toward the �exact� limit. However, it is rather
computationally expensive limiting its scope. Other ab initio methods such as RPA
(random phase approximation, also known as time dependent HF) were relatively
popular in the past to calculate ECD spectra, but are now outperformed by more
modern approaches and will not be discussed here [30, 31].

To describe the optical and chiroptical response of a molecule to an applied time
dependent (oscillating) field, the interaction is treated as a perturbation of the initial
(ground) state and expressed as a linear dependence on the field strength through the
system polarizabilities. This linear response theory avoids the length and slow
convergence of the alternative sum over states approach, which requires summation
over all excited states to derive chiroptical properties at any frequency. In the linear
response regime, the chiroptical response is expressed in terms of a frequency
dependent magnetic/electric polarizability tensor b that relates induced electric and
magnetic moments to the time dependent magnetic and electric fields, respectively
(in au):

m ¼ aE c�1 b
q
qt
B

m ¼ xBþ c�1 b
q
qt
E

ð9:12Þ

3) ManyDFT functionals such asBecke�s B3 exchange functional contain parameters derived frombest
fits of experimental data; therefore, they are not strictly ab initio. Here, however, we will include all
DFT functionals in the ab initio family.
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where E and B are the applied time dependent electric and magnetic fields, a and
x the electric polarizability and magnetic susceptibility, respectively. The factor c–1

(1/137 in au) explains the relative order of magnitude of the electronic absorption
(related to the first terms in the equations) and circular dichroism phenomenon,
which is phenomenologically quantified by the factor g¼De/e. For isotropic sam
ples, only the complex quantity b (n) related to the trace of tensor b needs to be
considered.

bðnÞ ¼ 1
3
TrðbÞ ¼ 1

3
ðbxx þ byy þ bzzÞ ð9:13Þ

A noteworthy property of parameter b (n) is that its poles occur in correspondence
with excitation frequencies, which is exploited in most linear response approaches
(such as TDDFT and CC) to compute vertical excitation frequencies without requir
ing explicit calculation of excited state wavefunctions or densities.

One problem related to tensor b is its origin dependence. For finite basis sets, the
computed chiroptical properties to b are origin dependent, that is, they vary upon
translation ofmolecular coordinates, which is of course an unphysical outcome. One
way to overcome such a problem is by using gauge independent atomic orbitals
(GIAOs) such as London AOs that directly incorporate magnetic field depen
dence [32]. The use of LAOs has, however, effect only when employed with the
so called variational computational methods (i.e., based on energy minimization,
such as TDDFT and DFT/MRCI but not CC). Alternatively, the tensor b may be
represented through an origin independent velocity gauge formulation, instead of
the origin dependent length gauge formulation. In practice, it consists in evaluating
instead of the electric moment m its momentum p ¼ imð2pnÞ�1. Dipole velocity
(DV) rotational strengths usually lead to poorer results than dipole length (DL) ones
when small basis sets are used, that is,DL tends to converge faster toward the basis set
limit.However, the use ofmodern polarized double or triple f quality basis sets leads
to substantially equivalent DL and DV rotational strengths with most high level
methods. On the contrary, with semiempirical calculations large discrepancies are
often obtained, and use of DL values is especially questionable.

TDDFT has a very favorable balance of cost and accuracy [28]. Density functional
theory, which was practically unexplored in the context of ECD calculations only 10
years ago, has most of the merit of the recent �renaissance� of chiroptical meth
ods [33]. This is surprising in light of the fact that DFT functionals such as the most
popular B3LYP have been designed and optimized to reproduce thermochemical
data [34], and there is no obvious reason for them to reproduce equallywell chiroptical
properties. Nonetheless, hybrid functionals such as B3LYP, PBE0 and BH&HLYP
[35, 36] do predict transition energies and rotational strength with high accuracy in
many cases. Still, the typical DFTdrawbacks described in Chapter 5 (self interaction
error and wrong asymptotic behavior) should always be kept in mind when using
functionals, such as BP86, employing adiabatic local density approximation. Their
practical consequence is that poorly localized states such as charge transfer, diffuse,
and Rydberg states are often inadequately described. These problems may be
alleviated by increasing the fraction of �exact� HF exchange, that is, using hybrid
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functionals such as B3LYP and especially PBE0 and BH&HLYP (20, 25 and 50%
HF exchange, respectively), or solved using the newest range separated functionals
such as CAM B3LYPor functionals based on the so called statistical average of orbital
potentials (SAOP) model. In the field of newly developed functionals, double hybrid
perturbatively corrected functionals such as B2PLYP yield very accurate excitation
energies and lead to less spurious or �ghost� states than hybrid functionals. Another
issue related to TDDFTcalculations is that, because of the perturbative nature of the
approach employed, they are intrinsically more accurate in predicting low lying
excited states. Strictly speaking, all states falling beyond the computed ionization
potential IP should be disregarded [37]. The problem is worsened by the fact that
the absolute value of the HOMO energy (eigenvalue), which equals the IP in HF
theory, is often underestimated by DFT, so that the number of �fallen� states is
artificially increased. Most often, however, this IP threshold is below the observable
ECD spectra cutoff (	 185 nm), so that the true impact of the described problem in
practical applications is only marginal.

Contrary to ab initio methods, semiempirical quantum mechanical methods
(Chapter 5) rely on strong simplifications [38]. They ignore core electrons and use
the neglect of differential overlap approximation (NDO) to skip the explicit calcu
lation of computationally demanding one and two electron integrals. These latter are
either put to zero or suitably parameterized to atom related values depending on
quantities such as ionization potential and electron affinity. In the context of excited
state calculations, electron correlation is taken into account by means of a truncated
configuration interaction (CI). When only singly excited states are included, a CI
single (CIS) procedure is employed in connection with various semiempirical
models developed for spectroscopic purposes, such as CNDO/S (complete NDO)
and ZINDO/S (Zerner�s intermediate NDO). Both of them have been successfully
employed for ECD calculations [13, 39, 40]. Themain advantage of such techniques is
that they may be simultaneously extremely fast and accurate enough, at least for
certain types of chromophores and transitions. In fact, because of the parametric
essence of NDO methods, their efficiency depends case by case on the system
investigated and their consistency is somewhat limited. BothCNDO/SandZINDO/S
have been especially designed to treat aromatic and heteroaromatic chromophores
(including ligands for transition metals, for ZINDO) [41, 42], so that they perform
well for compounds such as biaryls whose UV vis and ECD spectra are dominated by
strong p p� transitions. On the contrary, their accuracy in predicting high lying
electric dipole forbidden transitions such as n s� is comparatively much poorer [43].
Also, systematic shifts between computed and experimental transition wavelengths
are common and must be taken into account by the so called wavelength correction
(see below).

How should one choose from among all available QM methods for ECD
predictions? The answer to such a question depends essentially on how complex
(large, flexible) is the system and on the nature of the chromophores contributing to
the ECD spectra. For very large molecular systems with many degrees of confor
mational freedom (that is, for which several different low energy structures must
be considered), any ab initio method may be unpractical. In such a situation,
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semiempirical NDOmethodsmay be the answer especially if the ECD is dominated
by strong aromatic p p� transitions [39]. Formoderately complex systems, TDDFT
is the lead choice inmost common cases [25, 26]. Themost frequent applications of
TDDFTcalculations are in the AC assignment of relatively rigid organic molecules,
whose conformation is known from other means (in solution or in the solid state),
and in the interpretation of chiroptical properties (ECD and OR) of prototypical
molecules with established AC. Relatively much less popular is their use in
conformational analyses, in a way similar to what is seen in Section 9.4.3. A few
specific examples of applications of TDDFT ECD calculations will be presented in
the following sections.

Situations where the use of alternative QM methods may be desirable are the
simulation of high lying aromatic transitions with large contribution from double
and higher excitations, which needmultireferencemethods such asDFT/MRCI to be
treated [39]; and of diffuse or Rydberg transitions of relatively weak chromophores,
for which CC methods may be well employed [44, 45].

Focusing on TDDFT calculations, the most essential issue is the choice of the
functional and the basis set. As discussed above, hybrid functionals with different
HFcharacter usually perform better than pure DFT functionals. In general, B3LYP,
PBE0 and BH&HLYP should be employed as the first choices for ECD calculations
among standard functionals. On the other hand, range separated (CAM
B3LYP) [46], double hybrid functionals (B2PLYP) [47], and SAOP based func
tionals [48] will probably represent the future benchmarks in TDDFTcalculations.
The choice of the basis set is a little more involved decision. Here, in principle,
the larger is the better but also the more time consuming. Therefore, one should
always wonder how necessary a large basis set is for a given situation. Split valence
double or triple f quality basis sets with polarization functions usually represent
very good compromises for moderately large molecules where ECD is dominated
by valence excitations. Our personal favorite is Ahlrichs� TZVP set [49]. Especially
when only low lying excited states need to be evaluated, however, using smaller
basis sets such as 6 31G(d) may be sufficient [50]. Smaller molecules with relatively
weak chromophores may, on the other hand, require the use of basis sets
augmented with diffuse functions, like the �aug � ones of Dunning�s correla
tion consistent basis sets (aug cc pVDZ and so on) [51].

Apart from the approximations specifically related to the TDDFT method, two
further very crude simplifications are usually made in computing ECD, that is, the
impact of environment (commonly, a solvent) and vibrations is neglected. Ideally,
they should be taken into account both in the generation of input geometries (as
seen above) and in the prediction of optical and chiroptical spectra. The appearance
of ECD spectramay be strongly affected by the presence of vibrational progressions
and/or vibronic coupling. This is, however, especially true for a few particular cases,
for example, for low lying electric dipole forbidden transitions of weak chromo
phores. As for the solvent, the dependence of ECD is usually less pronounced than,
for example, of OR and VCD. However, specific interactions such as hydrogen
bonds may affect overall ECD spectra, for example, of amino acids and oligopep
tides to a large extent and imply the inclusion of explicit solvent molecules [52, 53],
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although their impact may be minimal for less polar compounds [54]. Whenever
possible and desired, vibronic coupling [55 57] and/or solventmodels [58] (see also
Chapter 5) may be introduced in ECD calculations although they will considerably
increase the computational time.

Whatever the QM method employed for ECD calculations, the computational
outcome is normally a list of rotational strengths Ri (possibly, both in DL and DV
gauges) at discrete transition frequencies ni, or, in other words, a stick plot. To
compare it with an experimental ECD spectrum, it is advisable to apply a broadening
or band shape. That is, each rotational strength is associated with a Gaussian or
Lorentzian shape function with intensity proportional to the absolute rotational
strength value, and then a sum of all bands is evaluated. Such a procedure requires a
more or less arbitrary bandwidth s to be chosen. In principle, band broadening is
associated with excited states having finite lifetimes, and related damping constants
could be introduced at some point in the OR or ECD calculation formalism. In
practice, empirically derived bandwidths are usually employed, that is, those pro
viding the best fit with the experimental spectra. Reasonable values are between
s¼ 1500 and 3000 cm�1; alternatively, a frequency dependent bandwidth (propor
tional to the frequency or wave number square root, si / ~ni

p
) may be employed.

Comparison between experimental and calculated ECD spectra is most properly
made on the frequency or wave number scale. Expressing the rotational strengths in
10�40 cgs units and De in the common M�1 cm�1 (where M is molarity, mol l�1)
units, the ECD spectrum calculated as sums of Gaussians in the wave numbers
(~n in cm�1) domain is

Deð~nÞ ¼ 0:0247
X
i

Ri~vi
si

exp
~v ~vi
si

� �2
" #

ð9:14Þ

Computed transition frequencies may be systematically shifted with respect to
experimental ones. With TDDFT, this shift depends on the functional used and, for
hybrid functionals, on the amount of exact exchange included: an increasing
HF fraction brings about a blueshift over all estimated transition wavelengths [59].
To better compare computed and experimental spectra, the former ones may
be appropriately shifted; in other words, a frequency or wavelength correction
may be applied. A commonway of doing it is to look for thematch between computed
and experimental UVVis spectra, then the same shift is applied to ECD ones
(the so called UV correction) [39]. After band shape application and shift correction,
the computed spectrum in the wave number domain may be translated into that
in the wavelengths one (l ¼ 104~n�1) for a quicker comparison with the experimental
ECD, which is usually recorded as a function of wavelength.

9.5.1
Assignments of Absolute Configurations

TDDFT calculations of ECD spectra have emerged over the years as one of the
most efficient tools for assigning absolute configurations of organic molecules, in
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particular, of natural products and, less frequently, of metal complexes. The pre
requisites for this kind of application are only a few but of fundamental nature:

a) The compound must show a significant ECD spectrum in the commonly
accessible range, that is, above 185 nm.

b) A reliable input structure, or a series of input structures, is available.
c) If the molecule is flexible, the number of populated conformers at the working

temperature is not too large.
d) The molecule is not too big (let us say, below 30 35 nonhydrogen atoms).

Point (a) is not a severe limitation in the context of chiral organic molecules and
especially of natural products, most of which contain a conjugated moiety leading to
nonnegligible ECD spectrum. The problem of a consistent conformational sampling
and of the generation of a set of �correct� input structures (points (b) and (c)) has been
already discussed in Section 9.3. As for point (d), it is gratifying to note that ECD of
increasingly larger and complex molecular systems has been treated by TDDFT in
recent years. Notable examples are the photosynthetic reaction center [60] and gold
nanoclusters covered with chiral adsorbates [61].

In general, the common simplifications employed in TDDFT calculations (the
neglect of environment and vibrational structure), as well as the problems associated
with standard functionals discussed above, do not hamper a safe application of the
method, provided a proper functional/basis set combination is employed. If the
above conditions are fulfilled, a reliable AC assignment is usually achieved by
comparing experimental and TDDFT calculated ECD spectra. This approach repre
sents a valid option to methods based on other chiroptical spectroscopies such as
VCDandROA [62 64]when themethod based onX ray anomalous scattering cannot
be applied.

The usual procedure for assigning ACs of a moderately flexible molecule via QM
ECD calculations consists of many steps. Recalling what we discussed in previous
sections, we may summarize them as follows:

1) Thorough conformational search with MM or semiempirical methods, possibly
based onMonte Carlo or molecular dynamics treatment, to afford amore or less
wide ensemble of structures.

2) If applicable, dissection of molecular portions (e.g., flexible chains remote from
the chromophore) that seemingly do not contribute to the observed ECD.

3) Geometry optimization of all above structures at a higher level (DFT,MP2, and so
on), to afford a reduced set of low energy minima with the same arbitrarily
assumed AC.

4) Experimental check of optimized geometries based on NMR data such as NOEs
and J couplings.

5) TDDFT (or other QM) ECD calculations on all minima within a certain energy
threshold (2 3 kcal/mol), that is, with significant population (say,>3 5%) at the
working temperature (normally, 298 or 300 K).

6) Weighted average of all computed ECD spectra according to the Boltzmann
weights at the working temperature.

262j 9 Electronic Circular Dichroism





possible with both positive or both negative values for N 1/phenyl and C 5/aryl
dihedrals. When all results were put together and the whole molecule reconstituted
and subdued to final DFTgeometry optimizations, four energy minima (I IV) were
obtained with sizable population at 300 K (Figure 9.4a). TDDFT ECD calculations
with B3LYP/TZVP method led to quite different ECD spectra for the four structures
(Figure 9.4c). Such a situation is far from ideal because, in principle, a small change
in the relative Boltzmann�s factors may strongly affect the weighted average ECD. In
this situation, however, the average calculated ECD was in good agreement with the
experimental one and the AC could safely be established [23].

Onemay expect that upon increasing themolecular complexity and flexibility, the
computational cost and possible errors associated with the conformational search
will increase too. This is well exemplified by the 3,800 biflavonoid morelloflavone
(11, Figure 9.5) that contains flavanone (ABC) and flavone (DEF) moieties
giving rise to atropisomerism around theC 3/C 800 bond [65]. The two atropisomers
(11a and 11b) have around 7: 3 population in methanol found by NMR. Apart from
that, several other degrees of freedom are apparent in the geometry of 11, in
particular, the two torsions around rings B C and E F. Independent AM1 torsional
energy scans around these torsions resulted in 16 conformers (corresponding to

Figure 9.4 (a) DFT optimized lowest energy structures (I IV) of 10a. (b) ECD spectra recorded
online for the two enantiomers. (c) ECD spectra calculated with TDDFT method on the four
structures (I IV) and Boltzmann weighted average for (S) 10a.
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the various minima in the graphs in Figure 9.5) that were optimized with DFT
(B3LYP/6 31G�). The absolute lowest energy structure (with, in principle, almost
100% population) was, however, discarded because its exceptional stabilization is
due to a long range intramolecular hydrogen bond between C 3000 and C 5 hydro
xyls. This feature was consistently found even including a solvent model for
methanol in DFTcalculations; however, it was considered a computational artifact
unlikely to survive in the experimental conditions. After removal of that minimum,
five low energy DFTminima were left with population >3% at 300 K. They were
subdued to TDDFT ECD calculations (B3LYP/6 31G�) and the weighted average
ECDwas in agreement with the experimental one at low energies, thus allowing the
AC assignment [65].

A quite common situation occurs when a set of important molecular torsions are
all correlated with each other, making any independent torsional energy scan
meaningless. If so, a thorough conformational search may be run by employing
suitable algorithms consisting in a more or less systematic variation of some or all
possible torsions to generate a large set of starting structures. Each of them is
optimized (usually with MM or semiempirical method) and checked for acceptance

Figure 9.5 Torsional AM1 energy scans for relevant dihedrals of compound 11. (a)
Atropisomers 11a and 11b correspond to the twominima found for the torsion between rings C and
D. (b and c) Energy scans relative to the torsions between rings E and F for the two atropisomers.
Reprinted with permission from Ref. [65]. Copyright 2007, the American Chemical Society.
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on the basis of an energy criterion. Finally, the set of optimized structures is screened
for duplicates and an ensemble of distinguishable low energy structures within a
certain energy window (say, 2.5 3 kcal/mol) is obtained. Usually, C(sp3) C(sp3) single
bonds are varied by 120� in each step, C(sp2) C(sp2) single bonds by 180�, and so on;
some tricks are used to include endocyclic torsions in the search. When a full
systematic search would be too long, a Monte Carlo procedure may be employed
where the bonds are randomly rotated. This is a simulated annealing method where
the molecule is first placed at high temperature to overcome high rotation barriers,
then as an increasing number ofminima is found, the temperature is lowered so that
the procedure tends to converge. Bothmethods are usually very effective in exploring
conformational ensembles even for very flexible molecules. Usually, the set of
minima thus found is refined by higher level calculations. Such a procedure is
illustrated, for example, by diastereomeric compounds (3R,4S) and (3S,4S) 12
(Scheme 9.5) that were investigated as enantiopure startingmaterials in the synthesis
of prostacyclin analogues [66]. Four adjacent torsions in the middle of the molecules
are the main degrees of freedom, clearly correlated with each other. A Monte Carlo
conformational search with MNDO method led to around 20 low energy minima
(within 3 kcal/mol) for each isomer, whichwere reoptimizedwithDFT (BP86/TZVP)
and subdued to TDDFT ECD calculations (same level as above). It turned out that for
(3R,4S) 12 the first 5 conformers substantially contributed to the average ECD, while
for (3S,4S) 12 the first 10 did. The average calculated ECD values for the two isomers
were in good agreement with experimental ones and their ACs could thus be
assigned [66].

9.5.1.1 The Solid-State ECD TDDFT Method
From the discussion and examples given in the above section, it is clear that flexible
molecules may represent very difficult cases to handle for ECD QM calculations.
First, the conformational analysis step is prone to inaccuracy, the major sources of
error lying in the prediction of relative energies and in the possible missing of one or
more significant conformers. Second, the ECD calculation must be run on each
structure at the same level of theory, which may require a lot of computational time.

One possibility of avoiding large time consumption and uncertainty related to the
conformational flexibility is offered by considering the crystal state, where the
molecular conformation is fixed and univocal. Moreover, if crystals amenable to
X ray analysis are available, such a structure can be determined with high accuracy. It
must be stressed that the availability of good crystals is not sufficient for assigningAC
bymeans of the Bijovet�s method because this additionally requires the presence of a
strong scatterer, that is, a �heavy� atom (second row and beyond). ECD spectramay be
recorded in the solid state with various techniques, the most common of which
consists in mixing a microcrystalline sample with an excess of a salt such as KBr or
KCl, the mixture is then pressed to obtain a glassy transparent pellet similar to that
used for IRmeasurements. Reproducing such a solid state ECD spectrum bymeans
of QM calculations would require a unique and, if possible, already determined
conformation to be taken into account. This so called ss ECD/TDDFTmethod has
been purposely developed for assigning AC of natural products [67] and requires the
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following steps: (1) isolation and structural identification of the natural compound;
(2) growth of suitable crystals; (3) solid state structure determination by X ray single
crystal diffraction; (4) generation of an input geometry for ECD calculations with
initial arbitrary AC, after optimizing hydrogen atoms of the X ray structurewithDFT;
(5) TDDFT ECD calculation on the latter geometry with TDDFT, possibly employing
various functional/basis set combinations; (6) measurement of solid state ECD
spectrum as KCl pellet; and (7) comparison between experimental solid state ECD
spectrum and TDDFT calculated one using the X ray geometry. The method is
computationally very fast and usually leads to a very good agreement between
calculated and experimental spectra [67]. Its main limitation is that it is applicable
only to samples giving single crystals suitable for X ray diffraction, although they
need not contain heavy elements, which is the situation found for a large majority
of natural compounds that are made up of H and C to O atoms. The second
limitation is that intermolecular interactions between molecules closely packed in
the crystals should not make significant contributions to the solid state ECD
spectrum because they cannot be reproduced by single molecule calculations.
Finally, since solid state ECD spectra may be easily plagued by artifacts, a strict
protocol for sample preparation and measurement must be followed. One of the
best qualities of the ss ECD/TDDFT method is that it may be applied to treat
difficult cases, such as very flexible molecules or compounds that exist as mixture
of tautomers or epimers in solution. It seems especially well suited for natural
products because they frequently have rather complicated structures, which
justifies the efforts toward obtaining crystals, and are often available in very
small amounts preventing manipulations necessary for other ECD options.

As an example of application of the ss ECD/TDDFT approach, let us consider
macropodumine B (13, Figure 9.6) a unique zwitterionic natural compound contain
ing a rare cyclopentadienyl anion and an iminio counterion [68]. It was isolated from
Daphniphyllum macropodum, a Chinese medicinal plant, along with several related
metabolites including macropodumine C (14), and its solid state structure was
determined by X ray analysis. The AC of macropodumines B and C was established
by comparing their ECD spectra with TDDFT calculated ones, employing for 13
the solid state approach and for 14 the more common approach described in
Section 9.5.1. For macropodumine B (13), the ECD spectrum calculated on the
X ray geometry (B3LYP/TZVP) was in very good agreement with the experimental
solid state ECD (Figure 9.6a), and the AC could be safely established after amoderate
computational effort. For macropodumine C (14), a Monte Carlo based conforma
tional search (MMFF method) followed by DFT geometry optimizations (B3LYP/
6 31G�) revealed the presence of severalminima due to the rotation of CH2CH2OH
and COOCH3 substituents accompanied by fluctuations in the ring system. When
used as input structures in B3LYP/TZVP calculations, the first four low energy DFT
minima (with Boltzmann populations >4% at 300 K) led to quite different ECD
spectra. Their weighted average was in agreement with the ECD of 14 measured in
solution in the low energy region, while some discrepancy was obtained at high
energies (Figure 9.6b). Moreover, the AC assignment required a considerable
computational effort, about 4.5 times longer than for 13 [68].
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9.5.2
Interpretations of ECD Spectra

Having reliable calculations methods in hand may have some unexpected incon
veniences. Apossible one is the tendency to use themas �black box� that just provides
the resultwe sought forwithout the need for any control of the underlying operations.
Although such �superficial� use of computational packages may well solve everyday
problems, it will not add much to our knowledge of physicochemical processes and
properties such as those responsible for an ECD signal. On the contrary, one can fully
benefit from all the possibilities offered by a reliable ECD calculation.

A deeper analysis of an excited state calculation result than a mere spectral
comparison will first of all provide indication of the chromophores and the specific
transitions involved in the computed ECD bands and allow one to rationalize the
observed ECD. A classical way of analyzing UV vis and ECD spectra of molecules is
to assign each band to a certain transition, in terms of one electron excitation or
configuration, centered on a certain chromophore, as seen in Section 9.2. However,
the typical output of QM calculations often describes most transitions as the
combination of a more or less large number of configurations. Moreover, the
�canonical� MOs are usually delocalized on large molecular portions, rather than

Figure 9.6 Experimental and TDDFT
calculated CD spectra for compounds 13
and 14. For 13, the solid state CD spectrum (KCl
pellet) is compared with that calculated using

the X ray geometry as input (a). For 14, the
spectrum in CH3CN solution is compared with
the Boltzmann weighted average over fourDFT
optimized lowest energy minima (b).
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on single chromophores. It must also be stressed that, strictly speaking, DFT or
Kohn Sham orbitals (KSO), defined starting from the electron density, are not the
same as classicalMOs, although they are known to be qualitatively similar and convey
the same kind of information [69]. Overall, describing any ECDband as primarily due
to a specific chromophore transition, although desirable, is always a little simplistic
even in the most favorable cases. Let us consider the case of phospholene oxide 15
(Figure 9.7). The first transition computed with TDDFT (B3LYP/6 31þþG(d,p)) is
made up of eight different contributions, that is, single excitations involving four
occupied and two virtual orbitals, most of which are delocalized on a large molecular
portion [70]. In such a circumstance, it is possible to adopt a mathematical trick
known as singular value decomposition (SVD) that transforms the space of canonical
orbitals into a new one, that of �natural� orbitals, which aremore strictly localized on
individual chromophores. In addition, the number of configurations contributing to
each transition is heavily reduced, making description of interesting transitions, and
therefore of ECD bands, much simpler. After SVD, the first transition of com
pound 15 clearly emerges to be due to solely two p p� excitations with the four
involved orbitals well localized on the benzene ring (Figure 9.7).

One of themost important qualities ofQMcalculations is that theymay provide the
chiroptical response of purposely designed molecular geometries that would not be
experimentally accessible. In addition, one can also disentangle the contributions
due to different conformers that sum up to yield the experimental average. The
combination of the two pieces of information the structural and the spectroscopic
one would provide a basis for understanding and/or establishing structure to
spectra relationships. Put on a ground familiar to ECD users, these relationships
correspond to the so called helicity or sector rules. They relate the sign of a specific
ECDband to the inherent chirality of the chromophore responsible for it (helicity rules
like the diene one) or to the spatial disposition of a certain perturber with respect to
an achiral chromophore responsible for it (sector rules like the ketone octant rule)
[2, 71, 72]. These rules have represented in the past popular means of interpreting
ECD spectra and especially of assigning ACs, but nowadays their use is greatly
downsized. However, QM calculations offer a unique possibility to recheck the
validity of old sector and helicity rules, put them on a firmer theoretical basis, and
establish new ones. This is because, as stressed before, any calculated ECD spectrum

Figure 9.7 Principal components of the main electronic transition for 15 obtained after SVD
treatment. Adapted from Ref. [70], with permission from Elsevier.
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is directly associated with its input structure, and calculation results may be easily
analyzed in terms of involved transitions and orbitals. The case of ester chromophore
will exemplify what stated. Various semiempirical rules were developed in the 1960s
for esters and lactones, relating the sign of the observed n p� band around 220 nm to
the geometry of the groups surrounding the chromophore [72]. In particular, Snatzke
proposed a sector (or �comet�) rule for acyclic esters valid only for a planar (achiral)
ester chromophore (Figure 9.8).

TheACof a compoundof natural origin, the diester pyrenophorol (16), was assigned
through the solid state ECD/TDDFT approach described in Section 9.5.1.1 [73]. In
addition, Snatzke�s comet rule was considered with the advantages provided by the
solid state. In fact, the geometry found by X ray analysis (showing a planar ester
moiety) was subdued to TDDFT (B3LYP/TZVP) calculations and the sign calculated
for the n p� band at 210 nm was in keeping with the rule�s prediction, based on the
same structure. Moreover, the hypothetical �chirogenic� fragment 17 was used in a
series of calculations where the two relevant dihedral angles (curved arrows in
Figure 9.8) were systematically varied and the ECD calculated. In this way, the
consistency between the sign calculated for n p� band and the geometry around the
ester chromophore could be more precisely ascertained. When analyzed through a
sector scheme, the sector surfaces thus found turned out to be very similar to those
suggested by Snatzke. The second rule established by Legrand and Bucourt for
five seven membered ring lactones has recently been similarly rechecked [74, 75].

Analyses of this kind may help rejuvenating old semiempirical rules, as demon
strated by other examples where the very popular sector rules for the benzene
chromophore have been investigated [76, 77].

9.5.3
Other Applications

Because of relatively large time consumption of high level QM methods, ECD
calculations with these methods are poorly employed as a source of conformational
information. In particular, the approach described in Section 9.4.3 for DeVoe type
calculations, consisting in a systematic conformational sampling followed by ECD
calculations on each single structure to find the best matching one with the
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Figure 9.8 Empirical comet rule for ester n p� transition (framed) and compounds tested: a real
one (16) and a hypothetical one (17).
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experiment, has seldom been explored with TDDFT calculations [54, 78, 79].
However, thanks to the advances in computer technologies we expect this kind of
treatment to become more widespread in the future.

Thus far, we have not mentioned a rather fundamental application of TDDFT or
other QMECD calculations, which actually represents a fundamental prerequisite of
everything discussed in this section. After a certain computational method is
theoretically established, it needs to be validated for everyday uses. Normally, a set
of �real� molecules, usually both structurally simple and conformationally rigid, is
considered for calculations and the results compared with the experiment in order to
assess the performance of the method tested. To check the applicability and scope of
TDDFT ECD calculations, for example, various series of prototypical test molecules
have been considered, either with very diverse skeletons [45, 80, 81] or belonging to
certain classes, for example, alkenes [82]. Alternatively, single small molecules are
investigated upon systematic variation of functionals and basis sets, to explore their
respective capacities for specific problems [83, 84]. Finally, critical evaluation of new
developments such as new functionals, solvent models, and so on, usually requires
consideration of extensive sets of test molecules.

9.6
Conclusions and Perspectives

Nowadays, direct calculations of ECD spectra of increasingly large and complex
molecules is possible with high level QM approaches being both efficient and
practical. It is amazing to notice that in a review about ECD calculations published
in 2000, the authors observed that TDDFT �method has not been used for optical
activity calculations� [31]. Less than 10 years later, TDDFT has become the most
popular tool in the field of ECD calculations, and the development of efficient DFT
functionals is still one of the hottest topics in theoretical chemistry.

Excited state calculations of medium sized organic molecules are presently
workable on a common personal computer. Clearly, a limitation is still posed by
molecular flexibility because taking into account many different populated confor
mations may still be computationally very demanding. The whole procedure is
complicated by the fact that, most often, computational packages for conformational
searches that perform efficient conformational searches are not implemented for
ECD calculations, and vice versa. An expected development for the near future is the
appearance of packages capable of an automatic procedure consisting in conforma
tional search, selection of relevant energy minima, computation of spectroscopic
properties (including ECD), and averaging to afford a response immediately com
parable to experimental data. Computational software is likely to further spread
among nonspecialized users, although this �black box usage� may have its incon
veniences, as discussed above.

Ab initio or TDDFT prediction of the ECD spectrum of a biopolymer is still not
routine, though filling this gap will probably be just a matter of time. However, one
should always use common sense to select the rightmeans for the right purpose. The
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fact that TDDFT calculations are possibly applicable for a very complex and large
molecular system does not necessarily mean that they have to be employed. Provided
certain assumptions are met, hybrid approaches such as DeVoe�s may afford the
desired answer with a comparably negligible computational effort. Therefore, some
space will always be left for simplified calculation tools in the present and future
computational era.

Abbreviations

AC absolute configuration
CE Cotton effect
CI configuration interaction
DFT density functional theory
DL dipole length
DV dipole velocity
ECD electronic circular dichroism
HF Hartree Fock
HOMO highest occupied MO
IP ionization potential
ISA independent systems approximation
KSO Kohn Sham orbital
MO molecular orbitals
NDO neglect of differential overlap
QM quantum mechanics
RC relative configuration
ss ECD solid state ECD
SVD singular value decomposition
TDDFT time dependent DFT
UVVis ultraviolet visible
XRD X ray diffractometry
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10
Computational Dielectric Spectroscopy of Charged,
Dipolar Systems
Christian Schr€oder and Othmar Steinhauser

10.1
Methods

10.1.1
Dielectric Field Equation

Dielectric spectroscopy obtains information of a molecular system by exposing the
sample to an external, spatially homogeneous electric field~E extðvÞ. For not too strong
fields, the response of the system, that is, the total dielectric polarization~P totðvÞ, is a
linear function of the Maxwell field ~EðvÞ:

~P totðvÞ ¼
h~M toti~E ext

V
¼ S�ðvÞ

4p
~EðvÞ ð10:1Þ

with the proportionality factorS�ðvÞ=4p.Hence,S�ðvÞ is commonly called dielectric
�susceptibility� or generalized dielectric constant (GDC) (although being a function
of v). The polarization itself represents the averaged total collective dipole moment
~M tot per volume V in the presence of the external field ~E ext. The constitutive
relation (10.1) always involves the Maxwell or internal field ~E , that is, the average
field acting in the sample. It is composed of the external field~E ext (which is assumed
to be spatially homogeneous and hence does not depend on ~r ) and the average
molecular fields inside:

~Eð~r Þ ¼ ~E ext þ
ð
V

~Sð~r ~r 0Þ � rð~r 0Þd~r 0 þ
ð
V

T
$
ð~r ~r 0Þ �~PDð~r 0Þd~r 0 ð10:2Þ

The coupling vector ~Sð~rÞ and the tensor T
$
ð~r Þ are the gradients of the Green

function Gð~r Þ:

Gð~r Þ ¼ 1
j~r j ð10:3Þ
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~Sð~r Þ ¼ ~r 1
j~r j ð10:4Þ

T
$
ð~r Þ ¼ ~r~r 1

j~r j ð10:5Þ

The molecular fields in Equation 10.2 consist of a contribution from the rotation of
the dipoles (represented by the dipolar density ~PDð~r Þ) and a contribution from the
charges in the system formulated in terms of the charge density rð~rÞ. This charge
density is connected to the translational or current polarization via the equation of
continuity

ð
~r �

~JðtÞ
V

dtþ r ¼ 0

~r �~PJ þ r ¼ 0

ð10:6Þ

keeping inmind that the current~JðtÞ is the time derivative of the translational dipole
moment ~MJðtÞ ¼

Ð
~JðtÞdt, which dividedby the volumegives the current polarization

~PJ ¼ ~MJ=V . The sum of the rotational polarization ~PDð~rÞ and the current polari
zation ~PJð~r Þ yields the total polarization ~P totð~rÞ:

~P totð~r Þ ¼ ~PJð~r Þþ~PDð~r Þ ð10:7Þ

The inhomogeneous, internal field in Equation 10.2 is a particular solution of the
Poisson equation (10.8) (see Equation 4.33 of Ref. [30]):

~r �~E ¼ 4pðr ~r �~PDÞ
¼ 4pð~r �~PJ þ ~r �~PDÞ

ð10:8Þ

¼ 4p~r �~P tot ð10:9Þ

which can be reformulated by means of Equations 10.6 and 10.7 to show the
dependence of the internal field ~E on the total polarization ~P tot. The fact that at
least parts of the system consist of simultaneously charged and dipolar species
manifests itself in the appearance of translational and rotational dipole densities~PJ

and ~PD. Replacing the total polarization by the constitutive relation (10.1) gives

~r � ð~E þS�ðvÞ �~EÞ ¼ 0
~r � ððS�ðvÞþ 1Þ~EÞ ¼ 0

ð10:10Þ

This last equation can be used to calculate the local internal field~Eð~r Þ, which is the
negative gradient of the potential wð~r Þ. First, the universal, spatially independent
GDC is made space dependent

S�ðvÞþ 1!S1ð~r ;vÞ ð10:11Þ
transforming Equation 10.10 into

~r � ðS1ð~r ;vÞ~rwð~r ÞÞ ¼ 0 ð10:12Þ

280j 10 Computational Dielectric Spectroscopy of Charged, Dipolar Systems





body. S1
2 and S1

4 are computed from the dielectric permittivity e and the conductivity
s of the �white� solute according to

S1
k ¼ ek þ 4pisk

v
ð10:15Þ

In this approximation of Ref. [3], ek and sk are the static values of the dielectric
permittivity eðv ¼ 0Þ and the conductivity sðv ¼ 0Þ. Actually, these quantities are
not varied at each cube, but are kept constant in a complete region representing a
biomolecule, the solvent, the membrane, and so on. The estimate (10.15) is inspired
by the general relation

S�ðvÞ ¼ eðvÞ 1þ 4pisðvÞ
v

ð10:16Þ

derived in the subsequent section.Uponmaking the drastic approximation to replace
both eðvÞ and sðvÞ by their static values leads to the estimate in Equation 10.15 since
the frequency dependence is solely introduced by the denominator v.

10.1.2
Molecular Resolution of the Total Collective Dipole Moment

In principle, the computation of the GDC in a molecular dynamics (MD) simulation
is directly possible from the constitutive relation (10.1) by applying an additional
external field [48, 63, 64, 71]. The molecular forces~Fi;a acting on each atom a of the
molecule iwith their velocities~vi;a are augmented by charge weighted term qi;a �~E ext:

mi;a
d~vi;a
dt

¼ ~Fi;a þ qi;a �~E ext ð10:17Þ

The externalfield influences the individual atoms that are located off center at~r i;a and
simultaneously generates a translation of the center of mass as well as a rotation
about that center. As we are dealing with charged species, their collective translation
creates a current~JðtÞ. Without an external field, that is, for a system in equilibrium,
the direction of~JðtÞ fluctuates and finally averages to 0. In the presence of the field,
however, a preferred direction remains and produces a continuous current whose
molecular contributions obey the equation of motion:

d~j i
dt

¼ qi
d~vcm;i

dt
¼ qi

mi

X
a

~Fi;a þ
X
a

qi;a

 !
�~E ext

 !

¼ qi
mi

~Fi þ q2i
mi

�~E ext

ð10:18Þ

If the external field is strong enough to overrule the molecular forces~Fi, the second
term in the last equation dominates the time evolution of the molecular current~j i.
The sign of the molecular charge carrier qi becomes insignificant and the molecular
current follows the direction of the applied field. In Equation 10.18, mi ¼

P
ami;a,

qi ¼
P

aqi;a, and~Fi ¼
P

a
~Fi;a denote the net mass, net charge, and net force acting

on molecule i. These quantities govern the time evolution of the center of mass
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velocity~vcm;i. In other words, the translation of the covalently bound charge set fqi;ag
may be considered as themovement of the net charge qi located at the center of mass.
Consequently, the molecular contribution to the current is~j iðtÞ ¼ qi �~vcm;iðtÞ [14].
The total current~JðtÞ is given as the sum over all molecules:

~JðtÞ ¼
X
i

~j iðtÞ ¼
X
i

qi �~vcm;iðtÞ ð10:19Þ

This relation holds irrespective of the presence or absence of an external field.
Integrating this current over time yields the corresponding collective translational
dipole moment:

~MJðtÞ ¼
ð
~JðtÞdt ¼

X
i

qi �~r cm;iðtÞ ð10:20Þ

With respect to actual simulations, the evaluation of ~MJðtÞ as the integral of~JðtÞ is to
be preferred over a sum involving the center of mass positions~r cm;iðtÞ, because the
latter experiences discontinuities through toroidal shifts due to minimum image
convention (for details, see Section 10.1.4). However, ~MJðtÞ is only the translational
part of the total collective dipole moment ~M totðtÞ,

~M totðtÞ ¼
X
i

X
a

qi;a �~r i;aðtÞ ð10:21Þ

entering the constitutive Equation 10.1. The nontranslational complement of ~MJðtÞ
~MDðtÞ ¼ ~M totðtÞ ~MJðtÞ ð10:22Þ

¼
X
i

X
a

qi;a~r i;aðtÞ
X
i

qi~r cm;iðtÞ ð10:23Þ

¼
X
i

X
a

qi;að~r i;aðtÞ ~r cm;iðtÞÞ ð10:24Þ

¼
X
i

~mD;iðtÞ ð10:25Þ

is not only essentially determined by overall rotation but also includes bond and angle
vibrations as well as torsionalmotions. For the sake of simplicity, however, we use the
term collective rotational dipole moment for ~MDðtÞ.

At the molecular level, we map the molecular ~mD;i to the ith contribution in
Equation 10.24:

~mD;i ¼
X
a

qi;að~r i;aðtÞ ~r cm;iðtÞÞ ð10:26Þ

¼ ~mi qi �~r cm;i ð10:27Þ

¼
X
a

�
qi;a qi

mi;a

mi

�
~r i;aðtÞ ð10:28Þ

¼
X
a

q0 i;a �~r i;aðtÞ ð10:29Þ
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The last equation shows that the so defined molecular dipole moment~mD;i is inde
pendent of the choice of origin, because the sum over q0 i;a is zero. However, this
independence neither applies to~mi nor to its translational counterpart qi �~r cm;iðtÞ in
the case of charged molecules. Taking the difference of both quantities, the depen
dence cancels out.

So far, the molecular formulas given are valid for charged and neutral molecules
likewise, as demonstrated by Equation 10.29. In the case of neutral molecules,~mD;i

equals~m i, because the net charge qi does not exist. Consequently, q
0
i;a is qi;a. In the

case of chargedmolecules, the role of themodified charges q0i;a ismerely to show that
~mD;i is still a well defined dipole moment. They are never used to compute physical
quantities, for example, forces, in simulations.Moreover,~mD;i for charged species can
be alternatively computed by

~mD;i ¼ qið~r cq;iðtÞ ~r cm;iðtÞÞ ð10:30Þ

with the center of charge ~r cq;iðtÞ defined analogously to the center of mass, but
using the partial charges as weight factors. In Figure 10.2, the center of mass and
the center of charge are shown for the organic cation 1 butyl 3 methyl imidazolium
(BMIMþ ). The difference vector~r cq;iðtÞ ~r cm;iðtÞ is the so called charge arm [33].
The net charge of the molecule is located at~r cq;iðtÞ, that is, off to the center of
mass. This implies that the action of the external field on the charge center creates
both a translation of the center of mass of the molecule and a rotation about this
center. Therefore, ~mD;i is best suited to describe the molecular rotation. In fact,
it was shown in Ref. [49] that the equation of motion for the angular momentum
is governed by the torque ~mD;i �~E ext. Furthermore, ~mD;i is also important for
the static structure. It is essential in constructing the so called g coefficient
expansion [28, 62].

Figure 10.2 Schematic view of a 1 butyl 3
methylimidazolium cation. The center of mass
~r cm and the center of charge~r cq does not
coincide for amolecular ion. The distance vector

between these two centers is called �charge
arm� and equals the dipole vector~mD divided by
the net charge q of the molecule.
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At the finest level of graining, a resolution into molecular dipole moments~m þ
D ,~m�

D,
and ~m0 as well as molecular currents~j

þ
and~j

�
is possible.

10.1.3
Computing the Generalized Dielectric Constant in Equilibrium

In the previous section, we applied an external field to the sample in order to create a
total collective dipole moment ~M tot. Simulations of this kind are seldom found in
literature [48, 63, 64, 71]. The reason is that one needs strong external fields to
overrule the molecular forces as visible in Equation 10.18. In this case, however, the
average total dipolemoment h~M toti is nomore a linear function of the applied field as
quadratic and higher terms enter Equation 10.1. On the contrary, for weak fields, the
response of the system is too noisy to be seriously analyzed. An alternative way is the
equilibrium MD simulation.

Although the averages of the collective dipole moments are zero in equilibrium,
they nevertheless have a memory. The traditional measures of temporal memory are
time correlation functions, such as

WðtÞ ¼ h~Að0Þ �~BðtÞi ¼ lim
T !1

1
T

ðT
0

~Aðt0Þ �~Bðtþ t0Þdt0 ð10:32Þ

Quite generally, the initial valueWðt ¼ 0Þ is the average of the product h~A �~Bi, while
the asymptotic value is the product of the averages h~Ai � h~Bi. In equilibrium,
however, the last value should be zero. The special case is autocorrelation functions
with~A ¼ ~B. Frequently, they decay monotonically from the initial value h~A2i to the
asymptotic one h~Ai2. In contrast, the current autocorrelation functions show a
typical behavior of a damped oscillator. Furthermore, time correlation functions
have a translational symmetry in time, that is, they are independent of the initial
reference time h~Að0Þ �~BðtÞi ¼ h~Aðt0Þ �~Bðtþ t0Þi. The first derivative dWðtÞ=dt is
given by

dWðtÞ
dt

¼ d
dt
h~Að0Þ �~BðtÞi ¼ ~Að0Þ � d

~BðtÞ
dt

* +
ð10:33Þ

¼ h~Að0Þ � _~BðtÞi ð10:34Þ

Furthermore, the second derivative d2WðtÞ=dt2 is equal to negative of the corre
lation function of the first derivatives:

d2WðtÞ
dt2

¼ d2

dt2
h~Að0Þ �~BðtÞi ¼ d~Að0Þ

dt
� d

~BðtÞ
dt

* +
ð10:35Þ

¼ h _~Að0Þ � _~BðtÞi ð10:36Þ
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Instead of simulating the situation of an applied field, one can use linear response
theory that includes the external field in the Liouville equation [26]. Under the
assumption of not too strong fields, the augmented Liouville equation is linearized
such that the system�s response can be expressed in terms of time correlation
functions computed in equilibrium. For the concrete case of dielectric spectroscopy,
one gets

~P totðvÞ ¼
h~M toti~E ext

V
¼ 1

3VkBT
L d

dt
h~M totð0Þ � ~M totðtÞieq

� �
~E extðvÞ ð10:37Þ

Since the left hand side of Equations 10.1 and 10.37 are equal, the right hand side
must also be equal:

SðvÞ ¼ S�ðvÞ ðe1 1Þ ¼ 4p
3VkBT

L d
dt
h~M totð0Þ � ~M totðtÞieq

� �
� Eext

E
ð10:38Þ

In principle, the dielectric polarization contains an electronic contribution that shows
up in the GDC as e1 visible in the high frequency limit. In theoretical studies, e1 is
often set to unity corresponding to a neglect of electronic contributions [38]. The field
ratio Eext=E depends in a characteristic way on the boundary conditions used. In
Section 10.1.4, this dependence is analyzed. For the so called conducting boundary
conditions [40, 42], the ratio is unity [49, 54, 59]. L½. . .� denotes the Fourier Laplace
transform of a temporal function f ðtÞ:

L½ f ðtÞ� ¼
ð1
0

f ðtÞeivtdt ð10:39Þ

As already discussed at the end of the previous section, the interpretation of the
dielectric spectrum proceeds via the decomposition of the total collective dipole
moment ~M tot. Therefore, its autocorrelation functionWtot ¼ h~M totð0Þ � ~M totðtÞimay
be split into two correlation functions:

WtotðtÞ ¼ WDðtÞþWJðtÞ ð10:40Þ

WDðtÞ ¼ h~MDð0Þ � ~MDðtÞiþ h~MDð0Þ � ~MJðtÞi ð10:41Þ

WJðtÞ ¼ h~MJð0Þ � ~MJðtÞiþ h~MDð0Þ � ~MJðtÞi ð10:42Þ

In this first step of decomposition, the appearance of cross correlations
h~MDð0Þ � ~MJðtÞi becomes already obvious. They represent the coupling of rotation
and translation at the mesoscopic level that cannot be described independently by
autocorrelation functions alone. Fortunately, the cross terms are much smaller than
the self terms, which enables a de facto decoupling of translation and rotation for
numerical reasons [17, 34, 53].
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We evaluate the rotational contribution WDðtÞ first:

L d
dt
WDðtÞ

� �
¼ L d

dt
h~MDð0Þ � ~MDðtÞi

� �
þL d

dt
h~MDð0Þ � ~MJðtÞi

� �
ð10:43Þ

Thefirst autocorrelation term in the equation above canbe reformulated using partial
integration

L d
dt
h~MDð0Þ � ~MDðtÞi

2
4

3
5 ¼

ð1
0

eivt
d
dt
h~MDð0Þ � ~MDðtÞidt

¼ h~MDð0Þ � ~MDðtÞieivt
� �1

0

ð10:44Þ

þ iv
ð1
0

eivth~MDð0Þ � ~MDðtÞidt ð10:45Þ

¼ h~M2
Diþ ivL h~MDð0Þ � ~MDðtÞi

� � ð10:46Þ

while the second cross term may be transformed using relation (10.34):

L d
dt
h~MDð0Þ � ~MJðtÞi

2
4

3
5 ¼

ð1
0

h~MDð0Þ �~JðtÞieivtdt

¼ L h~MDð0Þ �~JðtÞi
� � ð10:47Þ

Fortunately, the contribution from the cross correlation of the rotational and trans
lational collective dipole moments can be computed by the Fourier Laplace trans
formof h~MDð0Þ �~JðtÞi since~JðtÞ (as opposed to ~MJðtÞ) does not suffer from the jumps
of individualmolecules due to the periodic boundary conditions. This is important to
note because it increases the statistical quality of the correlation function and thus
allows computing this very small contribution. Altogether, the rotational contribution
is given by

L d
dt
WDðtÞ

� �
¼ h~M2

Diþ ivL h~MDð0Þ � ~MDðtÞi
� � L h~MDð0Þ �~JðtÞi

� � ð10:48Þ

The general form of the translational contribution is

L d
dt
WJðtÞ

� �
¼ L d

dt
h~MJð0Þ � ~MJðtÞi

� �
L h~MDð0Þ �~JðtÞi
� � ð10:49Þ

While the correlation function of the rotational dipole moment h~MDð0Þ � ~MDðtÞi
exhibits the expected classical behavior, its translational counterpart h~MJð0Þ � ~MJðtÞi
behaves rather peculiar and needs more careful analysis. In order to elucidate this
behavior, we first investigate the so called dipolar displacement:�

D~M
2
J ðtÞ
	 ¼ hð~MJð0Þ ~MJðtÞÞ2i ð10:50Þ
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An alternative expression can be given following the approach of Berne andPecora [6]
for themean squared displacement in terms of the velocity correlation function. The
pair ~MJ and~J can be treated formally equivalent to the pair~r and~v.

�
D~M

2
J ðtÞ
	 ¼ 2

ðt
0

�
~Jð0Þ �~Jðt0Þ	dt0

0
@

1
A � t 2

ðt
0

t0
�
~Jð0Þ �~Jðt0Þ	dt0 ð10:51Þ

In the asymptotic limit at sufficiently long times, this formula gives a linear relation
for the dipolar displacement:

lim
t!1

�
D~M

2
J ðtÞ
	 ¼ 6VkBTsð0Þtþ 2

�
~M

2
J

	 ð10:52Þ

The first term on the right hand side follows from the Green Kubo approach to
compute the static conductivity:

sð0Þ ¼ 1
3VkBT

ð1
0

�
~Jð0Þ �~JðtÞidt ð10:53Þ

Using Equation 10.34, the second term on the right hand side isð1
0

t � �~Jð0Þ �~JðtÞ	dt ¼ t � h~MJð0Þ �~JðtÞi
� �1

0|fflfflfflfflfflfflfflfflfflfflfflfflfflfflffl{zfflfflfflfflfflfflfflfflfflfflfflfflfflfflfflffl}
¼ 0ð1

0

�
~MJð0Þ �~JðtÞ

	
dt

ð10:54Þ

¼ h~MJð0Þ � ~MJðtÞi
� �1

0
ð10:55Þ

¼ h~M2
J i ð10:56Þ

A typical example of the dipolar displacement for themolecular ionic liquid 1 ethyl 3
methyl imidazolium dicyanoamide is shown in Figure 10.4 as dashed line. Evalu
ating the binomial in Equation 10.50, a formulation of the correlation function
h~MJð0Þ � ~MJðtÞi in terms of the dipolar displacement is found.

h~MJð0Þ � ~MJðtÞi ¼ 1
2

�
D~M

2
J ðtÞ
	þ 1

2

�
~M

2
J ð0Þ

	þ �~M2
J ðtÞ
	� �

ð10:57Þ

Since t is a reference point along the trajectory in the same way as the initial point 0,
the two averages h~M2

J ð0Þi and h~M
2
J ðtÞi become equal for sufficiently long times. This

should not be confused with hD~M
2
J ðtÞi that increases linearly in time. Now, the

peculiar behavior of h~MJð0Þ � ~MJðtÞi becomes obvious: it had to be a linear function of
time over a long range of time. For example, this linear behavior of h~MJð0Þ � ~MJðtÞi is
shown in Figure 10.4 (solid line). According to Equation 10.52, its derivative or slope
is determined by the static conductivity after an initial regime:

lim
t!1

d
dt
h~MJð0Þ � ~MJðtÞi ¼ 3VkBTsð0Þ ð10:58Þ
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As the time dependence in the initial region is quadratic, the derivative
ðd=dtÞh~MJð0Þ � ~MJðtÞi vanishes for t! 0.

Now, all tools for the evaluation of L ðd=dtÞh~MJð0Þ � ~MJðtÞi
� �

are available. Upon
partial integration, it transforms to

L d
dt
h~MJð0Þ � ~MJðtÞi

2
4

3
5 ¼

ð1
0

eivt

iv
d2

dt2
h~MJð0Þ � ~MJðtÞidt

eivt

iv
d
dt
h~MJð0Þ � ~MJðtÞi

2
4

3
5
1

0

¼ i
v
L h~Jð0Þ �~JðtÞi� �

ð10:59Þ

where in the second step we have used Equation 10.36 with ~A ¼ ~B ¼ ~MJ .
Assembling Equations 10.48 and 10.49, multiplying all these terms by

4p=3VkBT , and inserting them into Equation 10.38, we get the final expression
for the GDC:
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Figure 10.4 Mean squared displacement of
the translational collective dipole moment
hD~MJðtÞ2i (dashed line) of the simulated 1
ethyl 3 methyl imidazolium dicyanoamide that

can be used to calculate the static conductivity
sð0Þ. The solid line shows the linear behavior of
the autocorrelation function h~MJð0Þ ~MJðtÞi
within the first nanoseconds.

290j 10 Computational Dielectric Spectroscopy of Charged, Dipolar Systems



SðvÞ ¼ 4p
3VkBT

��
~M

2
D

	þ ivL h~MDð0Þ � ~MDðtÞi
� � L h~MDð0Þ �~JðtÞi

� �

þ i
v

L h~Jð0Þ �~JðtÞi� �þ ivL h~MDð0Þ �~JðtÞi
� � ��

ð10:60Þ
In the zero frequency limit the real part of Fourier Laplace transform of the current
auto correlation yields the static conductivity s(0). Hence, the ratio s(0)/v repre
sents a parabola in the imaginary part of the dielectric spectrum.

S0ðvÞ ¼ SðvÞ 4pisð0Þ
v

ð10:61Þ

¼ eðvÞ 1þ 4piðsðvÞ sð0ÞÞ
v

ð10:62Þ

While removing the singularity in the imaginary part, this does not affect the real
part of the spectrum. The different contributions to theGDC in Equation 10.60may
be arranged into two groups: one with the prefactor i=v and one without.
Accordingly, the different contributions to the GDC in Equation 10.60 can be
assigned to eðvÞ as well as to the conductivity sðvÞ in Equation 10.62:

eðvÞ 1 ¼ 4p
3VkBT

�
~M

2
D

	þ ivL h~MDð0Þ � ~MDðtÞi
� � L h~MDð0Þ �~JðtÞi

� �� �

ð10:63Þ

sðvÞ ¼ 1
3VkBT

L h~Jð0Þ �~JðtÞi� �þ ivL h~MDð0Þ �~JðtÞi
� �� � ð10:64Þ

The last two equations can be seen as the motivation for the �arbitrary� decom
position of ~M tot: Despite the marginal cross term L½h~MDð0Þ �~JðtÞi�, the dielectric
permittivity eðvÞ is built up by the rotational collective dipole moment ~MDðtÞ. The
time derivative of the translational collective dipole moment ~MJðtÞ almost exclu
sively determines the conductivity sðvÞ. However, the influence of the conductivity
sðvÞ on theGDC is indirect since the ratio sðvÞ=v enters the spectrumof theGDC.
Therefore, we introduce the dielectric conductivity:

J0ðvÞ ¼ 4pi
sðvÞ sð0Þ

v
ð10:65Þ

The difference between the dielectric conductivity JðvÞ and the conductivity sðvÞ
ismore than amere downscaling by the frequencyv: First, it shifts the contribution
from sðvÞ to smaller frequencies. Second, and even more important, it is the
nonvanishing static limit lim

v! 0
J0ðvÞ. Both, the numerator and the denominator

tend to zero for zero frequency. So, the static limit of the dielectric conductivity is
the result of a delicate balance of the ratio of two zero terms. Neglecting for the
moment the cross term h~MDð0Þ �~JðtÞi, Equation 10.64 gives the explicit expression
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for the zero frequency limit of J0ðvÞ:

lim
v! 0

J0ðvÞ ’ 4pi
3VkBT

ð1
0

eivt 1
v

h~Jð0Þ �~JðtÞidt ð10:66Þ

As the limit

lim
v! 0

eivt 1
v

¼ i � t ð10:67Þ

the static limit of the dielectric conductivity is given by

lim
v! 0

J0ðvÞ ’ 4p
3VkBT

ð1
0

t � h~Jð0Þ �~JðtÞidt ð10:68Þ

’ 4p
3VkBT

h~M2
J i ð10:69Þ

where in the last step we have used Equation 10.56. The zero frequency limit of the
cross term h~MDð0Þ �~JðtÞi yields

lim
v! 0

L½h~MDð0Þ �~JðtÞi� ¼
ð1
0

h~MDð0Þ �~JðtÞidt ð10:70Þ

¼ ½h~MDð0Þ � ~MJðtÞi�10 ð10:71Þ

¼ h~MDð0Þ � ~MJð0Þi ð10:72Þ

by means of Equation 10.34. Augmenting Equation 10.69 by the static limit of the
cross term in Equation 10.72, the static limit of the dielectric conductivity finally
reads

lim
v! 0

J0ðvÞ ¼ 4p
3VkBT

�
~M

2
J

	þh~MDð0Þ � ~MJð0Þi
� �

ð10:73Þ

FromEquation 10.63, the static limit of the dielectric permittivity can be easily read:

lim
v! 0

eðvÞ 1 ¼ 4p
3VkBT

h~M2
Diþ h~MDð0Þ � ~MJð0Þi

� �
ð10:74Þ

Uniting the last two equations, the generalized static dielectric constant estat is
given by

estat 1 ¼ lim
v! 0

S0ðvÞ ¼ 4p
3VkBT

h~M2
Diþ 2h~MDð0Þ � ~MJð0Þiþ h~M2

J i
� �

¼ 4p
3VkBT

h~M2
toti

ð10:75Þ
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The derivation of this expression shows that the conductivity although residing in
the high frequency regime finally makes a knowledgeable contribution to the static
GDC estat. This demonstrates that in charged, dipolar systems, the conductivity is an
equal partner of the permittivity.

So far, we have split the macroscopic total dipole moment ~M tot into its rotational
~MD and translational ~MJ contributions in order to get separate equations for the
dielectric permittivity and the dielectric conductivity. At the mesoscopic level, ~MDðtÞ
as well as~JðtÞ may be further decomposed into contributions from the cations, the
anions, and the neutral solvent. Formally, we can write

~MDðtÞ ¼
X
k

~M
k
DðtÞ ð10:76Þ

~JðtÞ ¼
X
k

~J
kðtÞ ð10:77Þ

where ~M
k
DðtÞ 2 f~M þ

D ðtÞ; ~M�
DðtÞ; ~M

0
DðtÞg and~J

kðtÞ 2 f~J þ ðtÞ;~J�ðtÞg as indicated in
Figure 10.3.At this level of decomposition,wehave contracted all specieswith respect
to their charge. In a finer grained decomposition, a resolution into species can be
done. Even more, the species itself may be further decomposed: The solvent may be
divided into several solvation shells of the solute and the remaining bulk. The solute,
for example, a protein, may be split into regions of helical structure, b sheets, or
loops. In DNAmolecules, the contribution from the sugar and the phosphate group
may be even separated.

Since h~MDð0Þ � ~MDðtÞi correlates the sum over several species or their moieties,
one gets autocorrelations

�
~M

k
Dð0Þ � ~M

k
DðtÞ

	
and cross terms 2

�
~M

k
Dð0Þ � ~M

l
DðtÞ

	
with

k 6¼ l. These cross correlations are the mesoscopic analogue of intermolecular or
intermoiety coupling. They always appear by a factor of 2 such that one cross termcan
be attributed to each partner in the sense of an equal sharing of the coupling. In other
words, one can define correlation functions

WD;kðtÞ ¼
�
~M

k
Dð0Þ � ~M

k
DðtÞ

	þ X
l 6 k

�
~M

k
Dð0Þ � ~M

l
DðtÞ

	 ð10:78Þ

specific for species, moieties, or regions. Thus, the sum of all individual WD;kðtÞ
equals the total h~MDð0Þ � ~MDðtÞi. Since the Fourier Laplace transform is linear, each
WD;kðtÞ can be transformed separately. In this sense, each Fourier Laplace transform
stands for the contribution of a species, moiety, or region to the total dielectric
permittivity e. This contribution, however, should not be mixed up with the term
�local dielectric constant� of the respective species, moiety, or region. This is already
obvious from the fact that all terms are weighted by the same factor 1=V and not by
their individual volumes. In other words, if a species is present at infinite dilution, its
contribution to thewhole sample vanishes despite its individual dielectric properties.
An analogous decomposition of the current leads to WJ;kðtÞ and, consequently, to
contributions to the conductivity from individual charged species, moieties, or
regions. We emphasize that such a decomposition is much more appropriate to
the collective nature of the current than a description in terms of ion pairs.
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10.1.4
Finite System Electrostatics

In amesoscopic description of dielectrics, the Poisson equation plays a central role as
shown in the first section. At the molecular level, the equations of motion involving
the electrostatic forces are central. Both descriptions rest upon the multiple appli
cation of Coulomb�s law

~Fij ¼ qi �~E ¼ ~r qi � qj
rij

ð10:79Þ

acting between a pair of charges. Unfortunately, Coulomb�s law is the force law of
longest range found in nature. Therefore, the finiteness or boundary of the system
under consideration is of importance. So far, we have solved equations with no
respect to the finiteness or boundary conditions. In simulation studies, this question
of finiteness is even more urgent because of the limitations in memory and storage.
Therefore, the correct treatment of finite size effects, the so called finite system
electrostatics, is a prerequisite for the interpretation of dielectric spectra.

ThefieldEquation 10.2 is of dual nature as it can beused for both, amolecular and a
mesoscopic description of finiteness of the system: At the molecular level the charge
and dipole density describes the atomistic or molecular set of point charges {qi} and
point dipoles {~mD;i}.

rð~r Þ ¼ 1
V

X
i

qi � dð~r ~r iÞ ð10:80Þ

~PDð~r Þ ¼ 1
V

X
i

~mD;i � dð~r ~r iÞ ð10:81Þ

If these expressions are inserted into the field equation (10.2), one gets electrostatic
part of the molecular forces used in MD simulations, for example, Equation 10.17.

At the mesoscopic level, averaging of the field equation yields the internal or
Maxwell field entering the constitutive relation (10.1):

~E ¼ 1
V

ð
V

~Eð~r Þd~r ð10:82Þ

¼ ~E ext þ
ð
V

~Sð~r Þd~r �
ð
V

rð~r Þd~r þ
ð
V

T
$
ð~r Þd~r �

ð
V

~PDð~rÞd~r ð10:83Þ

Thus, we have used the convolution property of the integrals appearing in the field
equation (10.2). The integral

Ð
Vrð~rÞd~r equals the net charge qtot of the sample. As a

result, the second contribution in Equation 10.83 vanishes for a neutral system
qtot ¼ 0. If the integral of the dipole dipole tensor T

$
ð~r Þ also vanish, Maxwell and

externalfieldwould be identical. Consequently, one always tries to accomplish overall
charge neutrality and a vanishing integral of the dipole dipole tensor.
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The integral of T
$
ð~rÞ is essential for the dielectric boundary conditions that we

use here as a synonym for a complex situation. On the one hand, this term
comprises the finite range of the Coulomb interaction. On the other hand, it
refers to the finite size and shape of the samples volume. The geometrical part is
usually handled by the introduction of the so called toroidal boundary conditions
based on the minimum image convention: If a particle crosses the face of the
simulation volume, it is reinserted with the same velocity but via the opposite face.
The pair distances~r ij connecting particles are also subject to this toroidal shift.
Thus, toroidal boundary conditions simulate a finite system but without surface.
One however has to pay for this advantage. While all quantities involving the
velocities remain unchanged, those based on the coordinates experience a jump.
For example, this has severe consequence on the translational collective dipole
moment ~MJðtÞ, while its derivative the current~JðtÞ is unaffected since it is built up
from the velocities. One remedy to cope with the jumps in ~MJðtÞ is the unfolding
of the trajectory post simulation. In other words, the toroidal moves performed
during simulation are undone for the analysis. One has to be aware, however, that
the mechanism of unfolding always depends on the initial geometry. Computation

of the dipolar displacement
�
D~M

2
J ðtÞ
	
essentially removes this dependence. There

fore, the average static value of
�
~M

2
J

	
is taken from the axis intercept of

�
D~M

2
J ðtÞ
	

instead of the initial value of
�
~MJð0Þ � ~MJðtÞ

	
.

The other aspect of the boundary conditions is the truncation of Coulomb inter
action. Subsequently, we will discuss the most important types of truncation or
modification, namely, truncation at the cutoff, inclusion of the reaction field, and the
Ewald summation over periodic replica. Of course, truncation or modification of the
Coulomb law is not independent of the system size or geometry. Indeed, the com
bination of both makes what we call dielectric boundary conditions. Fortunately, the
toroidal shifts are included in Equation 10.2 because it is of convolution type that
means that the relative distance~r ~r 0 is always kept in the simulation volume V .

The simplest andmost time savingmethod to treat electrostatic forces is the cutoff
principle. Beyond a typical distance of rcut ¼ 10 12 , all interactionswithmore distant
neighbors are neglected. Formulated in terms of the T

$
ð~r Þ tensor, one has

T
$

cutð~r Þ ¼ T
$ ð~r Þ ... r � rcut

0 ..
.
r > rcut

8<
: ð10:84Þ

The integral of this truncated dipole tensor isð
V

T
$
ð~r Þd~r ¼

ð
Kcut

T
$
ð~r Þd~r ð10:85Þ

¼ 4p
3

ð
Kcut

dð~r Þ I$ d~r ð10:86Þ

¼ 4p
3

I
$

ð10:87Þ
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where Kcut is a sphere of radius rcut and I
$

is the unit tensor. Thus, we have used
Equation 10.5. While the off diagonal elements of T

$
ð~r Þ vanish and the diagonal

elements become equal due to the isotropy of the simulation volume, the above
integral actually calculates 1/3 of the Laplacian of the original Green function 1=r that
gives DGðrÞ ¼ 4pdð~r Þ [15]. These special relations are lost for an anisotropic
volume, for example, a cuboid. As a result, theMaxwellfield becomes thewell known
Lorentz field [13, 31, 35]

~E ¼ ~E ext
4
3
p~PD ð10:88Þ

and deviates considerably from the applied external field~E ext. While appropriate for
the short range interaction, for example, Lennard Jones, the cutoff principle has
tremendous consequences on electrostatic forces. A critical measure is the so called
r dependent Kirkwood gKðrÞ factor [10, 11, 15]. The neighborhood of a reference
dipole~mD is decomposed into spherical shells of increasing radius r and the rotational
collective dipole moment ~MDðrÞ is projected onto ~mD

gKðrÞ ¼
~mD � ~MDðrÞ

~m2
D

ð10:89Þ

It measures the collective orientational order of dipoles. Alternatively, gKðrÞ may be
written as integral over spherical shells:

gKðrÞ ¼ 1þ 4p
ðr
0

gmmðr 0Þr 02dr 0 ð10:90Þ

where the integrand gmmðrÞ is the radial distribution function weighted by the
direction cosine of pair of dipoles mD separated by a distance r [15, 28, 37, 57].
The higher sensitivity of gKðrÞ as compared to the integrand gmmðrÞ comes from
the r2 amplifier at larger distances. In an infinite, unperturbed system, one would
expect that gKðrÞ after some initial oscillations over coordination shells
approaches a plateau value when gmmðrÞ has died off. Within the cutoff scheme,
such a plateau value is never reached. After the initial oscillations, gKðrÞ drops
sharply and even reaches negative values at r ¼ rcut [61]. Afterward it recovers, but
the final positive value is very small, because truncation of interaction does not
automatically imply the truncation of spatial correlations. An extension to solvated
biomolecules shows that the cutoff principle distorts the helical structure of
peptides [50, 51].

A first remedy against the cutoff artifacts is to approximate the neglected inter
actions beyond the cutoff by a reaction field (RF) with dielectric permittivity eRF
illustrated in Figure 10.5a. When embedding the cutoff sphere in this dielectric, the
reaction field contributes an additional term

T
$

RF ¼ 1
r3cut

� 2eRF 2
2eRF þ 1

I
$ ð10:91Þ
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to the original T
$
ð~r Þ in Equation 10.5. The integral of the combined tensors

T
$
ð~r ÞþT

$
RF now results in a field relation

~E ¼ ~E ext
4
3
p � 3

2eRF þ 1
~PD ð10:92Þ

For the isolated sample, that is, in the absence of the reaction field corresponding to
eRF ¼ 1,we obtain the Lorentzfield again.With increasing eRF, however, internal and
external field come closer to each other. For a surrounding dielectric of infinite
dielectric permittivity eRF, the so called conducting boundary conditions, both fields
are equal. While gKðrÞ now gives the correct asymptotic value, its spatial resolution is
still not satisfying. Although being now positive, there is still a minimum at
r ¼ rcut [62]. It is interesting to note that the inclusion of the reaction field tensor
in Equation 10.91 corresponds to a change of the original Green function GðrÞ to

GRF ¼ 1
r
þ 1

2
� 1
r3cut

� 2eRF 2
2eRF þ 1

� r2 ð10:93Þ

This additional harmonic term counteracts the original Coulomb law: The attraction
between unlike charges and the repulsion between like charges is reduced.

Lattice sumtechniques replace theneglected interactionsby a sumover translational
replica, as illustrated in Figure 10.5b. In other words, an effective Green function
implicitly containing the interaction with all images of the interaction partner in the
primary cell is used. In the Ewald scheme, this effective Green function is

GEW ¼ 1
r

erf ðlrÞ
r

þ 4p
V

X
k

e�~k
2
=4l2

~k
2 ei

~k~r ð10:94Þ

where in the last term, the sum over all relevant~k vectors in reciprocal space has to be
performed.TheEwald tensorT

$
EW is thedouble gradient ofGEW and its integral is given

by [39]

T
$

EW ¼ 4p
3V

�QI
$ ð10:95Þ

with Q given by the integral

Q ¼ l

p
p
� �3 ðrEW

0

4pr2e�l2r2dr ð10:96Þ

Here rEW is the threshold beyond which the screened Coulomb potential
ð1 erf ðlrÞÞ=r acting in real space can be neglected for numerical reasons. The
screening parameter l governs the balance of real space and reciprocal space
Coulombic lattice sums. Equation 10.96 represents the integral of a nonnegative
function and therefore increases monotonically with l. For sufficiently large l,
where the Gaussian integrand has become sufficiently small, Q tends to unity as it
represents the integral over a normalized Gaussian function. In this case, the Ewald
tensor completely compensates the Lorentz field created by the original T

$
tensor
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such that the internal Maxwell field and the external field become equal. This is only
valid, however, for sufficiently large screening parameter l, otherwise both fields
deviate and the field ratio Eext=E is not unity. Therefore, all expressions for the GDC
have tobe correctedby thisfield ratioEext=E. It is true that the reactionfieldmethod and
the Ewald sum may result in identical asymptotic values of r dependent gK factor. So
one may question the high effort of the Ewald sum as compared to that of the reaction
field being almost identical to the cutoff scheme. At a radial scale, however, the
improvement of the Ewald method is impressing. gKðrÞ reaches the expected plateau
value and lacks any further artifacts [10]. Nowadays, the Ewald method is the standard
technique to handle the long range Coulomb forces in finite systems. In order to
reduce computational effort, however, mesh basedmethods project the position of the
fluctuating charges on a fixed grid. This is known as �particle mesh Ewald� (PME)
method [20].

10.2
Applications and Experiments

Although the previous theory sections have established the principal connection
between simulation data and the dielectric spectrum, the application of these
analytical expressions to the real simulation data is not straightforward. The problem
of finite system electrostatics makes one select the size and shape of the simulation
box carefully. The box shape has to be spatially isotropic and the size is even more
important in a twofold sense: First, we have learnt that Coulomb�s law has to be
modified in order to handle the long rangeCoulomb forces infinite systems.Wehave
presented three possibilities: The cutoff method, the reaction field, and the Ewald
sum. Each of these has its own size dependence. While the cutoff method would
require unrealistically large systems in order to give results free from artifacts, the
reaction field and the Ewald sum yield reliable results for practically feasible system
sizes. The computational efforts for the reaction field are almost identical to those of
the cutoff methods, but they correctly give the global properties only. In order to be
correct on a local scale too, the more expensive Ewald sum has to be implemented.
Therefore, the Ewald sumexhibits the least size dependence of all threemethods and
its higher numerical effort is thus partially paid for. Apart from this consideration
concerning the undisturbed buildup of electrostatics, there is a second demand on
system size. As we need collective properties to compute the spectrum, the system
must be large enough to behave like a piece of dielectric material. In practice, several
hundred molecules are necessary to fulfill this requirement.

Provided a reasonable system size has been chosen, the preparation or equilibra
tion of the system prior to the actual simulation is the next critical issue.
The traditional method to start from crystal structure usually implies unreasonably
high collective rotational dipole moments. In principle, long equilibration runs at
constant pressure could bring down ~MDðtÞ, however, at extreme computational cost.
Therefore, one is forced to create a starting configuration of moderate dipole
alignment. This usually consumes several nanoseconds of equilibration time.
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For a well prepared system of reasonable size, the so called production period
where the system�s trajectory is generated has to last sufficiently long in time. As a
rule of thumb, the simulation time must cover several dielectric relaxation times
being defined as the timenecessary for the time correlation functions of the collective
dipolemoments to get leveled off. Bearing inmind that for a collective property, every
point along the trajectory provides a single value only, because averaging over
particles, residue, and so on is not possible, these extreme demand on simulation
length can be easily understood. This explains why time correlation functions of
collective dipole moments are still noisy for simulation length of 100 ns. In order to
smooth this statistical roughness, time correlation functions are often fitted to
analytical expressions. For h~MDð0Þ � ~MDðtÞi and its mesoscopic decompositions,
multiexponential fits are frequently used:

h~MDð0Þ � ~MDðtÞi ’
X
k

Ak � e�t=tk ð10:97Þ

The number of exponential terms depends on the correlation function under
investigation and the precision desired. This may require up to four terms. As the
amplitudes Ak determine the height of the peaks in the imaginary part of the
dielectric spectrum, the careful determination of the amplitudes and their correct
sum is crucial. As similar relaxation times result in a single broaden peak in the
spectrum, they are not a real problem. However, an increasing number of expo
nentials impedes a reasonable interpretation. On the other hand, a Fourier Laplace
transform of the raw data of h~MDð0Þ � ~MDðtÞi is not desirable since the integration of
statistical errors of the correlation function at very long times leads to blurred spectra.
Therefore, one has to restrict the upper integration limit of h~MDð0Þ � ~MDðtÞi. In
Figure 10.6, the gray line represents the direct Fourier Laplace transform of the raw
data up to six times the longest time constant tk, which canbe fairly reproduced by the
Fourier Laplace transform of the fit function (black solid line). Due to the linearity of
the Fourier Laplace transform, the multiexponential fit results in a superposition of
Debye processes:

L
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k

Ak � e�t=tk

" #
¼
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k

Aktk
1 ivtk

ð10:98Þ

In order to keep the number of fit parameters at the minimum, one could
alternatively use the so called Kohlrausch Williams Watt (KWW) functions [68],
which model the spread of exponentials by a single parameter b:

h~MDð0Þ � ~MDðtÞi ’ A � e�ðt=tÞb ð10:99Þ
The corresponding Fourier Laplace transform can only be approximated by a
series [23, 27]:

L ¼ A � e�ðt=tÞb
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molecular liquids, however, one gets reasonable molecular volumes. In both cases, a
linear scaling of relaxation times t with the viscosity g is valid.

As opposed to themonotonic behavior of the collective rotational dipole functions,
the correlation functions involve the current relax within few picoseconds and are
oscillatory in nature. Therefore, we have generalized the above multiexponential fit
f ðtÞ including phase shifted cosine functions [58]:

h~Jð0Þ �~JðtÞi ’ f ðtÞ ¼
X
k

Akcosðvk � tþ dkÞe�t=tk ð10:104Þ

The relaxation times tk are found to be much shorter than those of h~MDð0Þ � ~MDðtÞi.
It is important to note that thisfit function does not onlymimic the overall behavior of
h~Jð0Þ �~JðtÞi, but its Fourier Laplace transform

Re½L½f ðtÞ�� ¼
X
k

Aktk
2

 
cosðdkÞ tkðvk vÞ sinðdkÞ

1þ t2kðvk vÞ2
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! ð10:105Þ

Im ½L½f ðtÞ�� ¼
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also gives the correct limiting behavior of the dielectric conductivity JðvÞ. In
particular, the fit function describes the divergence of imaginary part of JðvÞ that
is represented by Re ½L½f ðtÞ�� at zero frequency. After correcting for the static
conductivity, that is, considering J0ðvÞ,

Im½J0ðvÞ� ¼ 4p
3VkBT

Re½L½f ðtÞ�� sð0Þ
v ð10:107Þ
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the limitv! 0 is zero. The application of the set offit functions for the rotational and
translational correlation functions is, however, not limited to h~MDð0Þ � ~MDðtÞi and
h~Jð0Þ �~JðtÞi, but can be applied to the correlation functions of their subcomponents.

Having developed the necessary theoretical and practical tools for the interpre
tation of dielectric spectra, we now turn to a discussion of concrete charged, dipolar
systems. Theymay be grouped into two classes: solvated biomolecules andmolecular
ionic liquids.
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10.2.1
Solvated Biomolecules

Starting from the building block of single amino acid in its zwitterionic form, we
already encounter two dipoles: the dipole generated by the dislocation of the terminal
charges of the amino and the carboxyl group and the side chain dipole in case of polar
amino acids. Assembling the individual building blocks to peptides or proteins
creates a third type of dipole, namely, that of the peptide unit NH CO . These
single peptide dipoles may be summed up to a collective peptide dipole moment. It
depends on the secondary structure whether the dipoles cooperate and enhance the
collective value or they compensate each other decreasing the collective value. For
example, a helices are characteristic of a parallel alignment of peptide dipoles.
Therefore, in this case, the collective value reaches its maximum value. In contrast,
b sheets are typical of dipole compensation. Loop structures exhibit a certain residual
correlation of dipoles in the sense of an intramolecular Kirkwood gK factor. Since a
protein is characterized by a diversity of rather different structural elements, the
compensation of dipoles is larger compared to peptides, which in their turn aremore
compensatory than the single amino acids. In other words a protein with a smaller
number of residues has a higher dipole density or polarization~PD per residue. This
order refers to a mixture of structural elements. If a protein consists almost
exclusively of a helices, its collective dipole moment and consequently the dielectric
increment of the protein solutionmay be exceedingly high. As this polarization of the
solute replaces the dipole density of the solvent, for example, water, it is decisive for
the dielectric increment representing the excess value of the biomolecular solution
compared to the pure solvent.

One should not overlook, however, the influence of ions that are usually present in
a protein solution. As atomic ions occupy space but contribute nothing to the
collective rotational dipole moment, they counteract the protein dipoles. In extreme
cases, they may even generate a dielectric decrement. However, one has to bear in
mind that the ions contribute to the static dielectric properties via the current density
~PJ . In other words, the influence of the ions is a delicate balance between the lack of
dipole density ~PD and the contribution of current density ~PJ. Charged protein
residues unite both features: They contribute to the dielectric permittivity via ~PD

and to the dielectric conductivity~PJ. However, the number of charged residues in a
protein is typically 10% of the total number of residues. Furthermore, the difference
in sign leads to a compensation of the overall net charge that is usually a few charge
units only. Not to forget that roughly half of the proteins possess a metallic ionic
cofactor enhancing the charge. A typicalmotif of such a charge stabilized structure is
the zinc finger, which is extensively used by nature as a tandem sequence. In this
sense, peptides and proteins may be considered as charged macroions moving
through the solution. DNA molecules are extreme in this respect as each residue
carries a negative charge. Therefore, one has to add an appropriate number of
counterions to keep the whole system electrically neutral.

In the following, we discuss the concrete applications of �computational dielectric
spectroscopy� and compare the results with corresponding experiments. While the
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experiments provide the total spectrum, the computational analysis enables the
decomposition down to the molecular level. This helps to interpret the experimental
spectra. It is a long tradition that the dielectric properties either experimental or
computational are given in dimensionless units. In order to subject the above
dielectric theory to this criterion, all relevant formulas have to be divided by 4pe0.

10.2.1.1 Peptides
The importance of finite system electrostatics for a peptide dissolved in an ionic
solution of NaCl and water at room temperature was analyzed by Smith and Pettitt
20 years ago [60]. The truncation of electrostatic interactions using a switching
function to smooth the discontinuous drop at several cutoffs was compared to an
implementation of the Ewald summation technique in a bundle of simulation
studies. Thus, the size of the cutoff, the water content, the inclusion or exclusion
of ions, and the initial configurations of the ionswere varied. As criteria for judgment
of all these variations, the single particle relaxation time of watermolecules and gKðrÞ
are used.Without NaCl the relaxation time is retarded by a factor of 2 when using the
cutoff instead of the Ewald summation. In addition, gK drops by a factor of 30 to an
unphysical low value of 0.2 that can also be derived from the gmm functions of
Equation 10.90 shown in Figure 14 of Ref. [60]. In the presence of NaCl, the deviation
becomes less but it is still remarkable. Reaction field simulations of pure water
included from the literature yield relaxation times close to those gained by the Ewald
simulations [41, 42]. All these findings nicely demonstrate the extreme sensitivity of
dielectric properties to boundary conditions. Subsequently, the influence of finite
system electrostatics on the solvated peptides was systematically investigated in a
series of papers [50 52].

Based on this analysis of boundary conditions, Pettitt and coworkers [69] provided
first the dielectric permittivities for a similar peptide solvated in an ionic solution. The
system was decomposed into neutral and charged peptide moieties, water, and ions.
Although restricted to static values, the paper reports averages of the collective dipoles
themselves, of their square, and of the cross correlation with others for all four
components. Since the cross correlation are found to be rather small, the averaged
mean squared total dipole moment h~M2

Di can be approximated by the sum of the
individual contributions hð~Mk

DÞ2i. Among the latter, the charged components make
the major contribution as expected from the theory. Subsequently, the hð~Mk

DÞ2i are
converted to dielectric permittivities ek of the respective component. This is achieved
by using a component specificmolar volumeVK instead of the total volumeV . This is
somewhat misleading as it suggests a �molecular dielectric permittivity� that has no
theoretical basis. In order to be consistent with Section 10.1, one couldmultiply these
ek by the ratioVk=V and then call it the contribution of the component to the dielectric
permittivity of the system.

A complete spectrum of solvated peptides consisting of alanine subunits in
roughly 400 TIP3P water is given in Ref. [12]. All electrostatic forces were exclusively
calculated by the Ewald method. Several systems containing different concentra
tions of alanine and dialanine were simulated over a period of 10 ns. Increasing
the concentration of alanines and dialanines leads to a linearly rising dielectric
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increment. Only when the zwitterionic nature is suppressed, a decrement is
observed. The autocorrelation function of the total collective dipole moment
h~M totð0Þ � ~M totðtÞi was fitted mono and biexponentially as well as by a KWW
function.While themonoexponential fit turned out to be too crude, the biexponential
and KWW fits yield similar spectra. Water molecules showed a different behavior as
a function of the distance to the nearest peptide. Consequently, the collective dipole
moment of the water was decomposed into a contribution from the first shell around
alanine and the bulk. The imaginary part of the dielectric spectrum is determined
by three contributions: The slowest contribution at lowest frequency stems from
correlations of the alanine with alanine, first shell water, and bulk water. The cross
term between the shell and bulk water holds the medium position. The self terms of
shell and bulk water comprise the fast contribution. The frequency spread in case of
two solvated dialanines is larger as compared to four solvated alanines. The fast
contributions do not change their position in frequency, but the slow contribution is
shifted to lower frequency because the larger volume of the dipeptide slows down
molecular motion.

The model of bulk, solvation shell, and peptide was also analyzed for hydrophilic
NAGMA and amphiphilic NALMA dissolved in TIP4P Ew water at different con
centrations [36]. The molecular dynamics simulation with the Ewald summation
was carried out over a period from 6 to 21 ns. The collective dipole correlation
functions h~Mk

Dð0Þ � ~M
k
DðtÞi were fitted biexponentially (refer to Equation 10.97).

The decomposition was done at three levels: the whole system, peptide and water,
and peptide, first hydration shell, and water. The fit parameters are given explicitly
for all three levels of decomposition. For the whole and the two component
systems, the dielectric permittivity spectra are given graphically. While the hydro
philic NAGMA shows a dielectric decrement for both concentrations, the amphi
philic NALMA yields a decrement at lower concentration but shows a dielectric
increment at higher concentrations. Even more interesting, the highly concentrated
NALMA system displays a doublet shape in the imaginary part, while the other
three systems show a single peak structure. This double peak structure is generated
by the downshift of the peptide peptide and peptide water peaks at the higher
NALMA concentration.

10.2.1.2 Proteins
Acomparative study of the static dielectric properties of a suite of the four proteins (P)
hen egg white lysozyme, a lactalbumin, rat fatty acid binding protein, and llama
antibody heavy chain variable domain was performed over a simulation period of
5 ns within the framework of the reaction field method [45]. Instead of conducting
boundary conditions (eRF ¼ 1), the strength of the reaction field was set to eRF ¼ 68
for the simulation in SPC water and eRF ¼ 5 for the simulation in chloroform. The
values given correspond to static dielectric constants of the pure solvents. This
implies that the field ratio

Eext=E ¼ 2eRF þ e

2eRF þ 1
ð10:109Þ
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has to be included in the expression for the evaluation of the simulated dielectric
constant. A central issue of the paper was the careful analysis of the convergence of
themean squared total dipole moment hð~MP

DÞ2i of the respective protein. In order to
achieve a better convergence, the square of the average h~MP

Di2 was subtracted from
hð~MP

DÞ2i. So, the static dielectric permittivity was finally calculated from

e 1 ¼ 4p
3VkBT

�ð~MP
DÞ2
	 �

~M
P
D

	2
VP

2eRF þ e

2eRF þ 1
ð10:110Þ

It is important to note that the volume VP is not the volume of the sample V , but the
volume of the respective protein calculated from its mass and mass density.
Therefore, the values given for the static dielectric permittivity eP should be scaled
by the ratio VP=V in order to get the contribution of the protein to the dielectric
constant of the whole system. The convergence of the corrected dipolefluctuations of
the protein within the simulation period was carefully analyzed for each protein. The
time for convergencewas 1 4 nsdepending on the system.The contribution from the
water and the ions was ignored. The dipole fluctuations of the protein were further
subdivided into the contribution of the backbone and the contribution when leaving
out the charged residues and the NH3

þ COO� rear head dipole. One clearly sees
that the charged components give the major contribution. The compensation of the
peptide dipoles along the backbone already anticipated at the beginning of this
section leads to a small dielectric contribution.

The first simulation providing the complete dielectric spectrum of a solvated
protein is given in Ref. [8]. The 76 residue protein ubiquitin (P) dissolved in
5523 TIP3P water molecules was simulated over 5 ns with the PME method. Since
ubiquitin contains the same number of positively and negatively charged amino
acids at neutral pH, the total collective dipole moment ~M tot is only made up by
the rotational part ~MD because ~MJ is zero due to the zero net charge qtot ¼ 0. The
cumulative dipole fluctuations of the protein h~MP 2

tot i gradually decline during
the simulation. Nevertheless, it needs 5 ns to bring this value in the vicinity of
zero. In other words, in this case, 5 ns is sufficiently long to calculate a well
behaved h~MP

totð0Þ � ~M
P
totðtÞi. The water water self term h~MW

totð0Þ � ~M
W
totðtÞi and the

cross term h~MP
totð0Þ � ~M

W
totðtÞi relax faster to zero. All these three correlation functions

were fitted biexponentially in order to compute the dielectric contributions. The
bimodal structure of the imaginary part of eðvÞ comes from the superposition of
the protein protein and protein water contributions in the first peak at lower
frequencies and the water water self term at the second higher peak, as shown in
Figure 10.8a. It should be noted that the protein self term and the cross term
contribute almost equally to the first peak. This structure was also found experi
mentally [32] and attributed to the so called b and c processes. The experimental
investigation of the d process was difficult due to the small amplitude. In the com
putational spectrum, however, this d process may be explained by the protein water
cross term. This contribution is not directly visible as a single peak in the spectrum
because the protein protein (b process) and the water water (c process) peaks
overlap in the dielectric spectrum. This interpretation is not restricted to ubiquitin,
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but also applies to the spectrum of Myoglobin [18]. Another advantage of the
simulation is the classification of water as a function of the distance to the protein.
Based on the Voronoi decomposition [5, 43, 65] that enables a parameter free
construction of the first, second, and subsequent solvation shells, the dielectric
contribution from these shells (depicted in Figure 10.7) can be analyzed separately. It
turns out that the first solvation shell (S1) is anticorrelated with the protein (red
dashed dotted line in Figure 10.8b) supporting the picture of a suprasolute with a
quenched dipole moment. The correlation of the suprasolute with the second shell
(S2) is very small and demonstrates the importance of the first solvent layer of a
protein. For subsequent shells, the correlation with the suprasolute is still there and
even stronger compared to the second shell.

While the previous study dealt with a single protein ubiquitin and was restricted
to the static dielectric properties of the solvation shell, a comparative study of three
proteins, namely, ubiquitin, apo calbindin D9K, and the C terminal SH2 domain of
phospholipase C c1 provided a decomposition of the dielectric spectrum into
contributions from the protein, the first and second shells, and bulk water [49].
The number of watermolecules surrounding the protein in a truncated octahedron
was 8500 for ubiquitin and apo calbindin and 10 000 TIP3P water for the SH2
domain. The simulations were performed under Ewald boundary conditions and
covered 20 35 ns. The imaginary part of the dielectric spectrum shows the typical
bimodality, but the relative weight of the b and c processes differ among the
proteins. While for ubiquitin, the low frequency protein peak is lower in height
as compared to the water peak, it is of equal height for apo calbindin, and even
higher than the water peak for the SH2 domain. In order to elucidate the complete
fine structure of the spectrum, the sample was split into four components: the

Figure 10.7 Ubiquitin and its solvation layers. The first shell (S1) consists of water molecules
directly attached to the protein. The second shell (S2) watermolecules are neighbors of the S1 water
molecules. All water that do not belong to S1 or S2 are considered as bulk water (B).
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superposition of all minor contributions involving self terms and cross terms with
S1 and S2 may be viewed as a difference spectrum when subtracting P P, P B,
and B B from the total spectrum. As the first two are essentially the b process and
B B is almost exclusively the c process, the difference spectrum must reflect
what experimenter refer to as the d process. The present analysis shows that this
d process is not a single relaxation, but a rather complicated superposition of
shell based contributions.

All studies discussed so far dealt with the dielectric permittivity spectrum. The zinc
finger as the classical model for a charged protein introduces a �protein current�
and its cross term with the proteins a rotational dipole moment. Thus, all terms
developed in Section 10.1 come into action in this model system. The charge of
the protein was focused on Zn2þ and two chloride anions in 2872 SPC/E water
molecules guaranteed the total charge neutrality. The simulation was performed
over 13 ns with Ewald conditions [34]. The system was split into overall neutral body
of the zinc finger and the neutral water as well as the ionic component Zn2þ and
two Cl�. For the two neutral components, the collective dipole correlation functions
h~MP

Dð0Þ � ~M
P
DðtÞi, h~M

W
D ð0Þ � ~M

W
D ðtÞi, and h~MP

Dð0Þ � ~M
W
D ðtÞi were fitted biexponen

tially to compute the two contributions ePðvÞ and eWðvÞ being determined by the
Fourier Laplace transform of the respective self term and the cross term. Again, the
c process is almost exclusively made up by the water self term, while the b process
is a superposition of the protein self term and the protein water cross term. In
contrast to the larger protein discussed above, the contribution of the cross term
is not of equal weight but considerably smaller. The current current correlation
function h~Jð0Þ �~JðtÞi of the ionic component was Fourier Laplace transformed to
give a conductivity spectrum. The cross correlation function h~MW

D ð0Þ �~JðtÞi appears
more or less as numerical noise. In other words, there is no coupling between water
and the ionic component. In a subsequent study [9], the water component was
decomposed into two hydration shells S1 and S2 and the bulk B. From the
contribution to the static dielectric permittivity, we learnt again that the first shell
is anticorrelated with the protein, although the contribution is rather small. This is
also true for the coupling with S2 that is just opposite in sign to S1. The coupling of
the protein with the bulk is rather small in this case too. This is also visible in the
dielectric spectrum where the b process does not play the dominant role as for the
larger proteins discussed above. This brings into action the self terms S1 S1 and
S2 S2 that now contribute to the c process.

10.2.1.3 DNA
As already stated in the general introduction, solvated DNA molecules are the most
complicated molecular systems to study since each nucleotide carries a net negative
charge. Therefore, aDNAoligomer is amacroionwith a negative charge proportional
to the number of nucleotides. To ensure a neutral system, positive counterions are
usually added. If doing so, the total dipole moment of the system ~M totðtÞ is a well
definedquantity. Any decomposition, however, into charged fragments automatically
creates the problem how to compute the fragment dipole. As the fragments are
covalently bonded, they share a common center of mass. Therefore, the splitting of
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the fragment dipole into a contribution to current of its net charge and a neutral
charge set referring to fragment�s individual center of mass is possible, but the so
obtained rotational dipole moments of each fragment do not add up to the DNA�s
total rotational dipole moment ~MDðtÞ as they refer to individual center of mass. This
general principle has been overlooked in a paper by Yang et al. [70] simulating a triple
helical DNA d(CG�G)7 with 37 Naþ and 16 Cl� and 837 SPC/E water molecules
over a period of 1155 ps. The total collective dipole moment is split up into water
component, ions, and DNA, which in its turn is decomposed into its bases, sugar
moieties, and phosphate groups. Therefore, we have a lot of charged fragments with
the problem how to compute their dipole moments. Nevertheless, this was done in
this study, and from the dipole moment fluctuations of the self and cross terms,
static dielectric contributions were calculated.

Amore recent study by Ikeda et al. [29] tackles the dielectric spectrum of a solvated
DNA again. This time, simulating a octamer random sequence ds DNA with
16 Naþ and 2 Cl� dissolved in 1239 water molecules over a time period of 7.3 ns.
The self terms h~MDNAð0Þ � ~MDNAðtÞi and h~MWð0Þ � ~MWðtÞi as well as the mixed
term were computed. The ions and their current seem to be completely ignored.
It should be noted that the correlation functions refer to the net dipole moment of
the respective component. No splitting into a rotational and a translational part
was performed. This may explain why the fit function contains an exponential and a
linear function that may be assigned to these two components. The nonintuitive
linear behavior of h~MJð0Þ � ~MJðtÞi was already discussed in Section 10.1 and
graphically displayed in Figure 10.4. All three correlation functions are directly
Fourier Laplace transformed to give the real and imaginary part of the frequency
dependent dielectric function.

10.2.1.4 Biological Cells
So far we have discussed applications at the molecular resolution. The numerical
solution of Poisson equation (10.10) outlined at the end of Section 10.1 offers
the possibility to compute a dielectric spectrum even at the macroscopic level.
This was done by Asami [3, 4]. As a test case, he first studied the method for a
water in oil and oil in water emulsion, that is, for a mixture with components
of rather different dielectric properties [3]. The real world application is now
the computation of the dielectric spectra of cells during cell division. The single
cell is modeled by a sphere, the membrane by an attached spherical shell, and
the cytosol by the rest of the volume. Each of the three regions is assigned a
different but constant value of e and s. Intermediate state of cells are modeled by
penetrating spheres.

An alternative and more elaborate method to describe the biological cells was
developed by Prodan and Prodan [46]. First, they augment the Poisson equation by a
diffusion term and then they convert the solution to an integral over the surface.
The electric field is represented by a surface integral over dipoles oriented in the
direction of the external field. These surface dipoles are assumed to be polarizable
and their polarizability is related to the generalized dielectric constant of the two
media contacting at the surface. The method was applied by di Biaso et al. [22]
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to the numerical simulation of dielectric spectra of aqueous suspensions of non
spheroidal differently shaped biological cells. For the transition from a sphere over
two penetrating spheres to a dumbbell, the changes in the dielectric spectrum
are computed.

10.2.2
Molecular Ionic Liquids

So far we have discussed solutions of charged, dipolar species. A biomolecular
solute is considerably larger than the water solvent molecules and the added
monoatomic ions. Thus, charge polarity is heterogeneous in an otherwise essen
tially uncharged solvent. A homogeneous system of charged, dipolar species is
realized by ionic liquids consisting of molecular ions where the charge and the
dipole reside on the very samemolecule. It is the anisotropy inmolecular shape that
makes this system liquid at ambient temperature. Isotropic monoatomic ions are
ionic melts with melting points of hundreds degrees of Celsius. For comparison,
liquid NaClmelts at 801 	C. Replacing the atomic cation by imidazolium brings the
melting point down to 80 	C. Further replacement of the anion by slightly
anisotropic species like BF�

4 or PF�
6 reduces the melting point to ambient tem

perature. Therefore, these systems are liquid, but one should not forget that
solidification is retarded by the molecular anisotropy. As a consequence of this
remnant feature of the solid state, the viscosity of molecular ionic liquids is quite
high compared to the viscosity of water of roughly 1 mPa � s. The viscosity of ionic
liquids ranges from 20 mPa � s in case of 1 ethyl 3 methyl imidazolium [EMIMþ ]
dicyanoamide ½NðCNÞ2��up to 100mPa � s andmore. For ionic liquids composed of
substituted amino acid viscosities up to 1000mPa s have beenmeasured. This high
viscosity has important implications for simulation studies as the molecular
dynamics usually scales linearly with viscosity (see Equation 10.103). This means
that for water, a simulation period of 1 ns might be quite sufficient, but has to cover
100 ns for ionic liquids. Bearing in mind that both systems proceed in the same
time step of 1 fs, the largely enhanced computational effort in simulating ionic
liquids becomes obvious. The situation is even more acuminated when calculating
collective properties. As an averaging over individual molecules is not possible in
this case, the statistical demands on the simulation length are very high. As this
study exclusively deals with collective properties, their evaluation requires a
maximum of computational effort.

Nevertheless, it is worthwhile to undertake simulations of ionic liquids as their
fascinating properties can be varied in a wide range because of the vast amount of
combinations of cations and anions. In some sense, onemay speak of �task specific�
ionic liquids designed for the special purposes needed. As the properties of ionic
liquids are mainly governed by the type of the anion, the set of applied cations
concentrates to a few prominent examples, for example, imidazolium cations. The
plethora of anions ranges from simple atomic chloride ions over slightly anisotropic
molecular ions like BF4

� or PF6
� to dipolar species like CF3SO3

� to hydrophobic
species derived from perfluorated hydrocarbons.
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10.2.2.1 Conductivity and Dielectric Conductivity
When dealing with ionic liquids, the conductivity is one of the first macroscopic
properties to be used for their characterization. As outlined in Section 10.1, the
frequency dependent conductivity is determined by the Fourier Laplace transform
of the current current correlation function h~Jð0Þ �~JðtÞi in Equation 10.53. Its zero
frequency limit is the static or �DC� conductivity. This value is needed to correct the
imaginary part of the generalized dielectric constant, as outlined in Section 10.1
(refer to Equation 10.62). A rough estimate for the static conductivity frequently used
is given by the Nernst Einstein relation:

sNE ¼ rq2

kBT
ðDþ þD�Þð1 DÞ ð10:111Þ

Thus, the static conductivity can be computed from the single particle diffusion
coefficients of the cations Dþ and the anions D�. Besides, the coupling between
cations and anions as well as the coupling between different cations or anions is
neglected. The D parameter is a measure for the deviation caused by this simpli
fication. A typical value ofD is 0.35, but in extreme casesmuch higherD values up to
0.87 may be found [7, 44], as given in Table 10.1.

In an interesting comparative study, Rey Castro and Vega have compared the
diffusion coefficients, the viscosity, and the conductivity of molten NaCl and liquid
EMIMþCl� in order to show the influence of the anisotropy of the cation [47]. The
Ewald method was used to calculate the electrostatic forces and the simulation
covered 8 ns. Studying 64, 125, and 216 ion pairs, they tried to investigate the effect
of system size. While the diffusion turned out to be rather insensitive, as expected,
a speculative trend for a lower viscosity and higher conductivity for the larger system
was observed. In order to figure out the cooperativity of the current correlation
function, the self terms of the EMIMþ cation and the chloride anionwere subtracted
to get the cross term between cations and anions. The integral over this cross
term turned out to be very small, such that the conductivity estimated from the

Table 10.1 Collective properties for several common ionic liquids.

Ionic liquid D eð0Þ eMDJð0Þ

EMIMþCl 0.87
EMIMþPF6� 0.32
EMIMþNðCNÞ2� 0.18 0.35 2.2 0.2
EMIMþCF3SO3

� 0.61 7.6 0.2
BMIMþPF6� 0.34 0.38 9.5 0.8
BMIMþBF4

� 0.36 8.2 0.3
BMIMþCF3COO 0.14 26.2 0.5

D describes the deviation of static conductivity sð0Þ from theNernst Einstein relation (10.110). eð0Þ is
the static dielectric permittivity [53, 57]. Its contribution from the cross-correlation of the collective
rotational dipole moment and the current is eMDJð0Þ. These two properties are in units of 4pe0.

312j 10 Computational Dielectric Spectroscopy of Charged, Dipolar Systems



Nernst Einstein equation and the integral of the current correlation function were
found to be pretty close. The linear dependence of the conductivity on the fluidity
or inverse viscosity, the so called Walden rule, was found to be fulfilled over a
considerable temperature range of 378 489K.

In a molecular dynamics study, Pi�calek and Kolafa [44] computed the conductivity
from the linear slope of the dipolar displacement according to Equation 10.52. The
ionic liquids BMIMþPF6

�, BMIMþBF4�, and EMIMþPF6
� were simulated for

1.2 ns. Two hundred, 400, and 800 ion pairs were investigated in order to find out
some influence of the system size. The cationic diffusion coefficient turned out to
be insensitive, while the anionic diffusion was slowed down in the larger systems.
The conductivities derived from the dipolar displacements, including all collective
effects, were compared to the estimates from theNernst Einstein equation retaining
the self terms only. Raising the temperature from 360 to 400K, the D values
decreased from 0.46 to 0.19. In other words, the higher the temperature, the smaller
the effect of cooperativity.

While the previous studies were restricted to the static conductivity at zero
frequency, the first simulated conductivity spectrum was given in Ref. [53]. Three
ionic liquids BMIMþBF4�, BMIMþCF3COO

�, and EMIMþNðCNÞ2� were simu
lated at room temperature over a period of 84, 100, and 66 ns, respectively. While
below 7 THz, all spectra looked rather similar to the divergence for higher frequen
cies with the peak ranking EMIMþNðCNÞ2� >BMIMþBF4� >BMIMþCF3COO

�.
While the real part is always positive with a broad maximum, the imaginary part
displays a typical sigmoidal shape passing zero at 11.9 THz (BMIMþBF4�), 9.4 THz
(BMIMþCF3COO

�), and 15.5 THz (EMIMþNðCNÞ2�). While previous studies
derived the static conductivity either from the integral of the current correlation
function or the linear slope of the dipolar displacement, this study applies both
methods and thus permits a critical comparison. It turns out that the dipolar
displacement method is more robust and reliable.

In principle, the frequency dependent conductivity sðvÞ is a macroscopic
property to characterize the collective movement of ions and can thus be discussed
stand alone. When considering the generalized dielectric constant, however, one
has to consider the dielectric conductivity J0ðvÞ as defined in Equation 10.65. In
the first presentation ofJ0ðvÞ in Ref. [53], this quantity was computed directly from
its definition as the ratio sðvÞ=v. Aswe have already learnt from the computation of
the static value sð0Þ, the upper integration limit of h~Jð0Þ �~JðtÞi is of major
importance. This numerical problem can be circumvented by using the fit function
f ðtÞ of h~Jð0Þ �~JðtÞi presented in Section 10.2 [58]. However, the parameters of f ðtÞ
cannot be determined by a simple least square fit. Rather, they have to be optimized
according to the correct behavior of the running integral of h~Jð0Þ �~JðtÞi. Thus, it is
found that the oscillatory components compensate each other almost perfectly.
Therefore, an additional nonoscillatory (vk ¼ dk ¼ 0) fit component plays an
important role. Although of low amplitude Ak, it is essential for the static value
sð0Þ as well as for the computational spectrum of J0ðvÞ. The imaginary part of
J0ðvÞ typically resides in the regime fromv ¼ 0:01 to 10 THz. Its shape is not only
determined by the time correlation of individual ion currents h~j þ ð0Þ �~j þ ðtÞi and

10.2 Applications and Experiments j313



h~j �ð0Þ �~j �ðtÞi (refer to Figure 10.3) but it also involves all possible intermolecular
couplings. The fact that J0ðvÞ is a dielectric conductivity, that is, it behaves like
a dielectric constant, becomes obvious when considering its real part. Starting
from a static value J0ð0Þ, it remains constant with increasingv until the imaginary
part Im[J0ðvÞ] shows its peak structure. From this frequency on, the real part
Re[J0ðvÞ] declines.

10.2.2.2 Dielectric Permittivity
So far for ionic liquids, our focus was on the dielectric behavior resulting from
translational motion. Its rotational counterpart, the classical dielectric permittivity
e, was first compared to experiment for BMIMþBF4

� [59]. The static value eð0Þ
was found to be in fair agreement with Refs [19, 57, 67]. The frequency
dependence, however, differed because the computed rotational relaxation times
were much higher than the experimental ones. Both, computational and exper
imental results are not in line with hydrodynamic theory because the extracted
molecular volumes of BMIMþ are too small: In simulation, they differ by a factor
of 2 and in experiment up to an order of magnitude [59]. This rather different
behavior of computational and experimental motions is restricted to rotation and
does not affect translation. In simulation, the extracted molecular volume is too
small but consistent between rotation and translation. The large discrepancy
between these two types of motion in experiment may be explained by a possible
spatial heterogeneity or segregation: The butyl chains may form hydrophobic
islands [16, 66], which in their turn favor anisotropic rotation of BMIMþ . The
fastest of these anisotropic rotations seems to be those observed in experiment. In
recent studies [66], it was found that a potential segregation occurs for a chain
length n 
 4, that is, for imidazolium substituents with butyl and larger alkyl
chains. Apart from all these considerations, the linear dependence of relaxation
times on viscosity seems to be a general feature of motions in ionic liquids. The
only remnant feature of hydrodynamic theory was analyzed in detail in a recent
study [56].

While dielectric experiments always yield the complete spectrum, a computational
approach enables the decomposition into various contributions. In particular, the
cationic and anionic contribution can be separated [54, 55]. In this way, the first main
peak in the imaginary part of the spectrum of BMIMþCF3COO

� can be assigned to
the cation, while the high frequency shoulder comes from the anion [59]. However,
the sum of those two does not give the complete spectrum of eðvÞ, which also
includes a cross term between the ions.

The appearance of cross terms is not restricted to the rotational motion of
ionic species. It can also refer to the coupling of translational and rotationalmotions
of the very same species. In dielectric terms, there exists a cross correlation
function h~MDð0Þ �~JðtÞi whose Fourier Laplace transform contributes to the di
electric spectrum. As a measure of their magnitudes, the static values eMDJ for
some ionic liquids are tabulated in Table 10.1 together with the total eð0Þ. As can
be seen, the contribution of the cross terms are small [53, 57] and therefore
often neglected.
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anionic contributions is hidden in the peak shoulder up to 5 THz. In principle,
Figure 10.9a and b may be interconverted using the Kramers Kronig relation [25].
The black dashed dotted line in Figure 10.9c shows the contribution from the
collective translational dipole moment ~MJðtÞ. Surprisingly, for this system, the static
valueJ0ðv ¼ 0Þhas the samemagnitude as its rotational counterpart eð0Þ. This leads
to the counterintuitive result that the translational motion of the ions, that is, their
conductivity, residing in the high frequency regime makes a considerable contribu
tion to the static dielectric constant. For other ionic liquids, however, the weighting
between these two static valuesmay be quite different favoring eð0Þ. Nevertheless, the
dielectric conductivityJ0ðvÞ behaves like a dielectric constant. It merely differs from
the dielectric permittivity by a shift to higher frequencies. As opposed to eðvÞ, where
the respective molecular dipole moment~m of cations and anions determine the peak
structure, onemight argue that the equal strength of the charges leads to comparable
peak heights in J0ðvÞ. This conclusion is wrong, however, the double peak structure
in Figure 10.9d is made up by almost coincidence of cation and anion peaks at high
frequencies, while the peak at lower frequencies stems from the interaction of cations
and anions. Evenmore, this interaction also reduces the height of the second peak. In
the computational analysis, the conductivity parabola (dotted line) is not necessary to
compute eðvÞ and J0ðvÞ. On the contrary, it has to be subtracted from the
experimental spectrum in order to get the sum Im[eðvÞþJ0ðvÞ]. This procedure
is delicate because at low frequenciesv, the parabola dominates the spectrum by far.
Consequently, the residual spectrum left after the subtraction of 4pisð0Þ=v is
plagued with considerable numerical errors.

The generalized dielectric constant S0ðvÞ ¼ eðvÞ e1 þJ0ðvÞ for the simulated
EMIMþNðCNÞ2� is displayed as gray solid line in Figure 10.9e and f. e1 represents
the high frequency limit of the electronic contribution. Since these effects are usually
neglected in simulation, e1 is unity. Therefore, experimental and computational
spectra have to be matched by subtracting the respective e1 [54, 59].

One can see that the multiple steps in the real part come from the superposition
of rotational and translational contributions. In the imaginary part, the interplay
of these two contributions becomes even more obvious, as they populate a
common frequency region around 10GHz in case of simulated EMIMþNðCNÞ2�.
This region profits from the overlay of the decaying Im[eðvÞ] and the rising
Im[J0ðvÞ] that is shifted to lower frequencies because of the 1=v downscaling of
sðvÞ. On the other hand, the decay of Im[eðvÞ] can be shifted to higher fre
quencies by lowering the viscosity of that ionic liquid. Altogether, one can imagine
that in ionic liquids where these two contributions are closer in frequency, the
common region will profit even more such that a very broad plateau like spectrum
emerges [54].

It is interesting to see that the cross term h~MDð0Þ �~JðtÞi between the rotational and
translational motions is also located at the intersection of Im[eðvÞ] and Im[J0ðvÞ].
However, its contribution in this transition region is too small compared to the
rotational h~MDð0Þ � ~MDðtÞi and the translational h~Jð0Þ �~JðtÞi self terms. In other
words, it is the overlap of the rotational and translational self terms and not the cross
correlation between them.
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10.3
Summary and Outlook

Quite generally, dielectric spectroscopymay be seen from two viewpoints. On the one
hand, the dielectric spectrumof a systemmay be seen as the signature of its collective
relaxation phenomena involving rotational aswell as translationalmotions in the case
of charged, dipolar systems. On the other hand, dielectric properties pave the way
toward a better understanding of solvation processes. The extent a solvent can
influence a solute depends on the magnitude and frequency distribution of its
generalized dielectric constant.

As the system size governs the computational effort, it also determines themethod
applied and hence the level of resolution. The solvation characteristicsmay be already
analyzed at themacroscopic level prior to anymolecular analysis. The largest systems
studied so far are biological cells whose dielectric heterogeneity is described by
regions or bodies differing with respect to their generalized dielectric constant. This
concept of a regional dielectric constant is compatible with the dielectric field
equation mentioned in Section 10.1.1. At this very crude level of resolution, one
only gets the complete dielectric spectrum.

Decomposition of the dielectric spectrum is only possible at the higher level
of molecular resolution that necessitates molecular dynamics simulations. These
simulations are usually performed at several dozens of nanoseconds without
applying an external field and cover the dynamic range of the underlying collec
tive motions of the molecules. As raw data, these simulations yield time correlation
functions of collective dipole moment of the whole sample and their constitutive
species (see Sections 10.1.2 and 10.1.3). Selecting a subset of these time correlation
functions corresponds to a decomposition of the dielectric spectrum. This cannot be
done only with respect to the different species but also with the different modes of
motion, that is, rotation and translation. Rotational relaxation typically appears
multiexponentially, while translation has to be described by damped oscillatory
functions. By using fit functions of the appropriate type, one can cope with the
disturbing noise of the time correlation functions because of the limitation of the
elapsed simulation period. Finiteness in space is an even more critical point.
Therefore, a prerequisite for all these calculations is the correct treatment of the
�finite systemelectrostatics� described inSection 10.1.4. This rules out any attempt to
emulate bulk properties by clusters of several dozens of molecules or equivalently a
biomolecule with one or two solvation layers.

In the last two decades, the theoretical framework of computing dielectric spectra
was applied to charged, dipolar systems, in particular to biomolecules in aqueous
solution described in Section 10.2.1. The computational decomposition of corre
sponding dielectric spectra revealed the importance of cross correlation between the
biomolecule and the water bulk. The first and second hydration layers of the
biomolecule contribute to a minor degree to the dielectric properties. Furthermore,
all correlation functions involving the coupling between the biomolecule and any
fraction ofwater, hydration layer or bulk, falls in the same time range as the relaxation
of the biomolecule itself. Thus, the protein peak in the dielectric spectrum is usually
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enhanced by these interactions, which in certain cases may comprise one half of the
overall peak.

Quite recently, dielectric spectra of the prospering field of molecular ionic liquids
(see Section 10.2.2) were analyzed computationally. Thesemolecular ionic liquids are
real examples that combine a net charge and a molecular dipole on the very same
molecule. Starting from the pure ionic liquids, the range of applicability has extended
even to hydrated ionic liquids. Thus, it was found that relaxation times scale with the
viscosity of the system. Furthermore, the appearance of a translational contribution to
dielectric spectrum at high frequencies was demonstrated for the first time. Even
more, translational motion of molecular ions contributes to the static dielectric
constant.

From the dielectric point of view, solvated biomolecules are prestigious objects,
while the molecular ionic liquids are outstanding model systems. This makes the
combination of both, namely, solvation of biomolecules in hydrated ionic liquids, a
charming future perspective.
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11
Computational Spectroscopy in Environmental Chemistry
James D. Kubicki and Karl T. Mueller

11.1
Introduction

11.1.1
Need for Computational Spectroscopy

11.1.1.1 Speciation
Early in the development of environmental chemistry and toxicology, chemicals such
as metals and organic contaminants were analyzed and regulated according to their
total concentrations. Although this approach made sense in the absence of previous
studies on the complex interactions of contaminants with other compounds present
in the environment, researchers observed significant deviations between toxicities
predicted based on total concentrations and actual effects in the real environment.
For example, aqueous Cu concentrations in the laboratory were found to have
deleterious effects on organisms at extremely low concentrations (e.g., 10�11M),
but the same organisms were found to suffer no toxic effects due to Cu at
concentrations that were orders of magnitude higher in nature [1]. The realization
that certain chemical species may be responsible for toxic effects, in this case �free�
Cu2þ ions, and that complexation with naturally occurring organic matter could
dramatically decrease the bioavailability and toxicity of contaminants both dimin
ished the risk due to exposure and complicated the process of predicting risk.
Environmental scientists could no longer simply collect a water sample and perform
a quantitative analysis, such as atomic absorption spectroscopy, to judge whether the
biota living in the water were at risk. Instead, matrix effects needed to be considered
as the level of dissolved organic matter (DOM) could diminish environmental
impacts of the total contaminant concentration [2].

The need to quantify speciation effects led environment chemists to spectroscopic
analysis of their samples in order to determine the chemical form of a given
contaminant in the environment. Generally, spectroscopic methods are successfully
applied to determine chemical structures of compounds. In environmental chem
istry, however, the process of collecting and interpreting spectra is complicated by
several factors. First, the concentration levels at which a chemical is considered toxic
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may be orders ofmagnitude lower than the detection limits of available spectroscopic
techniques. To overcome this problem, chemicals of interest were studied at
concentrations above the detection limit of the spectroscopic technique, and it was
then assumed that the speciation determined under high concentrations (and/or low
pH where solubilities were considerably higher) was applicable to lower concentra
tion conditions in the environment [3]. More sensitive techniques have shown that
this extrapolation can be problematic [4]. In addition, interpretation of spectra was
commonly guided by previous potentiometric work and thermodynamic databases
that rely on model speciation diagrams [5], but these thermodynamic models are
generally not sensitive enough to distinguish among species of the same stoichi
ometry, especially under low concentration conditions [6]. For example,Mueller et al.
[7] have demonstrated that aqueousUspeciation at lower concentrationsmore typical
of environmental conditions deviates significantly from the speciation predicted by
standard thermodynamic models.

Second, naturally occurring compounds and phases may be complex and
disordered. Thus, it is difficult to find simple analogue models with which to
interpret spectra. Naturally occurring organic matter, such as humic acids, and
many solid phases (e.g., nanoparticulate ferric hydroxides) have considerable
ranges in structure and composition and hence spectroscopic signatures and
reactivities. Consequently, there are examples in the literature where different
groups have applied spectroscopic techniques to the same problem and concluded
different speciation models. For example, the seemingly simple problem of
phosphate adsorption onto the mineral goethite (a FeOOH) has been the subject
of numerous papers and is still debated today [8 12]. Thus, an objective method
for analyzing the accuracy of a given speciation model is extremely useful in
environmental chemistry. Computational chemistry provides such a tool because
one can build the various hypothesized models and predict spectroscopic para
meters based on each model independent of empirical data (i.e., no fitting to
observed spectra).

11.1.1.2 Surface Reactions
The roles of solid surfaces in environmental chemistry are particularly important.
Adsorption, catalysis, and redox reactions all can affect the fate and transport of
contaminants (both organic and inorganic) in natural systems. As mentioned above,
not all naturally occurring solids have a well defined crystal structure. Amorphous,
poorly crystalline, and nanocrystalline structures are all common and often have
greater reactivities than well crystallized minerals, so they play a disproportionate
role in environmental chemistry [13, 14]. Even when a mineral has a well defined
crystal structure, several crystal faces may be exposed in varying proportions
depending on the crystal growth kinetics in a given system. Because each face of
a mineral may have different functional groups exposed, the reactivity of each face
toward a given compound varies. One example is phyllosilicate minerals such as clay
or mica. These platy materials are dominantly Si, Al oxides, but their crystal form
results in a basal (001) surface that can be dominated by Si O Si (siloxane) groups
that are hydrophobic. The edge surfaces, (100) and (010), are terminated by Si OH
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(silanol) and Al OH (aluminol) groups that aremore hydrophilic with exchangeable
OH� ligands [15, 16]. This leads to the fact that hydrophobic organic contaminants,
such as polychlorinated biphenyls (PCBs) and polycyclic aromatic hydrocarbons
(PAHs), would be more strongly adsorbed onto the basal surfaces, whereas oxya
nions, such as arsenate, are more likely to bond to edge surfaces. This issue is well
described in the recent work of Villalobos and coworkers who demonstrated that
nucleation and growth kinetics of goethite lead to changes in the relative surface areas
of various faces and that the faces terminating themineral aremore reactive than the
prismatic faces [17, 18]. Because these terminated faces comprise aminor proportion
of the total mineral surface area, the ability to normalize adsorption based on total
surface area of a mineral is confounded.

In summary, the problem has been to describe adsorption in the field when
experimental studies have measured adsorption isotherms based on a total surface
area without information on the specific reactions occurring. The most common
method of predicting adsorption thermodynamics has been surface complexation
modeling. These approaches previously fit potentiometric and adsorption isotherm
data with assumed surface complexes while adjusting model parameters such as the
mineral water interface capacitance. A number of issues hindered predictive capa
bilities: fitting to high surface coverages while environmental concentrations are
typically much lower [19], assuming specific surface complex stoichiometries, and
lack of competitive effects in most cases (e.g., carbonate and natural organic matter
competing with arsenate for adsorption sites).

These issues have been addressed recently by combining spectroscopy, compu
tational chemistry, and surface complexation modeling. One particularly successful
model has been the MUlti SIte Complexation (MUSIC) model [20]. MUSIC uses
surface bonding and H bonding structures to predict the pKa values of titratable
surface functional groups, which in turn are used to predict adsorption isotherms.
Thus, the focus is on particular sites with specific concentrations on a given surface
rather than on a total surface area. By collecting spectroscopic data in a given surface,
interpreting the spectra with computational chemistry, estimating surface bond
distances, and constraining the surface speciation before using the MUSIC model,
excellent predictions can be made about adsorption behavior [21 24]. Other models
are being developed as well [25], but the combination of the above three techniques
is the key to linking molecular level information with field scale behavior of
contaminants.

11.1.2
Types of Spectra Calculated

11.1.2.1 IR/Raman
Vibrational spectroscopy is a commonly used technique to study aqueous solutions
and surfaces in environmental chemistry. Infrared, especially attenuated total
reflectance Fourier transform infrared (ATR FTIR), and Raman spectroscopies
reflect bond (including H bond) energies because the vibrations of molecules are
directly related to their bond strengths. Thus, as a compound forms an aqueous or
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surface complex, the bond strengths change and are reflected in the collected
vibrational spectra. Interpretation of these changes is not straightforward because
one can have frequency shifts due to a number of possible configuration changes. In
addition, as the frequencies change, the IR intensities can also change, complicating
spectral interpretation without an estimate of how both frequency and intensity
should shift for a given complex.

Computational chemistry addresses both of these spectral parameters, so for a
given proposed complex, one can calculate the spectra of the reactants and products
to see whether the original frequencies and the frequency shifts in the model match
observation. Typically, frequencies are computed more accurately than intensities
because frequencies are a function of the square root of the force constant, whereas
IR and Raman intensities are higher power functions of the dipole moment and
polarizability derivatives, respectively.However, quantum (QM)methods are capable
of identifying the relative IR and Raman intensities effectively enough to be useful
in assigning structures to vibrational spectra. Although frequencies can be calculated
to typically within �10 cm�1 for the type of complexes studied in environmental
chemistry [26 29], frequencies are generally scaled by a predetermined factor to
account for basis set, electron correlation, and anharmonic effects [30, 31]. Larger
basis sets can lead to relatively small corrections (�2%), so the accuracy of frequency
prediction is limited by the available computational resources for a problem. Less
precise calculations are still valuable in many instances, however, because the
differences in correlations between observed and calculated frequencies can be
larger than the effects mentioned above when one model is correct and another
is incorrect.

The vibrational frequencies are calculated analytically with the following
equations:

Vij ¼ 1
mimj

p q2V
qqiqqj

� �
ð11:1Þ

where Vij is the Hessian matrix, mi refers to the mass of atom i, and qqi refers to a
displacement of atom i in the x , y , or z direction,

VU ¼ lU ð11:2Þ
where U is a matrix of eigenvectors and l is a vector of eigenvalues, and

lk ¼ ð2pukÞ2 ð11:3Þ

where lk is the kth eigenvalue and nk is the kth vibrational frequency. The vibrational
modes calculated are commonly more complex than assignments made based on
observed spectra because more atoms are involved in the computed eigenvectors
than typical assignments based on single functional groups. This can complicate
comparisons of observed and calculated vibrational spectra. For example, H2O
molecules solvating amolecule can be vibrationally coupled to the solute�s vibrations
especially if H bonding is strong [32]. Thus, there can be questions as to what is
responsible for changes in the observed spectra with addition of a solute. Is it just
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the vibration of the compound in question or do changes in the solvent vibrational
spectra contribute to the �background corrected� spectra between the solution of
interest and the background solution?

Infrared intensities can be computed with the equation [33]

qESCF=qf qa
� � ¼ 2

Xd:o:
i

h f a
ii þ 4

Xd:o:
i

Xall
j

Ua
jih

f
ij ð11:4Þ

where

hfaii ¼
XAO
mn

Ci0
m C

i0
n

q2hmn
qf qa

� �
ð11:5Þ

ESCF is the self consistent field energy, f is the electric field, a is a nuclear coordinate,
hmn is the one electron atomic orbital integral, Ua is related to the derivative of the
molecular orbital coefficients with respect to a by

qCi
m

qa

 !
¼
Xall
m

Ua
miC

m0
m ð11:6Þ

The term �all� in the above summations refers to all occupied and virtualmolecular
orbitals and �d.o.� refers to doubly occupied orbitals such as those found in the
ground state of a closed shell system. Terms such as Ci0

m refer to the coefficients of
the atomic orbital m in the ith unperturbed molecular orbital. (See Ref. [33] for a
derivation and further explanation).

Raman intensities can be found estimated based on [34]
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where f and g are directions of the electric field, �h���i� is the trace of a matrix, Df is
a dipole integral, P is the electron density matrix, Gx is a contraction of the integral
derivatives, S is the overlapmatrix,W is the energy weighted density matrix, and h is
theHamiltonian for the atomic core (seeHehre et al. [35], for a detailed explanation of
each of these terms).

Both IR and Raman calculated intensities are generally less accurate than the
computed frequencies, but the relative estimates of IR and Raman intensities are
usually reliable enough to identify which peaks will be observed. Although this
chapter will not discuss isotopic fractionations, a number of recent papers have been
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using calculated vibrational frequencies to predict isotopic fractionation factors that
are difficult to measure experimentally [36 38].

11.1.2.2 NMR
Nuclear magnetic resonance (NMR) spectroscopy has been utilized less than a
number of other analytical tools in environmental chemistry because it is not a
sensitive technique in most cases. However, excellent work has been produced on
organic [39], inorganic [40 43], and metal organic complexation [3, 44, 45]. Because
NMR is an element specific technique, one is allowed to see into the bonding
environment surrounding a selected element within this system. Cross polarization
techniques allow one to further target pairs of elements close in space, which is
especially helpful when studying surface reactions because surface atoms near to H
species that are localized on the surface can be readily distinguished from atoms
within the nonprotonated bulk [46]. Two and three dimensional techniques allow
further refinement of structures, which is particularly important for determining
structures of organic molecules relevant to environmental chemistry [47 49].

Themost typical NMRparameter calculated is the chemical shift of a givennucleus
within the sample of interest. Experimentally, one measures the chemical shielding
of the element within the sample referenced to the chemical shielding of a standard
reference material and the difference is the chemical shift. Hence, calculating the
chemical shift is accomplished in a similar manner create models of the standard
reference and the unknown for the nucleus of interest, calculate the isotropic
chemical shielding of each, and then subtract the unknown chemical shielding
from the reference compound chemical shielding to obtain the isotropic chemical
shift [50]. The gauge including atomic orbital (GIAO) method ([51] and references
therein) is most commonly employed and has been successful for a number of
elements in environmental chemistry studies [52, 53].

The basic equation for calculatingNMRshieldingwith the gauge including atomic
orbital method [54] is

sNab ¼
X
mn

Dmn
d2hmn

dBadmNb

" #
þ
X
mn

dDmn

dBa
� dhmn
dmNb

ð11:8Þ

where sNab is the ab tensor component of the derivative of the molecular energy for
a nucleusN,D represents the one electron densitymatrices,Ba is themagnetic field
in the a direction, h is a one electron Hamiltonian, and m is the magnetic moment
of a nucleus. The chemical shieldings of nuclei of interest are then calculated and
subtracted from the shielding in a reference compound to give the chemical shift:

dab ¼ sabðref Þ sab ð11:9Þ

Broad NMR spectra from molecules in the solid state arise from a number of
orientation dependent internal spin interactions, including the well known anisot
ropy of the chemical shift. This anisotropy is reflected in the fact that the chemical
shift is represented by a tensor rather than a scalar quantity. The isotropic chemical
shift observed in the liquid state NMR arises from the spatial averaging of the full
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chemical shift tensor, and is equivalent to one third of the trace of the tensor (which is
independent of the axis system chosen to represent the tensor). Under magic angle
spinning (MAS) conditions, the so called powder pattern arising from the study of a
disordered solid breaks up into a series of spinning side bands (SSBs) accompanied
by a peak at the isotropic chemical shift. The chemical shift tensor parameters in the
principal axis system (that where the tensor is diagonal) can be extracted from
the magic angle spinning spectrum via the method developed by Herzfeld and
Berger [55]. This analysis relies on an accurate measurement of the intensity and
frequency of the isotropic resonance and the corresponding SSBs, and the MAS
spectrum therefore provides the chemical shift tensor components of the corre
sponding nucleus. These components are conveniently expressed in terms of the
anisotropy (Dd) and asymmetry (g) parameters. Mathematically, for a chemical shift
anisotropy (CSA) tensor with principal shift components (dxx, dyy, and dzz) defined
so that

jdzz disoj � jdxx disoj � jdyy disoj ð11:10Þ
where

diso ¼ ðdxx þ dyy þ dzzÞ=3 ð11:11Þ
the anisotropy (Dd) is

Dd ¼ dzz ðdxx þ dyyÞ=2 ð11:12Þ

while the asymmetry (g) corresponds to

g ¼ ðdyy dxxÞ=ðdzz disoÞ ð11:13Þ

While most of the NMR nuclides studied in environmental chemistry have
nuclear spin quantum numbers of 1/2 (including 1H, 13C, 15N, 19F, 29Si, and
31P), other nuclei such as 17O and 27Al have spin greater than 1/2 and therefore are
subject to additional internal interactions that can be anisotropic in the solid state,
or lead to fast spin relaxation in the liquid state. In particular, resonances in the
solid state NMR spectra of 27Al will exhibit quadrupolar broadening and an addi
tional shift due to the quadrupolar interaction, which depends on the coupling of
the nuclear electric quadrupole moment to local gradients of the electric field at the
nucleus [56 58]. Most important, for chemical analysis, these effects will vary as a
function of bonding environment, providing insight into local structure with isotopic
selectivity. Fortunately, the effects of the isotropic shift components for the chemical
shift and quadrupolar interaction are separable, because the chemical shift is field
independent (in parts per million from the reference frequency), while the observed
quadrupolar shifts for 27Al depend inversely on the square of the strength of the
magnetic field used in the experiments.

11.1.2.3 EXAFS þ CTR þ XSW
Extended X ray absorption fine structure (EXAFS) spectroscopy, crystal truncation
rod (CTR), and X ray standing wave (XSW) techniques have all been used to
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characterize mineral water interface and surface adsorption complex structures
(see Ref. [59] where all three are combined). The techniques have been able to provide
detailed positions of atoms in a solid water interface and test previously held
assumptions about the structure of the electric double layer (see Ref. [60] for a
review). Surface complexation modeling as mentioned above relies upon the the
oretical picture of the mineral water interface, so predicting macroscopic adsorption
behavior in environmental systems depends upon having a clear picture of where
H2O and adsorbate molecules reside with respect to the surface.

Although these techniques have rapidly advanced our understanding of the
mineral water interface, CTR and XSW depend upon having a relatively large
crystalline sample in order to scatter X rays from an atomically flat surface. Thus,
analysis of many types of environmental substrates such as nanoparticles or poorly
crystalline solids is not possible. EXAFS is less dependent upon the substrate and can
be used for aqueous species, but spectra can be difficult to interpret whenmore than
one surface species exists, when the surface is disordered, and when a significant
fraction occurs as outer sphere (i.e., an adsorbate separated from the surface by a
solvation shell of H2O molecules) species. Furthermore, EXAFS does not see light
elements (especially H), so the determining of the protonation state of the adsorbate
and surface can be inhibited.

In this case, computational chemistry becomes a valuable tool for predicting
mineral water interface behavior. Parallel simulations can be performed on well
understood systems such as single faces of TiO2 [59, 61 67] and benchmarked
against high quality EXAFS, CTR, and XSW data. Once the modeling techniques
have proven accurate for these types of systems, one can more confidently perform
simulations on substrates that are more difficult to analyze experimentally. In
general, computational methods are currently passing through the former stage
and beginning to work on the latter types of systems where obtaining and/or
interpreting these kinds of analytical data are not possible.

11.1.2.4 QENS and INS
Neutron scattering techniques are not formally a type of spectroscopy, but they do
probe similar dynamical behaviors as IR and Raman such as O H bond stretching,
H O H angle bending, and so on, as well as slower translational dynamics.
Combined with CTR studies, these techniques can provide a detailed picture of the
structure anddynamics ofwater at the interfacewith a solid [68]. Neutron scattering is
highly sensitive to H atoms, which makes it a good complement to the X ray
techniques that cannot detect light elements. Furthermore, substitution of D for
H can dramatically alter the observed spectrum in order to gain further insight into
the system of interest.

Because neutron scattering probes both the pico and nanosecond time frames,
both quantum and classical computational methods are applicable. For example,
inelastic neutron scattering (INS) can detect changes in the O H stretching and
H O H angle bending modes of water interacting with a surface [69]. Density
functional theory molecular dynamics (DFT MD) can then be used to model these
same dynamics with simulations on the order of tens of picoseconds in order to
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assign the observed shifts to particular OH bearing species [70]. For longer timescale
diffusional dynamics, classical MD simulations can be performed on the order of
tens or hundreds of nanoseconds that reproduce H2O translational motions. Such
simulations have proven useful in fitting observed quasi elastic neutron scattering
(QENS) spectra [71].When the classical forcefield is based onDFTcalculations [72], a
self consistent multiscale model that reproduces numerous experimental observa
bles is the result [59]. Recent success on surfaces has led to a new research challenge
into studying the behavior of water in nanopores with the goal of understanding how
chemical reactions such as dissolution change with the development of etch pits (see
Ref. [73] for a discussion of the importance of etch pit formation on mineral
dissolution).

11.2
Methods

The techniques employed for computational spectroscopy in environmental
chemistry are no different from other areas of computational chemistry described
in this book and elsewhere. Consequently, this chapter will focus on discussing
the pitfalls and solutions that are common in the complex chemistry of natural
systems.

11.2.1
Model Building

The singlemost important aspect of applying computational chemistry techniques to
environmental chemistry is to have an accurate model of the chemistry that actually
occurs. One could solve the Schrodinger equation exactly for some simplified system,
but if the model does not include a critical component of interest, then the results
are of limited use to the environmental chemist. A realistic approximate model is
generally much better than an unrealistic highly accurate model. Of course, high
level calculations are useful in their own way and this will be discussed below.

One important component that is commonly neglected is water. Since most
environmental chemistry occurs in the presence of water, including H2O molecules
to explicitly solvate the reaction can be critical. Even in heterogeneous atmospheric
reactions where bulk water is not present, water vapor can adsorb onto particles and
alter chemical reactions significantly (see Ref. [74] for a recent review). Polarized
continuummodels (PCMs) of solvation are helpful inmany instances, but the strong
H bonding to specific atoms within the system of interest is not reliably modeled
through PCM methods. This seems like an obvious statement to make, but the
literature is full of examples where explicit solvation is ignored in the interest of
saving computational time. An example of the necessity for explicit solvation can
be found in Bargar et al. [75]. IR spectra of carbonate adsorbed onto hematite
(a Fe2O3) were collected and various models of the carbonate surface complex
constructed. These spectra were collected �dry� (i.e., in air rather than under
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solution), so the initial models used to search for surface complexes capable of giving
rise to the observed spectra did not include H2O molecules of hydration. One likely
candidate was a monodentate binuclear configuration (i.e., two of the O atoms of the
carbonate were bonded to one of the Fe surface atoms). The resulting IR frequencies
of the carbonate group did not match the observed spectra, and the Dn between
the C Os and C Oas modes was 542 cm�1 compared to the observed Dn around
200 cm�1. Addition of two H2O molecules to this complex shifted the calculated
frequencies into agreement with observation and the model Dn value decreased to
195 cm�1 in good agreement with observation. This is an extreme example because
anionic species such as carbonate can form very strongH bonds with H2O such that
the C O vibrations are dramatically affected, but the principal lesson should be
considered with most environmental chemistry reactions.

How does one determine the minimum number of necessary components to
include in a model? Incorporating all possible components is not practical for most
studies, so assumptions and approximations are necessary. There are two main
reasons for themodel results to bewrong: inappropriate computationalmethodology
and neglect of an important component. To address the first, a test model should be
selected that represents the quantity to be computed in the system of interest. This
test model structure should be well known and have an accurate experimental value
for the property of interest (e.g., vibrational spectra, NMR chemical shift, and
enthalpy of adsorption). It should also represent the basic chemistry in the more
complex system; attempting to model metal complexation with a complex biomol
ecule would not be wise if one could not model the metal of interest interacting with
a simple organic compound. Once a reasonable test model is generated, increasing
basis set size and levels of electron correlation can be employed to determine the
most computationally efficient method for reproducing the experimental observable
with the desired accuracy. Depending on the property to be reproduced, the level of
theory can vary considerably as structural information and vibrational frequencies
are easier to reproduce than NMR chemical shifts or reaction enthalpies.

Second, the computations should not be performed in a vacuum (sorry for the bad
pun). Often discussions will arise concerning how you can prove a simulation result
is at a globalminimum. This is an exceedingly difficult task formost natural systems;
and, if it needed to be answered solely on the basis of computational results, most
studies would fall short of succeeding. However, experimental results are commonly
available that constrain the possible choices, and comparison of model and obser
vation can distinguish among several possibilities rather than attempting to calculate
the properties of all possible configurations. A fortunate result of this is that high
accuracy is not always necessary. Somemaywince at the idea thatDG is only accurate
to�20 kJ/mol or an NMR chemical shift to within�5 ppm.Granted, neither of these
would be sufficient accuracy to answermany questions, but if there are two proposed
configurations for a complex that differ in calculatedGby 100 kJ/mol or 20 ppm, then
the absolute accuracy of the computationalmethodology is not as critical.When there
are two or more properties for comparison, better relative agreement by one model
over the others is even more comforting. Consequently, collaboration with experi
mental and analytical is imperative for defining the question to be answered a priori
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and for an iterative approach to solving the problem. This is by no means a foolproof
solution, but it does build a higher level of confidence in the results, allows an
estimation of what the size of the error is in the calculation, and the communication
can bring a deeper understanding aswhat is clear from analytical workmay bemurky
in the simulation and vice versa.

11.2.2
Selecting a Methodology

Details of computational chemistrymethods areway beyond the scope of this chapter
and are covered in theEncyclopedia of Computational Chemistry [76]. An excellent book
that provides an overview of many methods is Essentials of Computational Chemistry:
Theories and Models [77]. However, a few words about the selection of methods are
presented here to help the novice get started. The first choice is whether to use a
quantum or classical molecular mechanical (MM) approach. When necessary, these
two can be combined in the QM/MM methodology. A number of considerations
factor into this decision, but a couple of themore important are the size of the system
and the process to be modeled. QM methods are inherently more computationally
demanding, so systems of thousands of atoms are generally treated withMM. For the
same reason, simulations that require a large number (i.e., millions) of steps such
as a nanosecond molecular dynamics (MD) simulation tend toward MM rather
than QM.

The composition and process to be modeled are, however, equally important.
Force fields are typically parameterized to be accurate for certain compounds and
physical states. If an appropriate force field is not available for the system of
interest, then one should consider QM or creating/modifying a force field for the
situation at hand. Furthermore, most force fields do not handle reactivity such that
processes involving bond making and bond breaking cannot be simulated. An
exception is the reactive force field ReaxFF [78]. Hence, in some cases, the system
size, duration of process, and the chemistry can conspire to make computational
chemistry inappropriate.

Even when QM is possible, some types of spectroscopy such as electron spin
resonance (ESR) and X ray photoelectron spectroscopy (XPS) can require large basis
sets and high levels of theory such that computational demands become impractical
for the common user even for systems of moderate size. Situations that require
multiconfigurational approaches such as the complete active space multiconfigura
tion self consistent field (MC SCF or CASSCF) method for examining excited states
quickly become impractical for environmental chemistry. The time dependent
density functional theory (TD DFT) approach can provide a relatively quick shortcut
to calculate UV visible spectra and can be accurate in some instances, but it is not
universally applicable.

Once one has decided to useQMorMM, the type of calculation should be selected.
For simple systems where one wishes to calculate vibrational (IR and Raman) or
NMRparameters, energyminimizations should be performedfirst. This is especially
true for vibrational frequencies because calculated frequencies are valid only at a

11.2 Methods j333



potential energy minimum for a given methodology. For more complex systems,
one may wish to perform MD or Monte Carlo (MC) simulations in order to explore
the potential energy surface of the system before trying to find an energy minimum.
Complex systems can have multiple minima and performing an energy minimiza
tion only on an initial guess for the structure could lead to a local rather than global
minimum. MD simulations can also be used to predict vibrational frequencies
directly from the velocity autocorrelation functions of the atoms [77].

The last topic discussed here with regard to methodology is the choice of using
isolated molecular clusters versus a periodic system. Examples are discussed within
this chapter where simple molecules can adequately represent the system of interest
in an aqueous solution or on a mineral surface. For vibrational frequencies,
simplifying the system to essential components can allow more accurate method
ologies that quantitatively reproduce observed frequencies. However, one should test
for system size effects and the role of solvation and compare known structures to
experiment before concluding one as a realistic representation of the chemistry
of interest. Periodic model systems often more realistically represent real systems,
but calculations within periodic models may not allow estimation of IR or
Raman intensities or they may use less accurate numerical methods for calculating
frequencies. Recent developments in periodic calculations of NMR properties
are promising, but have not been extensively applied in environmental chemistry
to date.

11.3
Examples

11.3.1
IR/Raman Phosphate on Goethite

As mentioned above, vibrational spectroscopy has been used in environmental
chemistry for decades, but the application of computational chemistry to help
interpret these spectra is a relatively new enterprise [79]. One example where
computational methods are particularly useful is the adsorption of phosphate onto
the mineral goethite (a FeOOH). Phosphate is a key nutrient in the environment,
so its adsorption to mineral surfaces is an important factor in its transport and
bioavailability. Fe oxyhydroxide minerals tend to have a strong affinity for phos
phate [80], and goethite is one of the most common Fe oxyhydroxide minerals.
Furthermore, adsorption of negatively charged oxyanions to a positively charged
oxyhydroxide mineral surface can reverse the surface charge and affect the behavior
of other solutes in pore waters [81]. For these reasons, numerous studies have been
performed on the adsorption of phosphate to goethite ([9] and references therein) and
many of these have been IR studies [8, 82 85].

At pHs around 4.2 4.5, observed IR frequencies are found in the ranges 939 945,
1001 1008, 1044 1049, and 1122 1123 cm�1 (first value from Ref. [8]; second from
Luengo et al. [85]). Persson et al. [8] also observed peaks at 876 and 1178 cm�1 and
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Tejedor Tejedor andAnderson [84] predicted aweak band at 982 cm�1.Note the range
of values from these observed spectra as the broadness of the IR bands and perhaps
the variability of the goethite surfaces affect the collected spectra. Possible surface
complex structures of phosphate on goethite as suggested by Elzinga and Sparks [12]
are shown in Figure 11.1.

Kwon and Kubicki [10] used a simple cluster model approach using a
Fe hydroxide dimer model for the goethite surface and a small number of H2O
molecules to hydrate the phosphate group. All six models suggested by Elzinga and
Sparks [12]were subjected to energyminimization usingGaussian 03 [86], theB3LYP
density functional method [87, 88], and the 6 31G(d) basis set [89]. The doubly
protonated bidentate configuration (Figure 11.1a) resulted in IR active frequencies of
876, 940, 993, 1080, 1120, and 1178 cm�1 that correlate very strongly with the
observed IR frequencies of Persson et al. [8]. The presence of the 876 and 1178 cm�1

peaks in thePersson et al. [8] spectra that were not reported in other studies are critical
in this assignment because no other model predicts a phosphate related IR active
vibration in the vicinity of 1178 cm�1.

Under moderate pH conditions, it was not possible to distinguish between the
deprotonated bidentate and the monoprotonated monodentate configurations based
on correlations of observed and calculated frequencies. Estimation of adsorption
energies to form these two complexes favored the monoprotonated monodentate

Figure 11.1 Possible surface complex structures of phosphate on goethite as suggested by Elzinga
and Sparks [12].
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species, but this result is questionable due to the approximations used in calculating
the reaction energies with a cluster approach. A more accurate method would be to
use periodicDFTMDsimulations to calculate the energy of the phosphate in solution
and on the surface for various protonation states and surface complexes (Figure 11.2).
Preliminary results for HPO4

2� adsorption on the (010) surface (Pbnm space group)
of a FeOOH (goethite) suggest that the enthalpy of adsorption should be on the
order of 200 kJ/mol for the bidentate configuration and that the monodentate
configuration is tens of kJ/mol higher in energy.

For alkaline solution conditions, the deprotonatedmonodentatemodel resulted in
the bestmatch with observed frequencies 939 (944), 970 (973), and 1057 (1050) cm�1

(calculated values in parentheses). These assignments are not only consistent with
observed IR spectra, they also make sense with the chemistry of increasing pH
conditions. At low pH, the surface OH� groups become protonated to form OH2

groups that are better leaving groups, favoring a bidentate binuclear configuration
such as Figure 11.1c. As pH increases to circumneutral values where OH� groups
dominate the surface, monodentate configurations can become more common
because the metal OH� bonds are harder to break. Under alkaline conditions, the
adsorbed HPO4

2� deprotonates to form PO4
3�.

Figure 11.2 PeriodicDFTMDsimulations usingVASP [90] of phosphate on goethite (010) surface.
Energies of phosphate in water layer and adsorbed onto surface can be directly compared as the
stoichiometry is the same in each model.
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11.3.2
Solution-State NMR of Al Organic Complexes

The interaction of metals and hydrophobic organic contaminants with natural
organic matter (NOM) is critical for two reasons. First, the solubility of these toxic
components can be enhanced dramatically over the solubility in pure water due to
associations with NOM. Second, interaction of toxic components with NOM can
reduce the toxicological effects and bioavailability of the contaminants. Indeed, it
is thought that organisms produce chelating agents to sequester metals such as
copper in natural waters in order to survive. Recognition of these two phenomena
has caused the US Environmental Protection Agency to re evaluate how it handles
allowable concentration limits of pollutants in natural waters. From the first
observation above, it becomes exceedingly difficult to remediate natural waters to
extremely low levels because of dissolved NOM such as fulvic and humic acids
(i.e., products of partial degradation of biological compounds). However, due to
the lowered environmental risk associated with pollutants associated with NOM,
there is not as great a need to lower contaminant levels below threshold levels
found in laboratory studies utilizing solutions that did not contain these complex
ing agents.

Fulvic and humic acids mentioned above are not specific compounds. Because
they are derived from a variety of metabolic processes on a variety of precursor
materials and are affected by theminerals, climate, and other factors, dissolvedNOM
exhibits extreme complexity. One approach to dealing with this complexity has been
to study metal NOM interactions with various functional groups that are common
in NOM that are likely to interact strongly with various metals. For example,
carboxylate, sulfhydryl groups, and heterocyclic N atoms can bond to different
metals, and the assumption is that the short range chemistry of model compounds
containing these functional groups will reflect the bonding that occurs in the fulvic
and humic acids containing the same functional groups. One common functionality
thought to be responsible for binding importantmetals such as Al3þ and Fe3þ is the
carboxylate þ phenol moiety as found in salicylic acid (C6H4OHCOOH). Thus,
27Al NMR spectra of Al salicylate solutions were collected by Thomas et al. [3] in
order to determine the structure of possible Al NOM complexes. A d27Al value of
approximately 3 ppm was observed and assigned to the bidentate salicylate Al3þ

complex (Figure 11.3a) based on a thermodynamic speciation model of
Rakotonarivo et al. [91].

Kubicki et al. [92] created molecular models of the various possible complexes,
performed energy minimizations and frequency calculations, and then calculated
27Al chemical shifts relative to amodel standardAl3þ�6(H2O). Both themonodentate
[C6H4OHCOO�]Al3þ�5(H2O) and the bidentate [C6H4OCOO

2�]Al3þ�4(H2O) com
plex resulted in predicted d27Al values consistent with observation within compu
tational accuracy (i.e., 6 and 7 ppm, respectively). However, the latter complex with
the phenol group protonated resulted in much poorer correlations to the observed
vibrational frequencies of this complex [93]. Consequently, it was proposed that the
monodentate configuration was the most probable at the low pH of the observed
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NMR spectra even though a bidentate configuration could form at higher pH where
the phenol group could deprotonate if salicylate were complexed with Al3þ [94]. This
example reiterates the points made above that experimental conditions necessary for
spectroscopic analysis are not always consistent with environmental conditions and
thatmultiple spectroscopic techniques should bemodeled simultaneously in order to
distinguish among possible models and verify the accuracy of the theoretical
prediction.

In this chapter, this issue is revisited. With the last decade of advances in
computational efficiency, it is possible to use larger basis sets (i.e., 6 311G(2d,2p)
versus 3 21G(d,p)) and explicit hydration with H2O molecules to predict the
structures of the aqueous Al salicylate complexes. In addition, the B3LYP
[87, 88] density functional methods are included in both the energy minimization
and NMR calculations. Although the current methods should be much more
accurate than those employed in Kubicki et al. [92], the results for the calculated
d27Al values are similar. For example, the previous d27Al values for themonodentate
and bidentate complexes were 6 and 16 ppm, respectively. B3LYP/6 311G(2d,2p)
values are 4 and 13 ppm, respectively. Hence, the monodentate configuration is still
consistent with the observed value. In addition, a mononuclear bidentate complex
with the phenol still protonated (Figure 11.3a with a Hþ on the phenol group
connected to the Al3þ ) results in a 27Al chemical shift of 3 ppm and a binuclear
bidentate configuration (Figure 11.3c) has a 6 ppm shift. Three potential complexes
are possible by comparing the observed and calculated d27Al values.

To resolve this issue, the d13C chemical shifts were also calculated relative to
tetramethylsilane (TMS) and compared to experimental values. The B3LYP/6 311G
(2d,2p) method was chosen for these new calculations because Anandan et al. [95]
have shown that this method results in accurate d13C values for salicylic acid. As
a test, d13C values for salicylic acid were taken from the Biological Magnetic Data
Bank (www.bmrb.wisc.edu) and the calculated values were correlated against them.
Using salicylic acid in the configurationwith the phenol OHH bonded to theO atom

Figure 11.3 Possible Al salicylic complexes in aqueous solution are represented by (left to right)
bidentate (or bidentate mononuclear), monodentate, and bidentate bridging (or bidentate
binuclear) models.
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in the C¼O group, the best correlation with observed values was found. The R2 value
is 0.992 with a slope of 1.07 and intercept of 6.3 ppm compared to ideal values of
1.000, 1.00, and 0.0 ppm. The standard deviation is only�2.1 ppm. These results are
fairly accurate, so the same methodology was applied to predict d13C values for the
Al salicylate complex.

Of the three Al salicylate complexes that gave d27Al values reasonably close to
observation, themonodentate complex resulted in the best correlation with observed
d13C values. For example, the monodentate linear fit parameters were R2¼ 0.964,
slope¼ 1.04, intercept¼ 0.44 ppm and standard deviation of �5.1 ppm. In com
parison, the bidentate, phenol protonated complex gave fit parameters ofR2¼ 0.850,
slope¼ 0.76, intercept¼ 35.5 ppm, and standard deviation of�8.2 ppm. The mono
dentate match to observation is superior for all parameters. Combined with the
superior correlation of the observed and calculated vibrational frequencies at the
B3LYP/6 311G(2d,2p) level (i.e., monodentate R2¼ 0.996, slope¼ 1.02, intercept¼
36 cm�1, and standard deviation of �15 cm�1 versus bidentate R2¼ 0.994, slope

¼ 0.96, intercept¼ 62 cm�1, and standard deviation of�18 cm�1), the model results
are most consistent with a monodentate complex at pH 3.

11.3.3
Solid-State NMR of Phosphate Binding on Alumina

Understanding the interactions of nucleic acids and related compounds with metal
oxides is important for describing many agricultural, environmental, and geochem
ical problems. In a combined approach aimed at measuring bonding interactions of
nucleic acids at themolecular scale, Fry et al. [96] combined the solid stateMASNMR
measurements of the principal components of the full chemical shift anisotropy
tensor with ab initio calculations. They interrogated the structure of the bound
phosphate group of the mononucleotide 20 deoxyadenosine 50 monophosphate
(dAMP) interacting with the octahedrally coordinated aluminum species on the
surface of a mesoporous alumina sample. dAMP forms an inner sphere complex at
the alumina surface that can bind in either amonodentate or bidentate configuration.
After using rotational echo double resonance (REDOR) NMR methods [97] to
confirm that the phosphate group is predominantly interacting with aluminum
species in octahedral coordination on the surface, a 31P magic angle spinning NMR
spectrum was acquired. The spectrum, shown in Figure 11.4, contains a peak at the
isotropic chemical shift value (diso¼ 3.2 ppm) as well as a set of spinning side
bands. Analysis of the sideband intensities using a method introduced by Herzfeld
and Berger [55] provides values for the shift anisotropy (Dd¼ 117.2 ppm) and
asymmetry (g¼ 0.64) parameters.

The surface complexation of dAMPwithmesoporous alumina wasmodeled using
the full dAMP molecule and edge sharing octahedral aluminum clusters, repre
sented in Figure 11.4 as the monodentate complex, [Al2(OH)4(OH2)5dAMP�(H2O)6],
and the bidentate complex, [Al2(OH)4(OH2)4dAMP�(H2O)6]. The H2O molecules
were added to the complexes as the incorporation of explicit hydrogen bonding to
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a model system has been shown to improve the agreement between simulated and
experimental 31P CSA tensor components [98, 99]. The structures of these complexes
were energy minimized with B3LYP functionals and the 6 31G(d) basis set using
Gaussian 03. NMR calculations were also performed inGaussian 03, using theGIAO
method with HF/6 311þþG(2d,2p) basis sets and the structures obtained with the
B3LYP calculation.

The isotropic chemical shift is first considered as a parameter for discrimination
between these two possible binding conformations. However, perturbations such as
changes in bond lengths and angles noticeably affect the 31P CSA tensor [100, 101],
and changes in one of the tensor components are commonly compensated by equally
large changes in another component. Therefore, only minor variations are found in
the isotropic chemical shift [102], so the interpretation solely based on the changes in
the isotropic chemical shift between the two surface complexation environments is
unreliable and complicated by the difficulty and uncertainty in calculating a chemical
shift standard for 31P. However, measurements of the remaining CSA parameters
and their comparison to those found through computational methods for these two
bonding complexes (calculated as Dd¼ 116.5 ppm and g¼ 0.79 for the mono
dentate complex andDd¼ 99.9 ppm and g¼ 0.58 for the bidentate complex) indicate
that the binding of dAMP to the alumina surface is indeed through a monodentate,
inner sphere complex. These results indicate that for more complex systems where
nuclides are present with wide chemical shift ranges and where large variations in
principal components of the CSA tensor are present, experimental and computa
tional investigations of additional chemical shift tensor components in addition to
the isotropic chemical shift provide an improved and discriminatory molecular scale
description of the bonding environments.

Figure 11.4 The 31P solid state MAS NMR
experimental and simulated spectra (left)
provide discrimination between two
different inner sphere binding models for
dAMP adsorbed onto an alumina surface.
The simulated spectrum is based on

calculated chemical shift tensor components
for the monodentate complex
(Dd 116.5 ppm and g 0.79) and centered
at the experimentally determined isotropic
chemical shift.
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11.3.4
Solid-State NMR of Aluminum Species at Mineral and Glass Surfaces

The release of metal species to solution during the aqueous dissolution of alumi
nosilicate minerals and glasses is tied to soil development and fertility, as well as the
global carbon budget. Criscenti et al. [103] used ab initio modeling of feldspar
dissolution to understand the mechanism of this process and, in particular, the
change of coordination state of aluminum from tetrahedral coordination (½4�Al) in
the bulk structure to octahedral coordination (½6�Al) in solution. The formation of
octahedrally coordinated aluminum species on the surface itself during dissolution,
and not as the result of reprecipitation from solution, has implications for the
formation of silicon rich leached layers on these surfaces as well as the sorption of
natural organic matter. Hypothesizing that this transformation takes place at the
oxide/water interface, molecular orbital calculations were undertaken on alumino
silicate clusters with discrete water molecules present to account for solvation effects
at the interface.

Energy calculations on both fully relaxed and partially constrained clusters
demonstrated that the energy difference between ½4�Al and ½6�Al on the surface of
a feldspar (or similar aluminosilicate material) is small enough to allow the
conversion of ½4�Al to ½6�Al (each connected to three Si atoms through bridging
oxygen species) at or near the surface of themineral, even before the release of Al ions
to the aqueous solution. Experimental NMR results confirm that ½6�Al is present in
the leached layer of a model aluminosilicate glass with a nepheline composition
through the observed isotropic chemical shift (8 ppm) of the 27Al NMR resonance
acquired using cross polarization MAS NMR techniques. Calculated isotropic shifts
for Q1½6�Al, Q2½6�Al, and Q3½6�Al containing one, two, or three oxygen bridges,
respectively, to silicon atoms suggest that the ½6�Al observed on aluminosilicate glass
surfaces is Q1½6�Al and therefore formed as part of the dissolution process. Impor
tantly, the observed shift of the resonance in the NMR spectrum falls at a position that
is the sum of both the isotropic chemical shift and the isotropic second order
quadrupolar shift, the former being magnetic field independent while the latter
shift is scaled (in ppm units) by the square of the inverse of the field strength.
Therefore, performing experiments at two magnetic field strengths (here, 9.4 and
11.7 T) allows the separation of these two isotropic components to the overall shifts
and the determination of the true isotropic chemical shift for comparison to
calculated values.

11.3.5
Water and Zn(II) on TiO2

Adsorption onto mineral surfaces is a significant process affecting the transport
and fate ofmetals in the environment (see Ref. [60] for a review).Myriad studies have
been performed using different approaches (i.e., potentiometric and adsorption
isotherm studies with surface complexation modeling, spectroscopic studies, and
molecular simulations). Zhang et al. [66] combined these approaches to examine the
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atomic structure of ions adsorbed on the (110) surface of a TiO2 (rutile). The
combined approach is the key because each technique has its own strengths and
weaknesses; a model of the mineral water interface that describes all the results
simultaneously should be superior to attempting to explain each type of result
separately. Another reason to utilize various approaches is that the molecular level
model can informmacroscopic scalemodels that aremore practical in environmental
applications such as predicting adsorption in large scale (i.e., meters to kilometers)
fluid flow simulations.

It is also imperative to note that this paper focused on a specific surface of the
mineral. When comparing results from computational chemistry to experimental
observations, discrepancies can arise due to inadequacy of the theoretical method
ology or due to themodel system. Often experiments are performed onminerals that
exhibit a number of different crystal faces with various reactivities toward a given
species. Thus, the observed value is a weighted average of all the surfaces present.
Modeling studies are generally performed on one surface at a time, so even if the
results are correct, they can disagree with observations on bulk materials.

The experimental components of this study examined Naþ , Rbþ , Ca2þ , Sr2þ ,
Zn2þ , Y3þ , and Nd3þ . All these cations except for Zn2þ were found to adsorb at
similar sites via X ray reflectivity and X ray standing wave measurements (Zhang
et al., [66]). This discovery was significant in itself because the assumption that
ion such as Naþ would reside in the �diffuse layer� and not specifically adsorb to the
surface had guided much of the experimental design and interpretation up to this
point. Periodic DFT calculations on Sr2þ and classical MD simulations (see also
Ref. [104]) on Naþ , Rbþ , Ca2þ , and Sr2þ were consistent with the X ray results.
Furthermore, the surface structural information from the simulations was used as
inputs to surface complexation models, and the results were consistent with the
adsorption isotherms indicating that the spectroscopic, computational, and macro
scopic data were all consistent except for Zn2þ .

Why should the Zn2þ results be at odds when the other ions resulted in a
consistent picture for the state of the adsorbed species? The problem was that the
X ray results suggested that Zn2þ adsorbed at two different sites from Sr2þ and that
it could reside closer to the TiO2 surface. The hypothesis to explain these differences
was that Zn2þ was undergoing hydrolysis on the surface in much the samemanner
as it undergoes hydrolysis in solution, except that hydrolysis was occurring at a lower
pH. As Zn2þ undergoes hydrolysis, the coordination state can change from six to
fourfold. The tetrahedral coordination state would stabilize Zn2þ at different sites
from the other octahedrally coordinated cations in the study and allow it to approach
the TiO2 surface more closely because tetrahedral Zn O bonds are shorter than
octahedral Zn O bonds (Figure 11.5).

A subsequent paper by Zhang et al. [59] added extended X ray absorption fine
structure spectroscopy to themix of techniques employed in order to better constrain
Zn O bond lengths and Zn coordination numbers. This study found better
agreement between the observed and DFT predicted Zn positions on the surface
when the Zn2þ was hydrolyzed compared to the case of the Zn2þ coordination
sphere being completed by H2O molecules. This hydrolysis led to spontaneous
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lowering of the coordination number in the DFT energy minimizations. Minor
discrepancies for the lateral positions of the Zn2þ adsorption sites remained among
the XSW, EXAFS, and DFT results; however, it is interesting to note that the
difference between the XSW and EXAFS positions was greater than the difference
between these techniques and the DFT results.

These papers served as an important benchmark and verification of DFTmethods
in this type of study. A similar study was performed to predict the acid base behavior
of the a TiO2 (110) surface that combined the second harmonic generation, surface
complexation modeling, and DFT calculations [21]. These studies demonstrated
the ability of DFT calculations to predict accurately the structures of mineral water
interfaces and adsorption of ions at these surfaces. These studies also served as a
starting point for simulations of thedynamic behavior of themineral water interface.

11.3.6
Water Dynamics on TiO2 and SnO2

Static pictures of the mineral water interface atomic structure are useful, but
ultimately the environmental chemist is interested in the rates of chemical reactions
such as adsorption and desorption. A step toward this goal is to move from the
static structures generated from X ray analyses and DFT energy minimizations to
dynamic movies of atomic motions in the interfacial region. A particularly excellent

Figure 11.5 Zn(OH) on a TiO2 (110) from DFT using the VASP code [90] predict that hydrolysis
leads to a lower coordination state and closer approach of the Zn2þ ion to the surface as
observed [59].
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tool for collecting these data is neutron scattering. Quasi elastic neutron scattering
and inelastic neutron scattering probe the translational, rotational, and vibrational
movements of molecules and are sensitive to H atoms of the water molecules near
the surface.

Mamontov et al. [68] performed QENS experiments on a TiO2 and SnO2 (cassit
erite) nanocrystals to study the structure and dynamics of water around these two
minerals. Rutile and cassiterite were chosen because they have the same crystal
structure (although cassiterite has lattice parameters approximately 10% larger than
rutile), but extremely different bulk dielectric properties. James andHealy [105 107]
and Sverjensky [108] had hypothesized that the dielectric constant of the mineral
would control the nature of the mineral water interface, so comparing these two
minerals would be a test of that hypothesis.

The structure and dynamics of water around the two types of nanoparticles were
found to be significantly different. Both exhibited three types of H2O molecular
behavior as defined by the distance from the mineral surface. Of the designated L1,
L2, and L3 layers, the L1 layer closest to the surface was restricted in its diffusional
behavior compared to the bulk,whereas L3was similar to bulkwater. The inference of
this observation is that the mineral water interface extends only three molecular

Figure 11.6 Comparison of H bonding and dynamics of H2O on TiO2 and SnO2 shows
significantly more rapid exchange on SnO2 than TiO2 (Kumar and Sofo, personal
communication).
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layers (approximately 1 nm) in terms of its structural and dynamical behavior. Much
wider interfacial regions have been calculated in the past based on force measure
ments [109]. Classical MD simulations (see also Vlcek et al. [71]) based on the
SPC/E water force field and modified to provide TiO2 H2O and SnO2 H2O inter
actions [72, 110] provided both structural and energy transfer spectra consistent with
the QENS data. Both the structural and dynamical behaviors of water was different
on the rutile and cassiterite surfaces [68]; however, the attribution of this behavior to
the bulk dielectric constant of the mineral is a matter of current research [61, 63, 67,
111, 112].

A similar type of study using DFT based MD simulations of the TiO2 H2O
interface produced vibrational densities of state consistentwith INSdata (Figure 11.6;
[70]). The combination of DFTcalculations, force field parameterization based on the
DFT results, classical MD simulations, and a variety of spectroscopies allows one to
probe various spatial and temporal scales in a self consistent manner.

11.4
Summary and Future

Although the last decade has seen computational chemistry become successful and
more common in environmental chemistry, there are a number of challenges that
the community is now poised to overcome. Most published papers to date have dealt
with identifying aqueous and surface speciation. This complementary role for
computational spectroscopy is valuable, but computational chemistry can go beyond
what can be observed experimentally. Thus, one can study reactionmechanisms and
probe transient phenomenon. Based on numerous examples where the computa
tional methods are consistent with observation, we can begin to trust the simulation
results to explore chemical reactionswith a level of detail not attainablewith analytical
instrumentation.

Another area where computational chemistry has lagged in environmental appli
cations is the simulation of defects. Surface defects and disordered materials can
play a huge role in environmental chemistry [13], but surface modeling typically is
based on an idealized surface. As computer power and code parallelization increase,
it becomes possible to build larger models capable of incorporating defects and
disorder. These more energetic and reactive sites could be disproportionately
important in reaction kinetics and difficult to identify experimentally. Of course,
continued collaboration with analytical chemists will be the key in identifying
and quantifying the reactive surface area of materials in the environment [113].

As already mentioned, the increasing computational power and parallelization
of software allow larger numbers of atoms to be modeled with quantum methods.
These quantum based calculations also serve as benchmarks for the development of
classical force fields. Classical MD and Monte Carlo simulations should always be
useful, especially if these forcefields canhandle chemical reactivity [78]. Expansion of
the system size in both quantum and classical simulations will allow more detailed
and realistic modeling of biogeochemical phenomena, such as the interaction of
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bacteria with mineral surfaces [114]. As the biotic factors influencing environmental
chemistry are increasingly recognized as being critically important, the ability to
model a complex inorganic organic biotic system will be invaluable in understand
ing how nature works on a molecular level.
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12
Comparison of Calculated and Observed Vibrational
Frequencies of New Molecules from an Experimental Perspective
Lester Andrews

12.1
Introduction

Reactions of metal atoms with small molecules have provided a productive route to
many new molecules of fundamental importance for their contributions to our
understanding of chemical bonding, and the matrix isolation technique has con
tributed to this large body of information over the past half century [1 3]. Investiga
tions of this type with more volatile metal atoms employed thermal methods for
evaporation, but less volatile metal atoms required more challenging higher tem
perature experimental methods [4, 5]. Laser ablation provides a very efficient and
effective means of heating a very small volume element of solid material to very high
temperature sufficient for vaporization (and even ionization) [2, 6 9]. The key point
here is that the laser is pulsed and focused on a spot less than 0.1mm in diameter so
that a large amount of energy is deposited into a small volume element of sample in a
very short time interval. Accordingly, themost refractorymetals such as tungsten and
uranium can be evaporated for simple atom molecule reactions [3].

This chapter will describe some examples of the use of laser ablation to generate
metal atoms for reactions with small molecules to make interesting new subject
molecules and the comparison of calculated and observed vibrational frequencies for
the identification of these new molecules using different theoretical methods.

12.2
Experimental and Theoretical Methods

Thematrix isolation laser ablationapparatusemployedat theUniversityofVirginiaand
sketched in Figure 12.1 has been described in more detail previously [3]. Closed cycle
cryogenic refrigerators provide very good 4 7K refrigeration when properly config
ured. A focused, pulsedNd YAG laser (1 20mJ/pulse, 10Hz) evaporatesmetal atoms
toward the cryogenically cooled window (4K for hydrogen and neon or 7K for argon
matrix experiments) for codeposition and reaction with pure hydrogen, Ne/reagent,
orAr/reagentgasmixtures.The laser ablationplumenot only contains visible light that
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deduced from infrared and Raman spectra was reaffirmed by subsequent theoretical
calculations [15 17]. New observations of neon matrix bands at 1093.9, 719.7, and
508.9 cm�1 correlate with the argon matrix 1096.9, 698.8, and 492.4 cm�1 absorp
tions, respectively, assigned to the ionic LiO2 molecule [15, 18] and with the
frequencies recently computed for this molecule (Table 12.1). The neon matrix
frequencies for the interionicmodes are higher owing to less interactionwith the less
polarizable neonmatrix and closer to the still yet to be observed gas phase vibrational
frequencies [1]. The near agreement of frequencies calculated with the hybrid B3LYP
and the pure BPW91 density functionals and the CCSD(T) wavefunction based
methods is reassuring. Frequencies computed at the SCF level are of course high
er [17]. We typically find B3LYP values higher than BPW91 values and both slightly
higher than observed values owing in part to the neglect of anharmonic correc
tions [19 21].What is important here is the coverage of experimental observations by
several theoretical methods to confirm the experimental identification and assign
ment and the application of theoretical computations to this problem.

The ratios of harmonic lithium 6/lithium 7 isotopic frequencies with oxygen 16
for the strong diagnostic interionicmodes are 1.06 545, 1.06 531, and 1.06 561 for the
three methods, respectively, which show that the normal modes are described
similarly by the three theoretical methods. Also, notice the oxygen 16/oxygen 18
isotopic frequency ratios with lithium 7 computed as 1.0106 and 1.0349 for the
symmetric and antisymmetric Li O stretching modes, respectively, (B3LYP, for
example) illustrate different oxygen participations in these modes, as do the exper
imental values (1.0100 and 1.0343) [18]. Furthermore, the structural parameters
computed in Figure 12.2 are within the range of values presented earlier using a
variety of theoretical methods [17], and the O Li O angle of 44� deduced from
isotopic vibrational analysis of the LiO2 molecule [15] is within approximately a
degree of the values calculated here. And the symmetrical structure based on the

Table 12.1 Observed neon matrix and calculated harmonic frequencies (cm 1) and infrared
intensities (km/mol) for the LiO2 molecule in the 2A2 ground electronic states with the C2v

structurea).

7(16-16)
observed

7(16-16)
B3LYP

7(18-18)
B3LYP

6(16-16)
B3LYP

6(18-18)
B3LYP

Mode
identification

508.9 527.9 (31) 510.1 (32) 545.4 (38) 528.1 (40) B2, antisym. Li O
719.7 753.3 (117) 745.4 (114) 802.6 (132) 795.0 (129) A1, sym. Li O
1093.9 1175.4 (9) 1108.4 (9) 1176.0 (10) 1109.2 (11) A1, sym. O 0O

BPW91 BPW91 BPW91 BPW91
508.9 515.2 (35) 497.8 (36) 532.2 (43) 515.4 (44) B2, antisym. Li O
719.7 724.2 (106) 716.6 (104) 771.5 (120) 764.2 (117) A1, sym. Li O
1093.9 1111.2 (12) 1048.0 (11) 1111.9 (13) 1048.9 (14) A1, sym. O O

CCSD(T) CCSD(T) CCSD(T) CCSD(T)
508.9 533.1 515.0 550.5 532.9 B2, antisym. Li O
719.7 734.7 727.1 782.9 775.6 A1, sym. Li O
1093.9 1130.4 1066.0 1130.9 1066.6 A1, sym. O O

a) See Refs [10 14] for the methods of calculation.
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triplet pattern in 16O2,
16O18O, 18O2 isotopic spectra [15] has been reaffirmed by all of

these calculations. TheMulliken charges on Li are þ 0.55, 0.53, and 0.64 for the three
above methods, respectively. In addition, the calculated Mulliken atomic spin
densities 0.012 for Li, þ 0.506 for O using B3LYP, 0.009 for Li, þ 0.505 for O
using BPW91, and 0.026 for Li, þ 0.513 for O using SCF based on CCSD(T) also
substantiate the ionic model for the bonding in LiO2.

12.3
Aluminum and Hydrogen: First Preparation of Dibridged Dialane, Al2H6

The chemistry of boron hydrides has been investigated for over a century, and a large
number of boron hydride compounds have been identified and characterized;
however, aluminum hydride chemistry under normal conditions is limited to the
nonvolatile polymeric solid trihydride (AlH3)n [22, 23]. The diborane molecule is
fundamentally important as the textbook example of hydrogen (m hydrido) bridge
bonding. Although the isostructural dialane molecule is calculated to be stable,
molecular Al2H6 was not isolated until our work with solid hydrogen [24, 25]. The
failure to observe dialane earlier is even more surprising in view of the synthesis of
the isostructural Ga2H6 molecule [26]. Alane (AlH3) has been observed by three
groups from reactions of energetic aluminum atoms with hydrogen in solid argon
and characterized by infrared spectroscopy [27]; however, the concentration of AlH3

wasnot sufficient to formAl2H6 in the rigid argonmatrix.Our successful synthesis of
Al2H6 for the first time involved pure hydrogen as the matrix. This ensured the
selective formation of the highest monohydride AlH3, and diffusion in the soft
hydrogen matrix upon annealing allows dimerization to dialane Al2H6, here called
DA. The DA bands are produced in much greater yield in the softer hydrogenmatrix
solid than in the harder argon matrix.

The spectrum of our first deposited Al and H2 sample (Figure 12.3) is dominated
by the strong AlH absorption at 1598.7 cm�1, which is intermediate between the gas

Figure 12.2 Optimized structures calculated for the lithium and oxygen reaction product LiO2.
Parameters given for B3LYP, BPW91, CCSD(T). Bond lengths in angstroms.
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phase (1624.4 cm�1) and the argon matrix (1590.7 cm�1) absorptions for diatomic
AlH. Absorptions are also observed for AlH3 (1883.7, 777.9, 711.3 cm

�1) and AlH2,
which are for themost part higher than the argonmatrix values. New absorptions are
observed for Al2H4 with the hint of very weak absorptions at 1932.3, 1915.1, 1408.1,
1268.2, 835.6, 702.4, 631.9 cm�1 (labeled DA) (Figure 12.3a). Annealing to 6.2 K
increased these bands except for AlH (Figure 12.3b). Photolysis stepwise at>290 nm
and then at >220 nm decreased the AlH band and increased the AlH3 absorptions
and the DA band set (Figure 12.3c,d). A subsequent annealing at 6.5 K increased all
but the 1638 cm�1 band (Figure 12.3e), and a final>220 nm irradiation increased the
DAbands by another 25% (Figure 12.3f). Al atoms andD2were also codeposited, and
the spectra containing all but the weakest DA counterpart bands are assigned in our
research papers [24, 25].

The seven bandDA set has a straightforward chemistry. The strongest three bands
at 1932.3, 1408.1, and 1268.2 cm�1 are detected on laser ablated Al deposition with
normal hydrogen (absorbance 0.001). These bands double upon annealing to 6.0 K
and double again upon >290 nm photolysis while AlH is reduced by 90%, AlH3

increases fourfold, and weaker DA bands appear at 1915.1, 835.6, 702.4, and
631.9 cm�1. Subsequent >220 nm photolysis increases the DA bands fourfold in
concert and the AlH3 bands twofold, while the next 6.5 K annealing increases DA
bands by 25% at the expense of AlH3 (Figure 12.3). Thus, AlH3 is produced upon
photoexcitation of AlH with excess hydrogen, and DA is formed upon ultraviolet
photolysis along with AlH3 and upon annealing from diffusion and reaction of AlH3.
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Figure 12.3 Infrared spectra in the
2000 600 cm 1 region for laser ablated Al
codeposited with normal hydrogen at 4 K.
(a) Spectrum of sample deposited for 25 min,

(b) after annealing at 6.2 K, (c) after >290 nm
photolysis, (d) after >220 nm photolysis,
(e) after annealing at 6.5 K, and (f) after second
>220 nm photolysis.
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The seven DA bands are therefore assigned to dialane, Al2H6, which is confirmed by
comparison to extensive vibrational frequency calculations at different levels of
quantum theory, which are compared in Table 12.2 [24, 25]. This table shows how the
different levels of computational theory for harmonic frequencies tend to overesti
mate observed anharmonic frequencies. The two density functionals produce
calculated frequencies that are very close to the observed values. Extrapolation
through these sets of calculated frequencies to the observed values confirms the
assignments to dialane and thus the first preparation of this novel molecule. Notice
that the computed and observed infrared intensities are in very good qualitative
agreement as well. Thus, the correlation between calculated and observed frequen
cies makes the case for the identification of this important molecule.

When the hydrogen matrix samples are annealed at 6.8 K, H2 evaporates, molec
ular aluminum hydrides diffuse, aggregate, and their absorptions decrease, and
broad absorptions appear at 1720 (20) and 720 (20) cm�1. These broad bands remain
on the CsI window with decreasing absorbance until room temperature is reached.
The deuteriummatrix samples evaporate D2 at about 10K and aluminum deuterides
produce a broad 1260 (20) cm�1 absorption, which remains on the CsI window. The
frequency ratio 1720/1260¼ 1.365 demonstrates that these bands are due to Al H/
Al D vibrations. The spectrum of pure solid (AlH3)n gives strong broad bands at 1760
and 680 cm�1, solid (AlH3)n in Nujol reveals a very strong, broad 1592 cm�1 band,
and solid (AlD3)n gives a corresponding 1163 cm

�1 band [24, 25]. The present broad
absorptions at 1720 and 1260 cm�1 are therefore due to solid (AlH3)n and (AlD3)n,
respectively, on the salt window. Thus, we havemade solid alane through the reaction
of the elements aluminum and hydrogen to give AlH, then AlH3, Al2H6, and finally
the solid (AlH3)n polymeric material. The crystal structure for this solid material
shows six coordinate aluminum with equivalent hydrogen atoms in bridge bonding

Table 12.2 Comparison of calculated and observed infrared active frequencies (cm 1) for dibridged
Al2H6 in solid hydrogen.

Sym.a) Mode SCF/TZPb) CCSD/DZPc) B3LYPd) BPW91d) Observede) H/Df )

b1u 8 2062 (518) 2047 (344) 1989 (419) 1934 (379) 1932 (0.069) 1.366
9 977 (393) 954 (317) 866 (244) 808 (199) 836 (0.037) 1.376
10 249 (18) 235 (15) 223 (13) 205 (10)

b2u 13 1350 (544) 1368 (463) 1292 (352) 1275 (291) 1268 (0.053) 1.379
14 694 (353) 664 (328) 634 (263) 607 (230) 632 (0.039)

b3u 16 2051 (101) 2024 (88) 1966 (126) 1908 (130) 1915 (0.023) 1.364
17 1603(1399) 1589 (1162) 1483(1096) 1431 (968) 1408 (0.128) 1.370
18 766 (890) 744 (684) 712 (648) 683 (575) 702 (0.048) 1.376

a) Symmetry (D2h point group) and mode description from Liang, C., Davy, R.D., and Schaeffer,
H.F., III. Chem. Phys. Lett. 1989, 159, 393.

b) From Liang, C., Davy, R.D., and Schaeffer, H.F., III. Chem. Phys. Lett. 1989, 159, 393 with
calculated intensities (km/mol) in parentheses.

c) From Shen, M. and Schaefer, H.F., III. J. Chem. Phys. 1992, 96, 2868.
d) Ref. [24, 25]: 6-311þþG�� basis set.
e) In solid hydrogen, integrated intensities at maximum yield in parentheses.
f) Hydrogen/deuterium isotopic frequency ratio.
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arrangements between aluminum atoms [23]. The average Al H distance is 1.72A
�
. It

is interesting to note that the solid Al H distance is intermediate between the 1.74A
�

bridge and the 1.58A
�
terminal Al H distances calculated [24, 25] for Al2H6 and that

the solid frequency of 1720 cm�1 is likewise intermediate between the terminal
(1932, 1915 cm�1) and the bridged (1408, 1268 cm�1) Al2H6 values observed here.

12.4
Titanium and Boron Trifluoride Give the Borylene FB¼TiF2

The boron trifluoride molecule is one of the least reactive we have investigated, and
boron and fluorine are among the most difficult theoretical subject atoms. Three
mediumintensityabsorptionswereobservedat1414 cm�1 intheB Fstretchingregion
andat721and638 cm�1 in theTi Fstretching region fromthe reactionof laser ablated
Ti andBF3 in excess argon. Density functional calculations showed that the anticipated
borylenemoleculeFB¼TiF2was the lowest energyproduct [28], but thepresenceof low
energy singlet and triplet states in this difficult system called for higher levels of theory,
and we asked Roos to perform CASSCF/CASPT2 calculations. At this higher level of
theory, the singlet state was 8 kcal/mol lower than the triplet in energy [28].

Table 12.3 compares the observed and computed singlet state frequencies for the
singlet FB¼TiF2 borylene titaniumdifluoride product usingCASPT2 and twodensity
functional theoretical methods. The B3LYP frequencies are all slightly higher than
the observed values, and theBPW91 values are slightly lower, as expected [19, 20]. The
frequencies calculated by CASPT2 are slightly higher than the B3LYP values: a
similar relationship has been found among computed frequencies for these different
methods for the simple group 6 metal pnictides [29]. The B3LYP computed terminal

Table 12.3 ObservedCASPT2 and density functional theory calculated fundamental frequencies for
the FB TiF2 borylene molecule in the ground 1A1 electronic states with C2v structures

a).

Approx. mode
description

FB TiF2

Obs. Calc. (CA) Int. Calc. (B3) Int. Calc. (BP) Int.

B F str., a1 1404 1454 403 1444 424 1394 341
Ti F str., b2 721 755 284 742 243 736 219
Ti F str., a1 638 670 151 656 108 654 101
Ti B str., a1 421 8 398 0 405 0
TiBF def., b1 318 19 325 23 318 29
TiBF def., b2 314 4 321 4 311 2
TiF2 bend, a1 148 19 133 11 141 8
FBTiF def., b2 103 54 79 0 83 0
BTiF2 def., b1 88 1 48 25 24 32

a) Frequencies and intensities are in cm 1 and km/mol. Observed in an argonmatrix. Frequencies
and intensities calculated with CASPT2/VTZP(6s5p3d2f1g for Ti) noted (CA), B3LYP/6-311þG
(3df)/SDD for Ti noted (B3), or BPW91/6-311þG(3df)/SDD for Ti noted (BP)in the harmonic
approximation. Mode symmetry notations are based on the C2v structure.
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bond stretching frequencies are 2.8, 2.9, and 2.8% higher and again the BPW91
values are slightly lower. Overall, the agreement between calculated and observed
frequencies is excellent, and this correlation for the rigorous CASPT2 wavefunction
based approach and two density functional methods confirms our identification of
the FB¼TiF2 borylene complex [28]. Finally, occupation of the CASPT2 computed
molecular orbitals gives an effective bond order of 1.81 for the FB¼TiF2 borylene
complex [28].

12.5
Ti and CH3F Form the Agostic Methylidene Product CH2¼TiHF

Methane activation is an important process, and we were initially interested in
methane activation by early transition metal atoms, but we knew from earlier
experiments that the reaction product yield is relatively low. Hence, we reasoned
that transition metal atom reactions with the more electron rich methyl halides
would be more favorable, and the Ti and CH3F reaction provided our first contri
bution to the methylidene complex literature [30].

Infrared spectra ofTi andCH3Freactionproducts revealed three sets of absorptions
thataregroupedby theirbehavioronsample irradiationandannealing.Thefirstgroup
(notedm formethylidene) at 1602.8, 757.9, 698.6, and652.8 cm�1decreasesonvisible
light irradiation but increasesmarkedly on ultraviolet irradiationwhile the second set
at 504.3, 646.3, and 1105.7 cm�1 (noted i for insertion product) decreases. These
photochemical changesare reversible. Inaddition,newbandsat782.3and703.8 cm�1

(fordimethyl titaniumdifluoride) increase slightly uponUVirradiation andmarkedly
upon annealing and with higher CH3F reagent concentrations.

Density functional theory calculations found the lowest energy products as
CH3 TiF (triplet state) and CH2¼TiHF (singlet state) with the latter 22 kcal/mol
higher energy than the former, but both structural isomers are trapped in the solid
matrix and interconverted on light irradiation. The observed frequencies for the i
group correlated with the calculated frequencies having the higher infrared inten
sities for CH3 TiF and the m group absorptions corresponded to the strongest
calculated infrared frequencies for CH2¼TiHF. The shifts with 13CH3F and CD3F
and computed isotopic frequencies agree well enough to confirm the vibrational
assignments and the CH2¼TiHF molecular identification [30].

Table 12.4 compares the observed isotopic frequencies with those calculated
using the large all electron Gaussian basis 6 311þþG(3df,3pd) and the B3LYP and
BPW91 density functionals. Notice first that the frequencies computed by both
functionals are higher than the observed values, with B3LYP slightly higher than
BPW91, which is the typical relationship [19, 20]. Since the hybrid and pure density
functionals have sufficiently different treatments of exchange and correlation, their
general agreement shows that the system is reasonably well described.

Next, focus on the two frequencies computed in the 720 820 cm�1 region, which
show Ti C and Ti F stretching character along with in plane Ti H and C H
(nonagostic) bending motion. For example, a pure Ti C stretching mode at
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Table 12.4 Observed and calculated fundamental frequencies of CH2 TiHF in the ground electronic state (1A)a).

Approx. mode description CH2 TiHF CD2 TiDF 13CH2 TiHF

Exp. Calc.b) Int.b) Calc.c) Int.c) Exp. Calc.b) Int.b) Calc.c) Int.c) Exp. Calc.b) Int.b) Calc.c) Int.c)

n1 CH str. 3194.8 1 3135.1 1 2365.8 2 2321.6 2 3183.8 1 3124.3 0
n2 CH str. 2861.3 5 2759.8 4 2081.7 3 2007.8 2 2854.8 5 2753.5 4
n3 Ti H str. 1602.8 1671.7 411 1630.5 327 1158.6 1196.4 220 1166.7 175 1602.8 1671.7 410 1630.5 327
n4 CH2 scis. 1328.2 24 1293.8 22 1048.9 31 1014.2 28 1318.4 24 1285.4 22
n5 C Ti str.d) 757.8 816.6 128 818.7 127 644.9 693.9 58 686.0 77 748.8 803.9 148 804.9 141
n6 Ti F str.d) 698.6 738.7 148 726.5 124 702.6 735.0 169 734.1 136 692.0 733.3 127 721.4 109
n7 CH2 wag 652.8 689.1 165 655.8 146 522.1 543.0 120 516.1 107 646.6 682.9 160 650.1 141
n8 CTiH bend 608.9 15 610.8 16 472.6 10 482.0 8 607.7 14 609.2 15
n9 CH2 twist 495.8 25 493.2 30 353.5 9 351.4 11 495.8 25 493.1 31
n10 CH2 rock 386.0 4 421.8 6 310.1 3 325.8 5 382.3 4 418.8 6
n11 CTiF bend 197.9 19 208.5 19 168.7 5 181.9 6 197.0 19 207.3 20
n12 TiH OOP bend 101.9 163 88.0 146 80.5 105 70.5 95 101.7 163 87.8 145

a) Frequencies and intensities are in cm 1 and km/mol. Intensities are all calculated values.
b) Calculated with B3LYP/6-311þ þG(3df,3pd) for all atoms.
c) Calculated with BPW91/6-311þ þG(3df,3pd) for all atoms.
d) These modes also involve in-plane Ti H and C H (nonagostic) bending motion.
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757.8 cm�1 would shift 23.7 cm�1 upon carbon 13 substitution, and the present band
shifts only 9.0 cm�1, but a large 112.9 cm�1 deuterium shift is observed. The mostly
Ti F stretching mode shows an unusual blueshift upon deuteration, 4.0 cm�1 here,
and a 6.6 cm�1 carbon 13 redshift, which are due tomixingwith the above vibrational
mode shifted to a lower position upon deuteration, and the frequency calculations
will be examined for this behavior. Since the hybrid B3LYP functional predicts higher
frequencies for most modes, as observed previously, than the pure BPW91 func
tional [19, 20], as a result the pure density functional values are closer to the observed
frequencies, and the mode mixing is predicted more nearly correctly. The pure
BPW91 functional gives a 7.6 cm�1 blueshift in the mostly Ti F stretching mode
upon deuteration and a 5.1 cm�1 carbon 13 redshift, which are within a few cm�1 of
the observed values, but the B3LYP functional predicts instead a 3.7 cm�1 redshift
and a 5.4 cm�1 redshift, respectively. The mostly Ti C and Ti F stretching modes
clearly involve mode mixing with hydrogen motion. Finally, notice that the smaller
Gaussian basis used earlier [30] gave frequencies within 7 cm�1 except for the very
lowest modes and even using the SDD pseudopotential on Ti made little difference
except in the Ti F mode.

The CH2¼TiHF methylidene is distorted at the CH2 group through the agostic
(Greek forhold on to oneself ) interaction between onehydrogen and theTi center based
on our original B3LYP calculations [30] and a subsequent more detailed theoretical
analysis including compliance constants [21]. Grunenberg et al. found no a agostic
distortion with the HFmethod while MP2 overestimates the agostic interaction. The
CCSD(T) method revealed an 86 88� agostic H C Ti angle depending on the basis
set employed. These works underscore the necessity of polarization functions on
carbon to characterize the agostic interaction [21, 30]. The B3LYP and BPW91
functionals with the large all electron 6 311þþG(3df,3pd) Gaussian basis gave
91.6 and 87.6� agostic H C Ti angles, respectively, and B3LYP with the small all
electron 6 311þþG(2d,p) Gaussian basis resulted in a 91.5� agostic angle, but using
the SDD pseudopotential for Ti gave a larger 94.0� agostic angle. Finally, Grunenberg
et al. conclude that the strength ofa agostic bonding is in the range though different
in nature of a typical hydrogen bond (�10 kcal/mol) [21].

The major 782.3 and 703.8 cm�1 absorptions for the third group of product bands
reveal Ti isotopic splittings in natural abundance for the antisymmetric and sym
metric stretching vibrations of a TiF2 subunit. In addition, associated 1385.2 and
1378.4 cm�1 bands are characteristic of methyl bending modes and a 566.9 cm�1

band with the antisymmetric Ti CH3 stretchingmode. These bands are in excellent
agreement with frequencies computed for the (CH3)2TiF2 molecule, which is
chemically analogous to the (CH3)2TiCl2 compound.

12.6
Zr and CH4 Form the Agostic Methylidene Product CH2¼ZrH2

The simple CH2¼ZrH2 complex presents the best experimental case for agostic
distortion in amethylidene transitionmetal dihydride complex [31]. The neonmatrix
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spectrum for laser ablated Zr codeposited with 2% CH4 in neon at 4 K revealed weak
bands at 1581.0 and 1546.2 cm�1 upon sample deposition. These absorptions
increased on vis and UV irradiation and exhibited counterparts in the Zr D
stretching region, and the H/D frequency ratios, 1.3953 and 1.3901, characterize
these vibrations as symmetric and antisymmetric Zr H2 stretching modes. Note
that these new Zr H2 stretching modes appear between the 1530 cm�1 and the
1648 cm�1 antisymmetric stretching modes for ZrH2 and ZrH4 in solid neon [31].
Two absorptions at 757.0 and 634.5 cm�1, which show carbon 13 shifts appropriate
for C¼Zr stretching and CH2 wagging modes, are associated upon photolysis and
annealing. In addition, the CH2D2 reaction provides diagnostic information for the
identification of the CH2¼ZrH2 species because of the low symmetry and non
equivalent C H bonds brought about by agostic distortion [31].

The final confirmation for the identification of CH2¼ZrH2 is the agreement
between calculated and observed frequencies for four diagnostic vibrational modes.
Table 12.5 lists the frequencies calculated (not scaled) for the C1 symmetry
CH2¼ZrH2 structure at the B3LYP and CCSD levels of theory [31]. Notice that the
four most intense calculated frequencies are 3.2, 3.6, 1.3, and 4.5% higher, as is
appropriate for the B3LYP density functional [19, 20], and the more rigorous
quantum mechanical CCSD method gives slightly higher frequencies, which cor
relate well with the experimental absorptions. The calculated and observed
13CH2¼ZrH2 and CD2¼ZrD2 frequencies are characteristic of their vibrational
modes, as discussed in the original report [31]. Thus, we conclude that CH2¼ZrH2

is distorted by agostic interaction, based on our neon (and argon) matrix spectra, and
calculations at several levels of single reference theory. The small T1 diagnostic that
we obtained (0.016) indicates that multireference character is not a problem for

Table 12.5 Vibrational frequencies (cm 1) observed and calculated for C1 ground state CH2 ZrH2

at the CCSD/6 311þþG(2d,p)/SDD and B3LYP/6 311þþG(3df,3pd)/SDD levels of theory.

Mode Calculateda) Intensitya) Calculatedb) Intensityb) Observedc) Ratiod)

CH2 str. 3210 (1) 3179 (1)
CH2 str. 2842 (7) 2858 (5)
ZrH2 str. 1650 (384) 1634 (301) 1581 0.968
ZrH2 str. 1597 (695) 1603 (544) 1546 0.964
CH2 scis. 1384 (17) 1320 (16)
C Zr str. 787 (133) 767 (130) 757 0.987
CH2 wag 713 (206) 665 (144) 635 0.955
ZrH2 scis. 656 (55) 642 (85)
ZrH2 rock 531 (29) 515 (10)
CH2 twist 481 (3) 408 (23)
CH2 rock 385 (6) 310 (75)
ZrH2 wag 87 (457) 240 (131)

a) CCSD, intensities in km/mol.
b) B3LYP.
c) Neon matrix.
d) Obs./B3LYP Calc. Ratio (i.e., scale factor).
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Figure 12.4 Structure and parameters calculated for C1 ground state CH2 ZrH2 using CCSD/6
311þþG(2d,p)/SDD (in bold) and B3LYP/6 311þþG(3df, 3pd)/SDD.

CH2¼ZrH2. Although multireference calculations found a stable C2v structure after
imposing C2v symmetry [32], our calculations find the lowest energy structure to be
distorted. Figure 12.4 shows the structure, and the twomethods give almost the same
parameters save the agostic angle, which is smaller for CCSD, as found previously for
CH2¼TiHF [21] Finally, CCSD(T) calculations have also shown that the simple
CH2¼TiH2 methylidene is similarly distorted [3c].

12.7
Mo and CHCl3 Form the Methylidyne CH�MoCl3

Methane activation with laser ablated Mo atoms forms three products, the insertion
CH3 MoH, which is characterized by a Mo H stretching mode at 1728.0 cm�1.
Visible irradiation promotes a H transfer to give CH2¼MoH2 with two Mo H
stretching modes at 1791.6 and 1759.6 cm�1, and a second a H transfer to form
CH�MoH3 with a strong MoH3 stretching mode at 1830 cm�1. Next UV irradiation
transfers H back to carbon. These photochemical processes are completely revers
ible. These products with comparable energies were identified bymatching observed
frequencies with those computed by density functional theory [33]. However, the
reactionwithCHCl3 exclusively forms themethylidyneCH�MoCl3 as this product is
147 kcal/mol lower in energy than the reagents based on B3LYP calculations [34].
Four vibrationalmodes have been observed at 3058.2, 978.1, 438.7, and 658.9 cm�1

for the methylidyne CH�MoCl3, and these assignments are substantiated by the
B3LYP frequency calculations summarized in Table 12.6 [34]. First, the highest band
is characterized as a C H stretching mode from its position and from its observed
and calculated 13C and D isotopic shifts. The 978.1 cm�1 band shows the large 13C
isotopic shift anticipated for the Mo C stretching mode, which is confirmed by the
resolved natural Mo isotopic shifts and the values computed using the Mo isotopic
masses. The 438.7 cm�1 band is assigned to the strong degenerateMo Cl stretching
mode even though the B3LYP calculation undershoots this by 13.7 cm�1 (3.1%),
which is opposite from most of the present comparisons. The transition metal
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Table 12.6 Observed and calculated fundamental frequencies of isotopic HC:MoCl3 complexes in the ground 1A1 electronic state with the C3v structure
a).

Approximate
Description

HC:MoCl3 H13C:MoCl3 DC:MoCl3

Observed Calculated Intensity Observed Calculated Observed Calculated Intensity

C H str., a1 3058.2 3212.2 35 3048.0 3200.4 2296.2 2387.9 24
HC:Mo str., a1 978.1b) 1051.9 8 948.0 1019.1 932.4b) 1005.8 6
Mo X str., e 438.7 425.0 81 � 2 438.6 425.4 436.4 423.0 74 � 2
Mo X str., a1 380.8 9 380.7 380.7 9
H C Mo def., e 658.9 660.2 76 � 2 652.4 653.4 533.4 533.6 52 � 2
C Mo X def., e 237.7 7 � 2 232.5 212.3 7 � 2
Mo X3 umb., a1 144.0 0 143.7 143.7 0
Mo X2 bend, e 100.4 0 100.4 100.4 0

a) Frequencies and intensities are in cm 1 and km/mol and computedwithB3LYP/6-311þþG(2d,p) in theharmonic approximation using the SDDcore potential and basis
set for Mo. The symmetry notations are based on the C3v structure.

b) Observed in an argon matrix. Band position for the major 98Mo isotope.
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chlorine bond is difficult to theoretically model, and a similar relationship is found
for the Mo F bond [34]. Finally, the 658.9 cm�1 band is assigned to the H C Mo
deformation mode, and again the observed and calculated 13C and D isotopic shifts
verify this assignment.

12.8
Tungsten and Hydrogen Produce the WH4(H2)4 Supercomplex

The first experimental observation of atomic W reactions with dihydrogen found
evidence for WH4 as a major reaction product, and annealing the solid neon matrix
increased a group of six sharp newabsorptions, whichwere assigned toWH6, formed
by the spontaneous reaction ofWH4 andH2 [35]. These absorptionsmatched density
functional calculated frequencies for the distorted C3v prism WH6 structure, which
remains the highest neutral hydride and the only neutral metal hexahydride to be
observed experimentally. This distorted structure is more stable than the octahedral
form, which has been the subject of extensive theoretical calculations [36]. Later work
in this laboratory showed that laser ablatedWatoms react with neat normal and para
hydrogen to form the largest possible physically stable tungsten hydride species,
which is the tungsten tetrahydride tetradihydrogen [37].

Figure 12.5 illustrates infrared spectra for tungsten ablation and reactionwith pure
normal hydrogen during condensation at 4 K. The most prominent new absorptions
are observed at 1859.1, 1830.3, and 437.2 cm�1 with weaker bands at 2500, 1781.6,
1007.6, and 551.5 cm�1 (markedwith arrows). Annealing this sample to 6 K had little
effect on the spectrum while full arc irradiation (>220 nm) reduced the absorptions
and a subsequent annealing to 6.3 K only sharpened them. The seven absorptions
marked with arrows track together upon annealing and UV irradiation, and they are
thus associatedwith a commonnewproduct species.Note the absence of absorptions
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Figure 12.5 Infrared spectra for the laser ablated W atom and pure hydrogen reaction product in
solid normal hydrogen at 4 K. (a) Spectrumafter reagent codeposition for 30min, (b) after annealing
at 6 K, (c) after >220 nm irradiation, and (d) after annealing at 6.3 K.
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in the 1920 2020 cm�1 region where the strongest absorptions of WH6 appeared in
solid neon [35]. Afinal annealing at 7 K allowed the hydrogenmatrix to evaporate, and
the new product to aggregate leaving behind no infrared absorption. Deuterium
counterparts for the stronger bands were also observed and are reported in our
publication [37].

The observed infrared spectra reveal diagnostic absorptions due to molecular
subunits that identify thisnew tungstenhydride dihydrogencomplex.First, theWH4

molecule in tetrahedral symmetry has been characterized by the triply degenerate
antisymmetric W H stretching and bending modes at 1920.5 and 525.2 cm�1 in
solid neon [35], and the weak new band at 1911.5 cm�1 in the solid hydrogen
experiment can be assigned to WH4 trapped on the surface where limited coordi
nation can occur. The strong new absorptions at 1859.1 and 1830.3 cm�1 are slightly
lower but still appropriate for W H stretching modes as the 1.3951 and 1.3853
isotopic H/D frequency ratios indicate, and the new 551.5 cm�1 band is likewise due
to an analogous H W H bending mode. Hence, the new product contains two or
moreW Hhydride bonds. Second, the new absorptions at 2500, 1781.6, 1007.6, and
437.2 cm�1 arise from the presence of side bound dihydrogenmolecules in this new
product. The broad 2500 cm�1 band is characteristic of theH Hstretchingmode for
strongly complexed dihydrogen molecules as this mode was first observed at 2690
cm�1 in the importantKubas complex [38]. The2500/1790¼ 1.397H/D isotopic ratio
is in accord with that expected for an H H stretching mode. The 1781.6 cm�1 band
can be assigned to the antisymmetric W (H2) stretching mode on the basis of its
1.3892 isotopic H/D frequency ratio and its prediction from density functional
calculations to fall about 80 cm�1 below the aforementioned highest antisymmetric
W Hstretchingmodeat 1859.1 cm�1. Suchamodewasobserved lower at 1570 cm�1

in the Kubas complex. The remaining two weak 1007.6 and strong 437.2 cm�1 bands
are due to H2 W H2 bending modes based on the prediction of such vibrational
frequencies at 1065 and 414 cm�1 by density functional theory calculations [37]. The
higher of thesehas the appropriate 1.3996H/D isotopic frequency ratio, and the lower
of these may be compared with the W (H2) deformation mode observed near
450 cm�1 for the Kubas complex. This identification of WH4(H2)4 based on the
above vibrational assignments is confirmed by the close correlation of the seven
strongest observed and calculated frequencies (Table 12.7) [37].

Thus, we see that WH4 is ligated by four dihydrogen molecules after preparation
from the spontaneous reaction of W and neat H2. Calculations show that the lowest
energy complex that can be formed is the WH4(H2)4 species [37]. In like fashion,
laser ablated Ru reacts with pure hydrogen to form an analogous RuH2(H2)4
supercomplex [39].

12.9
Pt and CCl4 Form the Carbene CCl2¼PtCl2

Platinummetal is well known as a catalystmaterial formany chemical processes, and
a number of platinum carbene complexes and their organometallic chemistry in
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catalytic reactions have been explored [40]. Carbon tetrachloride reacts extensively
withmetal atoms, and the simplemethylidyne product ClC�MoCl3 is a testament to
this point [34]. In the case of platinum, however, relative product energies terminate
this reaction with the CCl2¼PtCl2 carbene [41].

Laser ablated Pt atoms react with carbon tetrachloride in excess argon during
condensation at 8 K to give two strong new absorptions at 1008.3 and 886.5 cm�1

(884.6 cm�1 shoulder for chlorine isotopic splitting) (labeled m for methylidene) in
Figure 12.6 along with bands at 1036.4 cm�1 (CCl3

þ ), 1019.3 and 926.7 cm�1

(Cl2CCl Cl), and 898 cm�1 (CCl3) produced by laser plume irradiation of the
precursor. The latter bands are common to all laser ablated metal experiments with
CCl4 [34, 40]. The new absorptions increased in concert by 10 and 20% upon
irradiation in the visible (l> 420 nm) and ultraviolet (240 380 nm) regions, respec
tively. Annealing at 28 K sharpened the bands and resolved the 884.6 cm�1 shoulder.
A similar experiment with 13CCl4 (90% enriched) shifted the new absorptions to

Table 12.7 Frequencies (cm 1) calculated at the DFT/BP86/TZVPP level of theory for WH4(H2)4.
singlet state. D2d symmetry.

Observed
frequencya)

Calculated
frequency

Intensityb) Symmetryc) Mode description

351 0 b1
437.2 414 171 b2 Bending H2 W H2

428 6� 2 e Bending H2 W H2

499 0 a1
539 0 a2

551.5 565 38� 2 e Bending H W H
681 0 b1
748 8� 2 e Bending H W H2

775 0 a2
816 16� 2 e Bending H W H2

842 0 b2
871 0 a1
897 0 b1

1007.6 1065 172� 2 e Bending H2 W H2

1160 3 b2 Bending H2 W H2

1284 0 a1
1741 0 b1 Asym. stretch W H2

1767 0 a2 Stretch W H2

1782.0 1790 40� 2 e Asym. stretch W H2

1830.6 1844 212 b2 Sym. stretch W H
1859.3 1868 53� 2 e Asym. stretch W H

1903 0 a1 Totally sym. stretch W H
2500 2657 208� 2 e Stretch H H

2683 11 b2 Stretch H H
2740 0 a1 Totally sym. stretch H H

a) Observed here in solid hydrogen.
b) Calculated infrared intensity (km/mol).
c) Mode irreducible representation in D2d symmetry.
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971.4 and to 858.5 cm�1 (856.1 cm�1 shoulder). The appearance of the 12C product
bands with about 1/10 of the 13C product band absorbance confirms that a single
carbon atom participates in these vibrational modes [41].

The two strong 1008.3 and 886.5 cm�1 product absorptions from the reaction of Pt
andCCl4 in solid argon are assigned to theCCl2¼PtCl2methylidene for the following
reasons [36]. First, the observed bands are 1 and 2% higher than the harmonic
frequencies calculated for the two strongest modes of this minimum energy product
using the B3LYP density functional (Table 12.8). Furthermore, the strongest calcu
lated (B3LYP) absorption for the 23 kcal/mol higher energy CCl3 PtCl insertion
product at 838 cm�1 is not detected. Second, the carbon 13 shifts, 36.9 and 28.0 cm�1,
observed for the two strong bands very closely match the computed values, 36.6 and
28.1 cm�1, as the observed 12/13 isotopic frequency ratios 1.03 799 and 1.03 262 are
almost the same as the calculated frequency ratios, 1.03 799 and 1.03 339. Thismeans
that the calculation is describing the same normalmodes as observed for the reaction
product, and it reinforces the match in calculated frequency position and high
intensities. Third, the 886.5 cm�1 product band and 884.6 cm�1 shoulder have the
appropriate 9/6 relative intensity for natural abundance chlorine isotopes (35,35/
35,37 statistical population) for a vibration involving two equivalent chlorine atoms.
The B3LYP density functional calculation predicts a 2.0 cm�1 shift, and we observe a
1.9 cm�1 shift for this isotopic effect. In theCCl2¼PtCl2methylidene case, the B3LYP
density functional predicts slightly higher frequencies than observed, but the BPW91
pure density functional values are considerably lower than the observed values.

Figure 12.6 Infrared spectra observed in the
1100 800 cm 1 region for the laser ablated
platinum atom and carbon tetrachloride
reaction products in excess argon at 10 K. (a) Pt
and CCl4 (0.5% in argon) codeposited for 1 h,
(b) after visible (l> 420 nm) irradiation for

20min, and (c) after ultraviolet (240 380 nm)
irradiation for 20min. (d) Pt and 13CCl4 (0.5% in
argon, 90% enriched) codeposited for 1 h, (e)
after visible (l> 420 nm) irradiation for 20min,
and (f) after ultraviolet (240 380 nm)
irradiation for 20min.
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Table 12.8 Observed and calculated fundamental frequencies of the CCl2 PtCl2 methylidene in the ground 1A1 electronic state with the C2v structure
a).

Approximate
description

12CCl2 PtCl2
13CCl2 PtCl2

Observed B3LYP Intensity BPW91 Intensity Observed B3LYP Intensity BPW91 Intensity

Cl2 C Pt str.,b) a1 1008.3 999.9 284 981.5 242 971.4 963.3 264 945.4 225
C Cl str., b2 886.5 869.7 198 838.9 190 858.5 841.6 185 811.8 178
CCl2 wag, b1 451.1 0 427.9 5 434.7 0 427.5 5
CCl2 bend,

c) a1 438.9 4 426.6 0 438.5 3 411.4 0
Pt Cl str. b1 365.3 69 367.9 60 365.1 68 367.5 60
Pt Cl str., a1 349.1 8 350.9 8 349.1 8 350.9 8
CCl2 def., a1 227.7 0 222.0 0 227.7 0 222.0 0
CCl2 rock, b2 213.2 0 207.2 0 212.3 0 206.4 0
PtCl2 wag, b2 102.2d) 1 101.4 1 102.2 1 101.4 1

a) Frequencies and intensities are in cm 1 and km/mol. Observed in an argon matrix. Frequencies and intensities computed with B3LYP/6-311þþG(3df,3pd) in the
harmonic approximation using the SDD core potential and basis set for Pt and using the BPW91 functional. Symmetry notations are based on the C2v structure.

b) Mode has antisymmetric Cl2 C¼Pt stretching character.
c) Mode has some symmetric Cl2 C¼Pt stretching character.
d) Three real 96, 65, and 23 cm 1 frequencies are not listed.
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Interestingly, the 1008.3 cm�1 vibrational coordinate involves mostly Pt¼C
stretching mixed with symmetric C Cl2 displacement. For a pure symmetric
Cl C Cl stretching mode with the 115.3� valence angle calculated here, the
12/13 isotopic frequency ratio would be 1.02 503, which is substantially less than
the observed 1.03 799 value. This underscores the description of this normalmode as
C vibrating back and forth between Pt and two Cl atoms. The calculated 438.9 cm�1

mode with only 0.4 cm�1 carbon 13 shift is the symmetric Cl2 C¼Pt stretching
counterpart, which involves little carbonmotion. The matrix infrared spectrum with
the two strongestmodes calculated forCCl2¼PtCl2 facilitates the identification of this
simple platinum carbene complex.

12.10
Th and CH4 Yield the Agostic Methylidene Product CH2¼ThH2

Thorium and uranium chemistries are centered on IV and VI oxidation state
compounds [22], respectively, so we thought it would be possible to prepare some
of the above group 4 and 6 complexes using the same reactions of these two least
radioactive early actinide metals. Following Ti, Zr, and Hf reactions, Th experiments
were conducted first with methane, and a group of five bands (1435.7, 1397.1 cm�1

ThH2 stretch, 670.8 cm
�1 C¼Th stretch, 634.6 cm�1 CH2wag, and 458.7 cm

�1 ThH2

bend) tracked together upon photolysis and annealing and were assigned to
CH2¼ThH2 based on the mode characterizations and excellent agreement with
calculated frequencies, as shown in Table 12.9 [42]. Notice that the isotopic shifts for
the diagnostic Th¼C bond stretching mode are nicely matched by the calculations.
The computed structure reveals comparable agostic distortion to that calculated for
CH2¼ZrH2. Following the results with Ti, thorium reactions with methyl fluoride
gave a higher product yield, and the Th H, Th F, and Th¼C stretching modes and
the CH2 wagging mode correlate well with B3LYP computed values for the
CH2¼ThHF product [43].

12.11
U and CHF3 Produce the Methylidyne CH�UF3

Following the logic described above for Mo, it appeared that higher oxidation state
uranium products would be favored with more heavily halogenated reagents. The
analogous reaction with uranium and CHF3 produced similar product spectra. New
absorptions were observed at 576.2, 540.2, and 527.5 cm�1 in the infrared spectrum
recorded after the initial reaction of U and CHF3. These bands increase by 30% upon
ultraviolet irradiation (l> 290 nm) and another 20% upon further ultraviolet irra
diation (l> 220 nm), and they are due to the major reaction product. The reaction
with CDF3 gave the same upper band, the strong band shifted to 535.9 cm�1, and the
lower band shifted below our region of observation.
On the basis of the agreement with density functional computed frequencies,

Table 12.10, the higher bands are assigned to the symmetric stretching mode of a

12.11 U and CHF3 Produce the Methylidyne CH�UF3 j371



Table 12.9 Observed and calculated fundamental frequencies of CH2 ThH2
a).

Approximate mode
description

CH2 ThH2
13CH2 ThH2

13CH2 ThH2

Observed Calculated Intensity Observed Calculated Intensity Observed Calculated Intensity

CH2 stretch 3142.6 2 3132.2 2 2321.7 2
CH2 stretch 2861.4 11 2854.9 11 2084.7 2
ThH2 stretch 1435.7 1434.9 350 1435.7 1434.8 350 b) 1023.5 110
ThH2 stretch 1397.1 1394.2 698 1391.7 1394.2 698 b) 1005.7 98
CH2 bend 1327.5 11 1320.5 11 989.0 340
C Th stretch 670.8 679.6 178 651.5 659.7 173 602.9 614.8 127
CH2 wag 634.6 633.0 161 629.2 627.5 157 499.2 495.1 109
ThH2 bend 458.7 492.8 110 492.3 108 355.8 34
ThH2 rock 460.8 5 458.2 4 344.4 29
CH2 twist 343.0 30 342.5 30 245.3 18
ThH2 wag 321.9 65 321.6 66 230.2 30
CH2 rock 248.4 62 248.1 62 177.5 30

a) B3LYP/6-311þþG(3df,3pd)/SDD level of theory. Frequencies and infrared intensities are in cm 1 and km/mol. Observed are in argonmatrix. Intensities are calculated
values.

b) Region covered by CD4 precursor absorption.
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Table 12.10 Observed and calculated fundamental vibrational frequencies for the C3v CH:UF3 (X H, D, F) molecules.

Mode description 13CH:UF3 13CH � UF3 CD:UF3 CH:UF3 CD:UF3

Observeda) Calculatedb) Observeda) Calculatedb) Observeda) Calculatedb) Calculatedc) Calculatedc)

C X str., a1 2979(2) 2969(2) 2200(1) 3069(1) 2267(0)
U:CX str., a1 747(46) d) 721(42) 717(41) 715(20) 687(16)
U F sym. str., a1 576.2 585(122) d) 585(123) 576.2 586(123) 586(142) 586(141)
U F antisym. str., e 540.2 561(284) 539.2 559(280) 535.9 541(207) 575(560) 545(478)
U:C X bend, e 527.5 508(34) d) 506(24) 412(49) 520(43) 436(71)

a) Absorptions observed in argon matrix.
b) Vibrational frequencies (cm 1) and intensities (km/mol, in parenthesis) are calculated using PW91/TZ2P. Three real lower frequency

bending modes (a 1, e, e) are not listed.
c) B3LYP/6-311þþG(3df,3pd)/SDD calculation.
d) Sample too dilute to observe weaker bands.
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trigonal UF3 group and the strongest band to the degenerate antisymmetric coun
terpart. The lowest band is due to the degenerate H U F bending mode, which is
blueshifted in the chloroform product. The B3LYP values are higher than the PW91
values, and in the case of the degenerate H U F bending mode, closer to the
observed spectral bands. Theoretical analysis shows that a triple bond is formed
between carbon and uranium in these methylidyne HC�UF3 molecules [44].

Expanding the extensive methylidene and methylidyne organometallic chemistry
of the transition metals [45] to include actinide metals is a difficult challenge. This
may be due in part to the fact that actinide 6d and 5f valence orbitals donot behave like
transition metal nd orbitals, but we find some transition metal like behavior in the
early actinides. These investigations into Th and U methylidenes and methyli
dynes [42 44, 46] provide information on the existence and the nature of novel
actinide carbon multiple bonded species.
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13
Astronomical Molecular Spectroscopy
Timothy W. Schmidt

13.1
The Giants� Shoulders

Stargazing, in its most primitive form, has entertained our species for hundreds of
thousands of years. The ancients used knowledge of the positions of fixed stars as
navigational aids and also recognized wandering stars (planets), comets, and novae.
The astrolabe, an instrument for fixing the positions of stars, was invented in
Greece some 2200 years ago. In medieval times, the positions of stars were of great
importance to the Islamic world to indicate the correct times for prayer and the
direction of Mecca, and the astrolabe was an important tool. Indeed, one of the
greatest observational astronomers, Tycho Brahe,1) performed his measurements
without a telescope. He used a �great mural quadrant,� whereby stars were sighted
through a slot in awall with a tool attached to a 90� arc. Accuratemeasurements of the
positions of stars and planets were made in this way, and they remained the most
accurate until the introduction of well built telescopes. Brahe died in 1601, passing
his legacy to Johannes Kepler,2)who had joined him as an assistant only a year before.
Kepler continued to work with Brahe�s observations for a decade, during which he
developed the laws of planetary motion for which he is most famous, and advanced
theories on geometric optics. Kepler was a contemporary of Galileo,3)who is credited
with the development and improvement of the refractive telescope. Galileo observed
the four largest moons of Jupiter and described the phases of Venus as being similar
to the Earth�s moon. Hans Lipperhey,4) a German Dutch lensmaker, is widely
considered the inventor of the telescope. However, lenses themselves had been
known for at least 2000 years, and are the subject of many writings from ancient and
medieval times. Indeed, Ibn al Haytham,5) considered by many the first scientist,
wrote extensively on optical properties of light and vision in his Kitâb al Manâzir

1) Tyge Ottesen Brahe, 1546 1601, Danish
astronomer.

2) 1571 1630, German astronomer and
physicist.

3) Galileo Galilei, 1564 1642, Italian physicist,
astronomer, and mathematician.

4) 1570 1619.

5) Abu Ali Hasan Ibn al-Haytham (called Alha-
zen in Europe), 965 1039, Persian polymath.
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(Book of Optics, 1021), summarized by Roger Bacon over 200 years later in his
Perspectiva (1267). Al Haytham�s work was translated into Latin in 1270 as Opticae
thesaurus Alhazeni. He described many studies on parabolic and spherical mirrors,
the foundation for all modern optical telescopes, and performed the first recorded
experiments on the separation of white light into its constituent colors.

Around 1650, in Bologna, Grimaldi6) observed that small apertures cause what he
referred to as diffringere. Moreover, he also observed that diffraction also resulted in
coloration. As an astronomer, Grimaldi made accurate maps of the visible geograph
ical features of the Earth�s moon and named them after scientists. Grimaldi�s
diffraction was explained by the wave theory of light put forward by Christiaan
Huygens7) in his Trait�e de la lumi�ere (1690), though the reason of the appearance of
different colors eluded him. In addition to studying light, Huygens described the
rings of Saturn and the largest of its moons, Titan. The atmosphere of Titan is today
the subject of intense chemical research following the successful deployment of the
Huygens probe by the Cassini orbiter in 2005.

IsaacNewton8)wrote to the Royal Society in 1672 a letter enclosing his NewTheory
about Light and Colors:

Where Light is declared to be not Similar or Homogeneal, but consisting of difform
rays, some of which are more refrangible than others: And Colors are affirm�d to be
not Qualifications of Light, deriv�d from Refractions of natural Bodies, (as �tis
generally believed;) but Original and Connate properties, which in divers rays are
divers: Where several Observations and Experiments are alledged to prove the said
Theory.

Newton�s letter begins, �To performmy late promise to you, I shall without further
ceremony acquaint you, that in the beginning of the Year 1666 (at which time
I applyed my self to the grinding of Optick glasses of other figures than Spherical),
I procuredme a Triangular glass Prisme, to try therewith the celebrated Phænomena
ofColours. And in order thereto having darkenedmy chamber, andmade a small hole
in my window shuts, to let in a convenient quantity of the Suns light, I placed my
Prisme at his entrance, that itmight be thereby refracted to the opposite wall. It was at
first a very pleasing divertisement, to view the vivid and intense colours produced
thereby.�

Newton explained refraction as a property of a corpuscular light, in which the
particles of different colors were refracted to different extents. This communication
marks the birth of spectroscopy, with the description of color arising from the
selective absorption and transmission of various components of the visible spectrum.
Newton communicated his studies on light to the general public in his Opticks: or, a
Treatise of the Relexions, Refractions, Inflexions and Colours of Light, released in 1704.
The treatise was written in contemporary English, rather than Latin, and dealt with

6) Francesco Maria Grimaldi, 1618 1663, Italian mathematician, physicist, and Jesuit priest.

7) 1629 1695, Dutch astronomer, physicist, and mathematician.

8) 1643 1727, English physicist, astronomer, mathematician, and alchemist.
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everyday phenomena in the language of everyday people. Importantly, just like
Al Haytham, Kepler, Galileo, Grimaldi, and Huygens, Newton contributed to the
development of astronomy and designed a reflecting telescope that now bears his
name. With the telecope and the prism, we have the tools of astronomical spectros
copy. Newton, standing on the shoulders of giants,9) provided the tools with which to
investigate phenomena in the greatest laboratory of all: Outer Space.

13.2
The First Spectroscopists and Seeds of Quantum Theory

The wave theory of Huygens and the corpuscular theory of Newton were both
hugely successful, yet the wave theory of light gained the upper hand during the
nineteenth century. Ironically, Newton�s reputation and achievements served as a
barrier to further developments in fundamental understanding of light until the late
eighteenth century. In November 1801, Thomas Young10) delivered the Bakerian
Lecture to the Royal Society entitled �On the Theory of Light and Colours� [1]. In this
lecture, he begins carefully by deferring to Newton, going so far as to claim that his
theories are mostly a reinterpretation of Newton�s own writings: �A more extensive
examination of Newton�s various writings has shown me, that he was in reality
the first that suggested such a theory as I shall endeavour to maintain.� Yet, by the
end of the lecture, Young has all but destroyed the corpuscular theory of light by
demonstrating, quantitatively, that the colors of thin plates, oil films, and diffraction
gratings (�Mr Coventry�s Exquisite Micrometers�) can all be explained by an
undulatory theory of light. He postulates that �The Sensation of different Colours
depends on the different frequency of Vibrations excited by Light in the Retina,�
having himself dissected many [2]. Moreover, he accurately calculates the wave
number of the extrema of the visible spectrum as 37 640 in.�1 (14 820 cm�1, 675 nm)
and 59 750 in.�1 (23 520 cm�1, 425 nm), with yellow estimated at 44 000 in.�1

(17 320 cm�1, 577 nm) (Figure 13.1). William Herschel11) had demonstrated, in
1800, that the sun�s radiation extended into the infrared, and Ritter made similar
observations in the ultraviolet the following year. In the same volume of Philosophical
Transactions, as Young�s lecture is published, Herschel publishes estimates of the
sizes of the asteroids Ceres and Pallas [3] and Wollaston12) remarks on dark lines
within the solar spectrum [4]. Analyzing the light of a flame, he says that the blue part
of the flame exhibits a series of four bands from the red to the blue, and a fifth band at
the boundary of the blue and violet regions. The red band was terminated with a

9) Newton used this ancient metaphor in a letter
to Robert Hooke, which some have taken as a
sarcastic reference to Hooke�s stature.

10) 1773 1829, English physician, physicist, and
Egyptologist.

11) Friedrich Wilhelm Herschel, 1738 1822,
German-born British astronomer. Discov-

ered Uranus and named it George, for the
king of England.

12) William Hyde Wollaston, 1766 1828, En-
glish chemist and physicist. Discovered pal-
ladium and rhodium.
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bright line of yellow. On the spectrum of an electrical discharge in air, he says, �I
cannot undertake to explain.�

Fraunhofer,13) who had become a skilled glassmaker and instrument maker,
invented the spectroscope in 1814. He located 574 dark lines appearing in the solar
spectrum, and still denoted Fraunhofer lines in his honor. The most prominent of
these dark lines were labeled with lettersA K , and Fraunhofer noted the coincidence
between the D lines and a yellow emission feature known to occur in flames, which
Wollaston had described. In the early 1820s, he affixed his spectroscope to a telescope
in order to study the spectrum of stars other than the sun. The brightest star, Sirius,
was found to exhibit a spectrumquite different fromand simpler than that of the sun,
while that of the Venus was virtually identical, it being seen in reflected sunlight.

Slowly, many of the dark lines exhibited in the solar spectrum were observed in
emission from laboratory flames, with various lines becoming associated with
particular elements. Indeed, the D lines of sodium observed by Wollaston and
Fraunhofer are still referred to as such. The exact explanation for the appearance
of lines in absorption and emission came from Kirchhoff and Bunsen14) who
published, in 1860, a list of laboratory lines and their correspondences with the
absorption features in the solar spectrum (Figure 13.2) [5]. Their work conclusively
proved that the sun contained the same elements as appeared on earth, among them
calcium and sodium. A few years earlier, William Swan15) described the emission

Figure 13.1 Young�s tabulated wavelengths and wave numbers for visible light, from his 1801
Bakerian Lecture. The frequencies suppose the speed of light to be 500 000 000 000 ft. in 8.5min,
2:99� 108 ms 1, from astronomical measurements.

13) Joseph (von) Fraunhofer, 1787 1826, German.

14) Robert Wilhelm Eberhard Bunsen, 1811 1899, and Gustav Robert Kirchhoff, 1824 1887, German
physicists and chemists. Discovered rubidium and caesium.

15) 1818 1894, Scottish.
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bands that bear his name to the Royal Society of Edinburgh [6]. These had been
observed by Wollaston as the dominant emission from the blue part of a flame.

WilliamHuggins16) pounced on the scientific opportunities facilitated by the work
of Kirchhoff and Bunsen and published the spectra ofmany elements in 1864 [7]. He
built a telescope and spectrograph in his garden and collected the spectra of various
stars, nebulae, and comets. Thisworkwas published almost simultaneously with that
of the American L.M. Rutherfurd, who also collected and classified various stellar
spectra. The first cometary spectrum, of Comet Tempel, was reported in 1864 by
Donati,17) who reported the appearance of the Swan bands [8]. The appearance of
Swan bands in cometary spectra was confirmed by Huggins in 1868 in his report of
the spectrum of Comet Winnecke and also in Coggia�s Comet of 1874 [9, 10].
Remarkably, by comparison with the positions of Swan bands obtained from a
terrestrial flame, Huggins demonstrated that the relative velocity of the comet was
some 40 miles per second. The bright band near Fraunhofer�s G line at 4300A

�
was

conspicuously absent from the comet�s spectrum, being normally associatedwith the
Swan bands.

The Great Comet of 1881 was first observed by Tebbutt at Windsor, New South
Wales, now on the outskirts of Sydney,18) and its spectrum was obtained by Huggins
and others (Figure 13.3) [11]. Huggins correctly concluded that the bright lines
appearing at 3883 and 3870A

�
were due to carbon, in combination with nitrogen,

noting Liveing and Dewar�s demonstration that the spectrum was obtained from
cyanogen [12]. Huggin�s 1881 spectrum also revealed a band near 4050A

�
, which

would not be identified for another 70 years.

Figure 13.2 Bunsen and Kirchhoff�s spectroscope from Annalen der Physik (1860), showing
Bunsen�s famous burner. With this apparatus, one could observe the Swan bands of C2 and the
hydrocarbon bands due to the CH radical.

16) 1824 1910, English astronomer.

17) Giovanni Battista Donati, 1826 1873, Italian astronomer.

18) John Tebbutt, 1834 1916, Australian astronomer.
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By the late nineteenth century, spectroscopy was established as an astronomical
tool of great utility. The inherent curiosity of our species had spurred fundamental
studies of nature that had by now revealed the spectra of elements and molecules,
though these were not yet identified as such. The comets had revealed the great
ubiquity of the carbonaceous Swan bands, a hydrocarbon associated emission of
about 4300A

�
, and bright emissions from a cyanogen related form of carbon. These

phenomena were revealed to fundamental physicists by astronomical spectrosco
pists, but a proper understanding of them would have to wait until the advent of
quantum mechanics.

This chapter is about the relationship between astronomical molecular spectros
copy and computational spectrometry. A brief account of how the former gave rise to
the discovery of the quantummechanical phenomena that necessitated the latter has
already been given. Happily, in 2010, we are approaching the age whereby quantum
mechanics can �give back� to astronomy and assist in solving problems, some as old
as 90 years. Between these periods, molecular astronomy and computational
spectrometry have walked hand in hand, one aiding the other in development and

Figure 13.3 Top: The spectrum of the Great
Comet of 1881, discovered by Tebbutt, as
recorded and published by Huggins. The
Fraunhofer lines indicated are due to Caþ (H,
K), Fe (G), and H n 5! 2 (h). Two molecular

species are responsible for the emissions, CN
and C3. The latter would not be identified until
1951. Bottom: Tebbutt and his observatories as
depicted in Australia�s original $100 note.
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interpretation. In the following sections, we will deal with molecular astronomy
across four orders of magnitude of the electromagnetic spectrum, using case studies
to illustrate how computational spectrometry has advanced since the beginning of the
quantum theory.

13.3
Small Molecules

The spectra of many small molecules were obtained astronomically in the late
nineteenth and early twentieth centuries. However, in many instances, their iden
tification depended on the detailed understanding of spectroscopy afforded by the
developments in quantum theory in the first few decades of the twentieth century. As
of 2010, spectroscopic constants of small astronomicalmolecules can be calculated to
within 0.1%, but it has not always been so.Nevertheless, computational spectrometry
has played its part in interpreting astronomical spectra throughout the twentieth
century, and the exquisite data afforded by molecular spectroscopy have provided
quantum chemists with the sparring partners necessary to hone their code.

13.3.1
CH, CN, CO, COþ

By the end of the nineteenth century, the hydrocarbon spectrum observed by
Wollaston had been extensively reproduced in the laboratory. Although it was not
possible to establish with certainty whether hydrogen was required for production of
the Swan bands at 5635, 5165, and 4737A

�
, it appeared that it was required for the

4315A
�
band, and as such this and the other bands associatedwith this feature came to

be known as the �hydrocarbon bands.� Similarly, the �cyanogen bands,� identified
first in comets, were known to involve both carbon and nitrogen. Liveing and Dewar
referred to these as the nitrocarbon bands in 1880 [12], and they were observed
brightly in the Great Comet of 1881 [11]. Other band systems known to be associated
with carbon were the A

�
ngstr€om bands [13] and the �comet tail bands� [14].

The comet tail bands were first observed in the spectra of comets Daniel (1907d)
and Morehouse (1908c), especially bright in the tails. They were reproduced by
Fowler and shownmost likely to be due to CO [14, 15]. As they were always produced
at very low pressures, some referred to these spectra as the low pressure carbon
bands.WhileCO is amajor component of cometary gas, the lowest transition that can
be excited from the ground state is already in the vacuum ultraviolet and inaccessible
to early astronomers. As such, the spectrum of neutral CO was not known at first by
cometary spectra but by experimentation with discharge tubes.

Birge noted in 1926, �Until very recently it was impossible to give the exact
chemical origin of practically any band system, even of those most exhaustively
investigated. The long controversy concerning the Swan bands is a case in point.�
Indeed, the origin of the Swan bands in C2 would not be accepted for a few years,
and Birge thought �it is doubtful such a molecule (diatomic) exists� [16]. In 1926,
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The National Research Council (Washington) published �Molecular Spectra in
Gases,� the report of the National Research Council Committee on Radiation in
Gases. A bound copy would set you back $4.50, but it would have beenworth it just to
read Chapter 2: �a thirty page survey of �quantum dynamics and the correspondence
principle�, . . . entirely on the basis of the old quantum theory rather than the
Heisenberg Schroedinger mechanics, which were developed too late for in
corporation� [17]. Notwithstanding, the theories were advanced sufficiently that
moments of inertia extracted from the quantized rotational structure were sufficient
to identify the carriers of the hydrocarbon and cyanogen bands as CH and CN,
respectively. The identification of the comet tail bands with COþ stems from a
combination of the chemical evidence, the measured spectroscopic constants (now
more or less understood), and the fact that they occur in the region of the discharge
tube associated with cations [16]. These three diatomic molecules were among the
first radicals to be identified. They were discovered in space and contributed to the
development of the spectroscopy, which in the mid 1920s was developing into a
quantitative science.

In 1940, MacKellar reported on �Evidence for the molecular origin of some
hitherto unidentified interstellar lines� [18]. Coincidences between the lowest J lines
of CH and CN demonstrated these species to be interstellar. Indeed, from these
spectra, the temperature of interstellar space is calculated to not to exceed 2.7 K. In
fact, this is also the first evidence for the cosmic microwave background (CMB), for
the discovery of which, in 1965, Penzias and Wilson were awarded the 1978 Nobel
Prize in Physics. The dipolar CN molecule has since been used as a molecular
thermometer of the CMB [19]. In order to calculate column densities of CN, the
oscillator strengthsmust be known. The oscillator strengths in use are those of Roth,
Meyer, and Hawkins [20], who calculated values from a combination of total
electronic oscillator strength (from Jackson�s laser excitation studies [21]), Franck
Condon and H€onl London factors.

Cartwright and Hay, at Los Alamos, made an attempt to calculate oscillator
strengths for the CN violet and red systems in 1982 [22]. Their CI study utilized
a set of orbitals derived from an MCSCF calculation of the anion, which is
isoelectronic with N2.With a [4s 3p 1d] basis, a decent agreement was found between
the measured and the calculated fluorescence lifetimes for the B2Sþ state (violet
system), with the calculated values about 6% high. However, the calculations for the
A2P!X 2Sþ red systemwere not in agreement with the experiment. SumnerDavis
et al. at Berkeley sought to clarify the relative oscillator strengths of the violet and red
systems in 1986, after discussions with Cartwright and Hay [23]. They directly
compared the oscillator strengths of the red and violet systems, and calibrated their
results with a check of the fluorescence lifetime of the v0 ¼ 0 level of the B2Sþ state.
The results confirmed the validity of the experimental findings, and prompted
theorists at NASA to reattempt the calculation of the CN red system. In 1988,
Bauschlicher, Langhoff, and Taylor calculated oscillator strengths and emission
lifetimes for the red and violet CN systems [24]. They performed MRCI calculations
with a [5s 4p 3d 2f 1g] basis, calculating the radiative lifetime of the v0 ¼ 0 level of the
violet system in accord with that measured by Davis, but a little lower than some
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earlier investigations. Moreover, their calculated lifetimes for the violet system were
nearly identical with those of Cartwright and Hay. Again, the calculated lifetimes for
the red system were about twice as long as the experimental values. Lu, Huang, and
Halpern remeasured the vibrational levels of the red system in 1992, confirming the
error in the calculated lifetimes [25]. They suggested that the calculations had omitted
some effects assumed to be small, such as rotational interactions or quadrupole
terms. So, while astronomers can be satisfied that the experimental oscillator
strengths are reliable, it remains for computational spectrometry to predict the
correct lifetimes for the CN red system.

13.3.2
Dicarbon: C2

The Swan bands were known to be associated with carbon, but there persisted
uncertainty as to the carrier as late as 1927 [26]. Johnson concludes, �The evidence
both of direct experiment and of analysis is conclusive in assigning the Swan bands to
a HC CH molecule.� The same year Mulliken argued that the Swan bands are
�probably C2� [27], and by 1929 Johnson had come around to this way of thinking,
influenced, in part, by �more especially the rapid theoretical developments due to the
work of Mulliken and others� [28]. This paper also revealed more information on
Fowler�s �high pressure bands of carbon� [14, 15], which were shown to share the
lower statewith the Swan bands.19) In the same paper, Fowler described reproduction
of the �tail bands� of comets in low pressure CO, alluding to conversations with
Huggins that suggested that it was these bands that were seen in the 1868 comet
(Bronson). In 1939,Mulliken predicted 33 electronic states of C2, and calculated bond
lengths with remarkable accuracy using semiempirical formulas honed on the
knowledge of CN, N2

þ , N2, and O2 [29]. It was unknown then whether the triplet
3Pu or singlet

1Sþg state should be the �normal� state of C2, with Mulliken leaning
toward the triplet, without ruling out other possibilities, including 3S�g . These issues
were resolved by the discovery of a band system by Ballik and Ramsay in 1958 that
shared the lower state with the Swan and Fox Herzberg systems [30]. This had, as its
upper level, the 3S�g state that Mulliken had entertained as a possible ground state.
Moreover, perturbations in the 3S�g levels were found to match equal and opposite
perturbations in the 1Sþg state, revealing the singlet state as the ground state of C2. In
a conversation between Ramsay and the author,20) Ramsay described that Herzberg
took as many as eight matching perturbations as sufficient evidence as to this now
established fact. The band systems of greatest astrophysical importance then known
were the d3Pg! a3Pu Swan, e3Pg! a3Pu Fox Herzberg, b3S�g ! a3Pu Ballik
Ramsay, D1S�u !X1Sþg Mulliken, and A1Pu!X 1Sþg Phillips systems. The c3Sþu
state predicted by Mulliken could not be identified in spectra until the next century
(Figure 13.4).

19) These bands were, in fact, shown by Herzberg to be Swan bands with v0 ¼ 6, this state being excited
selectively from the recombination of two carbon atoms in a three-body collision.

20) International Symposium on Free Radicals, Big Sky, Montana, 2007.
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With the ground state of C2 fixed, and the positions of several states known,
Clementi proceeded to calculate the oscillator strengths of several band systems of C2

with impressive accuracy [31], using the �magic formula� ofMulliken to calculate the
hybridization of themolecular orbitals [32], checked against LCAO MO calculations.
Clementi used a compromise between his calculated values and the contemporary
experimental values for the oscillator strength of the Swan system to estimate the
abundance of dicarbon in the solar reversing layer, the Swan bands having been
observed in absorption in the spectrum of the sun [33].

In 1977, Souza and Lutz confirmed the dicarbon molecule as a component of the
interstellar medium, as evidenced by Phillips band absorption in the line of the sight
toward Cyg OB2 No. 12 [34]. This was the first new molecule identified in the
interstellar medium by optical spectroscopy since the late 1930s. In arriving at a total
abundance in this line of sight of 1� 1014 cm�2, they used the experimentally
determined oscillator strength for the 1 0 band of 2:4� 10�3 from Roux [35], which
did not differ so much from the earlier calculated result of Clementi. The following
year Chaffee and Lutz observed dicarbon toward f Ophiuchi, reporting a total
column density of 7:9� 1012 cm�2 [36].

At the same time, with these astronomical developments, there were several
attempts to conquerC2 by theory. Arnold andLanghoff published theirCI study of the
Swan system in 1978 [37], and the same year a similar study by Zeitz et al. was also
published [38]. Chabalowski et al. improved upon these calculations in 1981 [39],
reporting accurate oscillator strengths for the Swan and Fox Herzberg systems,
and reported the results of similar calculations on the Mulliken, Phillips, and
Ballik Ramsay systems in 1983 [40]. These calculations are in very good agreement

X1Σg+

A1Πu

D1Σu+

a3Πu

b3Σg
–

c3Σu
+

d3Πg

e3Πg

PHILLIPS

MULLIKEN

SWANDUCK

BALLIK-
RAMSAY

FOX-
HERZBERG

Figure 13.4 Some of the valence states of C2, with notable band systems indicated. The �Duck�
bands were discovered in the author�s laboratory in 2006, the name being coined by Klaas Nauta for
d c, and the proximity of a pub called the Duck and Swan (not to scale).
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with the most recent ones from the author�s research group in Sydney. The
motivation for undertaking these calculations in Sydney is an interesting story and
highlights how computational spectrometry is now so advanced as to precede
experiment.

In 2004, Robert Sharp (Anglo Australian Observatory) and the author undertook
observations on the Red Rectangle (q.v.). It was pointed out to us by Robert Glinski
(Tennessee Tech.) that our spectra of the 5800A

�
Red Rectangle bands (RRBs) had also

captured the (0,1) SwanbandofC2. TheSwanbands aredwarfedby theRRBs forwhich
thecarrier isunknown.Nevertheless,weundertook tomodel theC2photophysically, on
the initial assumption that C2 was a �solved problem.� This sort of kinetic model had
been built before by various groups [41]. However, there appeared to be some
uncertainty in the transition moments of some of the band systems invoked in the
models,whichnormally includedthea3Pu,b3S

�
g , c

3Sþu ,d3Pg ,X 1Sþg , andA1Pu states.
Iapproachedmyfriendandcolleague,GeorgeBacskay, tocalculate thesestatesusingthe
highest level possible in2006.Partitioning theworkbetweenusand agraduate student,
DamianKokkin,weobtained, eventually, excellent results for theprimaryspectroscopic
constants, generally to within 0.1%. This triumph was confused only by the terrible
agreementwith the literature for the c3Sþu state, whereve was calculated at 2061 cm

�1

with the experiment reporting 2085 cm�1 [42]. Such an agreement might have been
satisfactory 20 years earlier, but since all other states agreed with the reported spec
troscopy towithin0.1%,wewere confident that the calculations for the c3Sþu statewere
indeed accurate, and searched the literature thoroughly. As it turnedout, the c3Sþu state
had actually never been observed, except in a photodetachment spectrum of the
anion [43]. The reported constantswere the result offittingfive spectroscopic constants
to five perturbations of the c3Sþu state with the A1Pu state [44].

Being ambitious spectroscopists, andwith the tools at our disposal, we undertook a
laboratory search for the predicted d3Pg c3Sþu fluorescence excitation spectrum,
monitoring Swan emission, which theory had shownwould dominate the EinsteinA
coefficient. Due to the metastable nature of the c3Sþu state, it having no symmetry or
spin allowed downward transitions, it is formed easily enough (as it turned out) in a
pulsed electric discharge through argon containing about 1% acetylene.We obtained
excellent signal on thefirst day of trying and after someweeks had extracted spectra of
sufficient quality to extract the spectroscopic constants predicted by our calcula
tions [45, 46]. The experiments confirmed the validity of the computational results,
with ve measured at 2061.940 cm�1, only 0.03% above the calculated value. This
example of computational spectrometry taking priority of experiment, while seem
ingly minor, gives hope for the future, when age old problems of astronomical
spectroscopy may be solved using computers.

13.3.3
The Carbon Trimer: C3

What appear to be four lines centered around 4050A
�
in Huggin�s spectrum of the

Great Comet of 1881 would prove a mystery for 70 years [11]. The bands appeared in
many comets, though not all, sometimes when the CH spectrum around 4300A

�
was
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absent. In her report of the study of the spectrum of Comet Mellish (1915), Glancy
notes the appearance of the 4050A

�
group, which had also been observed in Comets

Zlatinsky (1914) and Brooks (1910) [47]. Importantly, she connects these bands with
the 1916 observations of Raffety in his study on discharges with carbon electro
des [48]. Indeed, Raffety�s work appears to be the first laboratory detection of the
4050A

�
group, and these bands were denoted Raffety�s Bands by Bobrovnikoff in his

1931 review, in which he suggests CN as the carrier of the bands [49]. Swings et al.
discussing the appearance of the bands inCometCunningham (1940), regard theuse
of the term �Raffety�s Bands� inadequate and suggest the carrier to be an as yet
uninvestigated polyatomic molecule [50]. In 2010, the bands were commonly
referred to as the �comet bands� for obvious reasons. The comet bands were
reproduced by Herzberg in the laboratory in 1942 [51]. He suggested CH2 as the
carrier, but it was shown byMonfils andRosen, using a deuterated precursor, that the
carrier possessed no hydrogens [52]. However, suggesting nothing else, the iden
tification remained a mystery until 1951, with a landmark paper by Douglas [53].
Comparing laboratory spectra obtained with natural and 13C enriched precursors,
Douglas concluded that the carrier was most likely C3, which was confirmed by a
follow up study in 1954 [54]. The spectroscopy of C3 was analyzed in detail in 1965 by
Gausset et al., a paper which, at the time of writing, has been cited nearly 250
times [55].

The carbon trimer poses a tricky problem for computational spectrometry, the
upper state being plagued by the complications of Renner Teller coupling. The
ground state is also rather unusual, having a vibrational frequency of only 63.4 cm�1.
Liskow et al. were able to calculate this at 69 cm�1 in 1972 [56], but this was perhaps
fortuitous as very high quality calculations by Saha and Western in 2006 yielded
85 cm�1 for thismode [57]. In 1977, Peri�c Radi�c et al. in Bonn treated both the ground
and the excited states of C3 with configuration interaction using a polarized double
zeta basis [58]. They obtained excellent agreement with the excited state position,
predicting a value only 0.03 eV too low, or 4 nm to the red. However, the calculated
ground state bending frequency is quite poor. They calculated the total oscillator
strength for the A1Pu X 1Sþg transition to be about f ¼ 0:061. Another result
reported is the theoretical position of the lowest triplet state of C3, which Peri�c Radi�c
and coworkers put at 2.04 eV seemingly confirming the 2.10 eV phosphorescence
observed in matrix isolation spectra as originating in the a3Pu state. The precise
position of this state is not known from gas phase spectroscopy, and may be
astronomically interesting. Chabalowski et al. improved on the previous results of
the Bonn group in 1986 with a study employing a much larger basis set, revising the
oscillator strength to f ¼ 0:052 [59]. This would correspond to an observable
emission lifetime of about 95 ns for the A1Pu!X1Sþg transition.

In 2001, Maier and coworkers succeeded in observing C3 in absorption toward a
number of astronomical sources, namely, f Ophiuchi, 20 Aquilae, and f Persei
(Figure 13.5) [60]. In calculating the column densities of C3 toward these sources,
Maier et al. opted for a value of f ¼ 0:016, some three times smaller than the ab initio
result of Chabalowski et al. Now, the theoretical result is a total oscillator strength,
assuming a Franck Condon factor of unity. Nevertheless, the predicted emission
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Figure 13.5 The absorption spectrum of C3 seen toward f Ophiuchi by Maier et al. [60] compared
with a calculated spectrum at 80 K.

lifetime is directly comparablewith observations. Indeed, the oscillator strength of C3

is calculated from emission lifetimes on the order of 200 ns observed by Becker et al.
in 1979 [61]. A recent reinvestigation by Zhang et al. of the lifetimes of rovibrational
lines of C3, in 2005, shows Becker and coworkers� experimental results to be
essentially correct [62]. Their reported emission lifetimes span 192 227 ns for low
J levels of the A1Puð000Þ state. The discrepancy between these values and those
predicted ab initio is possibly due to the variation of the transition moment with
geometry. The theoretical value of Chabalowski et al. is a fe value, evaluated only at the
equilibrium geometry. However, a 2002 MR AQCC calculation quotes a value of
fe ¼ 0:02, in accord with the derived experimental total oscillator strength of
0.0246 [63]. Although the 2006 results of Saha and Western are generally excellent,
they do not report oscillator strengths [57]. It would appear that the defining
computational spectrometry for C3 is yet to be reported. C3 has now been observed
in many translucent sight lines toward reddened stars [64] and in the infrared
spectrum of the molecule factory, IRC þ 10 216, and Saggitarius B2 [65, 66]. As a
fundamental component of the interstellar medium, accurate calculations on the
spectrosocpy of C3 will certainly illuminate its role in the chemistry of space.

13.3.4
Radioastronomy

In the mid 1930s, it was shown by Cleeton and Williams that gases could absorb
microwaves in the centimeter region [67]. Following theWorldWar II, scientists who
had diverted their attention to the development of radar could redirect their efforts to
fundamental science. In 1946, there was an explosion of spectroscopy of water and
ammonia in the centimeter region [68, 69]. However, detection of ammonia and then
water emission from extraterrestrial sources did not come until the reports of
Cheung et al. in the late 1960s [70, 71]. Cheung�s coauthors includedCharles Townes,
who hadwon theNobel Prize in Physics in 1964 �for fundamental work in the field of
quantum electronics, which has led to the construction of oscillators and amplifiers
based on the maser laser principle.� These reports were the first of the existence of
polyatomic molecules in the interstellar regions, as opposed to transient species in
comet tails. While the first molecules in space were identified through electronic
spectroscopy, it was the radioregions that yielded, by far, the majority of interstellar
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molecular identifications. As of July 2000, there were 123 interstellar molecules
known, with new discoveries being added at a rate of about 4 per year [72]. In
molecular radioastronomy, line positions can be measured to a precision of 1 part in
107, with laboratory measurements matching this precision [73]. Since rotational
spectroscopy is a ground state phenomenon, it poses excellent challenges and
opportunities to various computational methods. As radioastronomy progressed,
many new unidentified lines, or �U� lines, were discovered. The discovery of the
identity of these interstellar molecules is greatly enhanced by theoretical predictions
of structure and centrifugal distortion. An excellent example of this is the first
detection of an interstellar anion. In 1995, Kawaguchi and coworkers reported a
series of harmonically related U lines, a signature of a linear molecule, in a survey
toward IRC þ 10 216, a source often called the �molecule factory� [74]. Seven lines
were identified consistent with a linear molecule having a rotational constant of
1376.8641(4)MHz. From this, the unidentified species was designated B1377. Aoki
performed ab initio calculations of various candidates [75].He noted, in 2000, that the
rotational constant was similar to C6H and C5N, and while noting that no anion had
yet been discovered in interstellar space, recommended that �the U lines with the
rotational constant of 1377MHz may originate from the C6H

� anion. The B1377
spectrumwas reproduced in the laboratory in 2006 byMcCarthy et al. at theHarvard
Smithsonian Center for Astrophysics [76]. The laboratory B constant was measured
at 1376.86298(7)MHz, compared to the astronomical measurement, 1376.86248
(294)MHz. John Stanton performed a CCSD(T)/cc pVTZ calculation to predict a
rotational constant of 1376.9MHz, confirming without doubt the chemical origin of
the B1377 spectrum. Consequently, C4H

� was discovered in the envelope of the
carbon star IRC þ 10216 [77]. The anion had been previously identified, along with
C8H

�, in the laboratory by the Harvard Smithsonian group [78]. They compared
measured constants to Stanton�s CCSD(T)/cc pVTZ calculations with the vibration
rotation correction calculated at the CCSD(T)/cc pVDZ level of theory. For both
anions, the error is only 0.02%, highlighting the importance and success of
computational spectrometry in aiding the identification of laboratory and interstellar
spectra. C8H

� has since been detected in the Galactic molecular source TMC 1 [79].

13.4
The Diffuse Interstellar Bands

The first descriptions, in 1922, of unidentified absorption features seen toward
reddened stars were due to Mary Lea Heger [80]. Merrill�s studies had demonstrated
that these features did not follow the oscillatorymotionwhen observed toward binary
systems and thus were due to the interstellar medium [81]. Merrill knew of four
features, at 5780.4, 5796.9, 6283.9, and 6613.9 A

�
with a vague feature at 4427A

�
being

�suspected.� There are now hundreds of confirmed diffuse interstellar bands, but not a
single one has been assigned to a carrier, despite decades of detailed investigation. In
the late 1970s, it was generally assumed that the carriers arose from impurities in
grains acting as color centers. However, Smith et al. renewed interest in molecular
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carriers [82]. Also in 1977, Douglas, who had years earlier identified C3 in the
laboratory, suggested carbon chains as carriers of the diffuse interstellar bands and
that the observed widths of the lines arose from the rapid internal conversion [83]. It
was knownby then from radioastronomy that carbon chains existed in the interstellar
medium.

Computational results aid in interpreting and understanding laboratory spectra.
While calculationsmay not always be able to reproduce oscillator strengths and band
positions quantitatively, there is still value in qualitative results. Coulson would have
agreed. At the molecular quantum mechanics conference in 1960 at Boulder,
Colorado, he is said to have pleaded in his after dinner speech �give us insight,
not numbers!� [84]. An example of this with regard to carbon chain molecules and
DIBs is in the strengths of electronic transitions of odd, hydrogen terminated carbon
chains, HC2nþ 1H [85]. These molecules possess one px and one py electron for each
carbon in the chain, ensuring that the ground state has odd occupancies of each of the
two perpendicular p systems. The ground state is thus a triplet, and electronic
excitations take place by promoting electrons from the nth px=y orbital to the nþ 1th,
or from the singly occupied nþ 1th to the nþ 2th (LUMO). At theH€uckel level, these
transitions give rise to a pair of degenerate excited states, due to the symmetry of the
energy level spacings in the p system. Introducing configuration interaction acts to
split these states into even and odd combinations of the one electron excitations. As it
turns out, the lower energy excited state, which had been the focus of laboratory
investigations, is the odd combination [86]. This has the consequence that the
transition moments of each one electron excitation cancel, and the A3S�u X 3S�g
carries very little oscillator strength and is therefore not likely to be a good candidate
for astronomical detection (a match to a DIB would have been self evident). The
oscillator strength is carried by the B3S�u X 3S�g transition, which we calculated by
CASSCF to have oscillator strengths greater than unity and increasing with chain
length. For HC19H, which we detected using R2C2PI spectroscopy, the CASSCF
B3S�u X 3S�g oscillator strength is calculated to be about 10.Higher level calculations
byM€uhlh€auser et al. usingMRCI for smallermembers of the series predict an f value
about two thirds this value [87]. Indeed, these consequences are predicted by the
pairing theorem put forward by Coulson and Rushbrooke in 1940 [88].

Observations on infrared emissions at characteristic wavelengths in the 1970s led
to polycyclic aromatic hydrocarbons (PAHs) being suggested as the carrier [89].
PAHs are transiently heated by absorption of ultraviolet photons and then fluoresce
in the infrared through vibrational transitions on the ground state following internal
conversion. L�eger and d�Hendecourt dedicated their 1985 paper on the DIBs to the
memory of Douglas, in which they hypothesize that the DIBs are due to polycyclic
aromatic hydrocarbons [90]. A similar hypothesis was put forward by van der Zwet
and Allamandola [91]. Crawford, Tielens, and Allamandola, realizing that even small
PAH cations exhibited transitions in the DIB range, proposed this class of molecular
ion as a set of candidates [92]. With carbon chains and PAHs, neutral or ionized, we
have the most seriously considered candidates for the DIB carriers. Computational
spectroscopymay be of great use to experimentalists in identifying candidate carriers
for investigation in the laboratory. For instance, for PAHs comprising between 4 and
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10 fused benzene rings, there are over 20 000 possibilities! It is clearly impossible to
synthesize every possible species and measure its excitation under simulated
astrophysical conditions.

Weisman et al. applied TDDFTwith the 6 31G� basis to show that closed shell PAH
cations exhibit spectra dominated by a strong absorption in the DIB range, with
oscillator strengths in the f � 0:2 range [93]. Since few DIBs exhibit any perfect
correlation in equivalent width, it is generally assumed that each DIB arises from a
different species, hence the need for a single strong transition to dominate the
spectroscopy. Recently, Hammonds et al. performed a similar study on hydrogenated
and protonated PAHs [94]. For more standard PAHs and their cations, a database is
maintained byMalloci et al. at http://astrochemistry.ca.astro.it/database/. At the time
of writing, it contained calculated spectra of 40 PAHs in various charge states.

In 2010, with the DIB problem still unresolved, the problem lies more with
experimental techniques. It is rather simple these days to select a candidatemolecule,
optimize the geometry at the B3LYP/6 31G� or a similar level, and run a TDDFT
calculation. The positions of excited states may be within 0.3 eV of the eventual
answer, butmatches toDIBsmust be spectroscopically exact. In the author�s opinion,
a real contribution to solving the problemmay come from finding, using theoretical
methods, a chromophore with large oscillator strengths and near vertical excitations.
In doing so, laboratorymeasurementsmay be guided towardmore likelyDIB carriers
and effort will be more fruitfully spent.

13.4.1
The Hump

Themost prominent feature on the interstellar extinction curve, and thus the biggest
DIB of all, is the so called 2175A

�
�hump,� discovered in 1965 [95]. It was immediately

realized that this could be explained by graphitic particles in the interstellarmedium,
an idea that fits well with the later proposed carriers of the DIBs and the AIBs. In
1991, using the CNDO/S method, Braga et al. suggested that fullerenes could be
responsible for the hump [96]. Sitting between fullerenes and graphitic particles,
carbon onions were proposed in 2003, from comparisons with actual spectra [97].
Recent calculations at the B3LYP/4 31G level have shown that a mixture of dehy
drogenated PAHs could give rise to this feature [98, 99]. So, it would appear that there
is a range of materials that could conspire together to give rise to the 2175A

�
hump.

Unfortunately, computational spectrometry is not yet at a stage to rule out candidates,
but rather shows that a great variety of aromatic carbonaceous materials may be
responsible.

13.5
The Red Rectangle, HD44179

The Red Rectangle is one of the brightest objects in the sky when viewed at a
wavelength of 3.3mm(Figure 13.6) [100]. It has a peculiar shape, which at low resolution
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appears to be a red rectangle, butHubble SpaceTelescope images reveal to be a beautiful
biconical nebula, a view almost exactly side on, so as to appear like a bow tie [101]. In
1980, Gary Schmidt et al. reported molecular emission in the nebula, the most
prominent series of emission being on the red side of 5800A

�
[102]. In 1995, Sarre

noted a tantalizing coincidence between the blue edge of these emissions and several
DIBs, raising thepossibility that the carriersmaybe the samespecies andopening anew
front in the experimental assault to uncover the carriers [103]. A crucial part of the
hypothesis is that the Red Rectangle bands, being degraded to the red, are due to hotter
versions of the same species as the DIB absorber. We showed, using a combination of
DFTandmolecular mechanics, that the broadening observed in the RRBs is consistent
with large organic molecules heated at moderate temperatures of a few 10s of Kelvin,
getting colder toward the edges of the nebula [104]. A suggestion by Glinski that the
carrier could be phosphorescence from C3 is unlikely, yet the precise position of the
lowest triplet state of C3 remains unknown [105]. It also remains to be proven whether
the RRBs actually do converge upon the DIB positions, but nevertheless, the carriers of
the RRBs remain undiscovered as of 2010 and still pose a very interesting problem for

Figure 13.6 The emission spectrum from the biconial Red Rectangle nebula (below). The Red
Rectangle bands are presumed to be due to as yet unidentifiedmolecules. Spectrum courtesy of Rob
Sharp, Anglo Australian Observatory. Photograph from Hubble Heritage archive.
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astronomical spectroscopy [106].Aswith the carriers of theDIBs, computation canaid in
reducing the size of the field of candidates for experimental investigation.

13.6
The Aromatic Infrared Bands

As mentioned above, a set of infrared emission features observed since the
1970s [108] were suggested to be due to polycyclic aromatic hydrocarbons [89].
These bands were referred to, for a long time, as the �unidentified infrared bands,�
though more commonly in 2010 it is accepted to call them the �aromatic infrared
bands� (AIBs). The strongest AIBs lie at 3.3, 6.2, 7.7, 8.6, 11.3, and 12.4mm, which
had been noted by Duley and Williams to coincide with typical vibrational frequen
cies of organic molecules [109]. There has been much effort dedicated to under
standing the AIBs and what these emission features tell us about interstellar and
circumstellar chemistry. Much of the computational work has been carried out by
Charles W. Bauschlicher, Jr., at NASA, with over 40 papers on the topic. In 2008, the
NASA group reported DFT calculations on PAHs as large as C130H26 [110]. The
largest PAH ever studied spectroscopically as an isolated gas phase molecule is hexa
peri hexabenzocoronene, C42H18, also reported in 2008 [107]. Bauschlicher and
coworkers, content to use the 4 31G basis set with the B3LYP functional, have
provided the �insight� that Coulson would have requested. They suggest that the
AIBs are due to a mixture of large and small PAHs, which are symmetrical and
compact. Substitutions with nitrogen may improve the agreement between astro
nomical and synthetic spectra further still. These conclusions were supported by a
2009 report by the same authors, where irregularly shaped PAHs were studied at
sizes up to C120H36 [111]. The spectroscopy of nitrogen containing PAHs (PANHs) is
largely unexplored, especially for larger members. If these are indeed the carriers of
the AIBs, it is also possible that they enter the diffuse interstellar regions and present
themselves as the carriers of the DIBs. If this turns out to be the case, then it is clear
that computational spectrometry would have played a significant role in guiding
experimentalists toward these species.

13.7
The Holy Grail

One chapter is insufficient to mention every interaction between computational
spectrometry and astronomical spectroscopy. However, what I have attempted to
communicate above is the complexity and bilaterality of the relationship that these
two fundamental fields of endeavor enjoy. It was astronomers and their laboratory
bound companions who first studied the spectra of atoms and small molecules, as
observed in astronomical sources such as the sun, other stars, nebulae, and comets. It
was in part due to these data that led Bohr and others to propose quantized energy
level structures for atoms, but Mulliken more than others advanced our understand
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ing of molecular structure by seeking to explain the band spectra presented by
astronomers and molecular spectroscopists. His Nobel Prize in Chemistry, awarded
�for his fundamental work concerning chemical bonds and the electronic structure of
molecules by the molecular orbital method,� in 1966, was overdue. By then
computational spectrometry was beginning to take off as a subject with the possi
bilities afforded by the developments in computing. In 2010, computational results
are used regularly for large molecules as a qualitative guide for experimental
investigation, and there are some results, such as the spectroscopy of the c3Sþu
state of C2, where computation was the first to arrive at the correct answer.21) Our
work on C2 showed the possibility to calculate vibrational frequencies of second row
diatomic molecules to within 0.1%. However, the absolute positions of electronic
transitions were generally calculated to within about 0.5% of the true values. Coulson
may have wanted insight rather than numbers, but in the coming years it need not be
�either or.� What I will put forward is the �Holy Grail� of computational spectrom
etry as it relates to astronomical spectroscopy, to calculate the electronic spectra of a
large organic molecule to spectroscopic accuracy. This may at first sound like an
unreasonable request because it is! Let us lay down this challenge in 2010 to
calculate electronic spectra of molecules with accuracies of 1 cm�1 or better on each
band. We have shown that this is still not possible for C2 in a single calculation, but a
series of calculations that isolate the effects of basis set size and level of correlation
may be found to achieve the task. Just as the list of knownmolecules in space had zero
members in 1940, so is our list of accurately calculated electronic spectra in 2010,
some 70 years later. The author sincerely hopes that in the next 70 years of his life (by
which time he will be 105!) he will see computational spectrometry develop to the
stage where calculations of electronic spectra make redundant the careful collection
of laboratory spectra. The only pity would be that playing with lasers, vacuums, and
discharges is a lot of fun. Let us begin.
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Index

a
ab initio methods, wavefunction based 152
ablation, laser 353 354
absolute configuration (AC) 241, 261 270
absolute deviation, mean 83 84
absolute shieldings 37 38
absorption
energy 166
X ray 329 330

acetamide, N methyl 165 166
acetonitrile 101
N acyl azoles 38
adiabatic internal coordinate modes

(AICoM) 124 131
adiabatic local density approximation

(ALDA) 155
adiabatic vibrational modes 105 149
adsorbates, chiral 262
agostic methylidene product 360 366, 371
Ahlrich like hybrid bases 46
alanine subunits 304
alcohols, tempo alcohol complexes 89
ALDA (adiabatic local density

approximation) 155
aldehydes 123
alkines 134
alumina, NMR spectra 337 341
aluminum 341, 356 359
amines, cyclic 39
amino acids 38
helicogenic 100

amplitude function 9
analysis
PED 128 129
population 229
quantitative 1
spectral 23

anapole moment, nuclear 209

anatomy, molecular 243 246
angular degrees of freedom 192
angular momentum, molecular 178
anharmonic oscillator, diatomic

molecule 20 23
anharmonicity constant 117
anisotropy, chemical shift 329
anisotropy ratio 227
annealing 366 367
anticommutation rules 204
antiinflammatory activity 263
antimatter 201
antisymmetric stretching modes 135
apo calbindin D9K 307 308
apparent surface charges (ASC)

approach 159
applications
computational dielectric spectroscopy
299 316
DeVoe method 252 256

approximation
adiabatic local density 155
Born Oppenheimer 65, 180 182, 185 186
independent systems 247
NDO 259
point dipole 76
random phase 257
Tamm Dancoff 155

aromatic heterocycles 37
aromatic hydrocarbons, polycyclic 325, 391
aromatic IR bands 394
aromatic rings, conjugated 97
aromaticity 41 45
aryl aryl torsions 263
astronomical molecular spectroscopy

377 398
asymmetry, matter/antimatter 201
asymmetry parameter 82
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atom molecule reactions, simple 353
atomic orbitals (GIAOs), gauge including 80,

328
atropisomers 242
augmented Liouville equation 287
autocorrelation 288
averaging of frequencies 135 139
axial chirality 215
azapentalenes 44
azines 39
azoles 38, 41
azolides 38

b
b sheet conformers 230, 303
background, cosmic microwave 384
�background corrected� spectra 327
Badger Herschbach Laurie equations 111
Badger rule 105 149
bond specific 118

Bakerian Lecture 379
bands
aromatic 394
comet tail 383 384
diffuse interstellar 390 392
Swan 382

bandwidth, frequency dependent 261
baryogenesis 202
base pairs, Watson Crick 140
bases
Ahlrich like hybrid 46
Tröger�s 38

basis sets 82 84
bath, system bath decomposition 86
BEC (Bose Einstein condensation) 210
benchmarks, QM 163
bending modes 123
benzene
chromophore 270
ICSS view 42

bicyclobutane 128 129
bidentate bridging 338
3,800 biflavonoid morelloflavone 264
bimanes 45
binding protein, rat fatty acid 305
BINOL (1,10 bi(2 naphthol)) 252, 254
biological cells 310 311
biomolecules, solvated 303 311
biopolymers 252, 271
biphenyls, polychlorinated 325
birefringence, circular 223 239
BMIMþ (1 butyl 3 methyl imidazolium)

284, 314
BO, see Born Oppenheimer . . .

Bohr magneton 67
Bohr�s theory 5
Boltzmann weights 246, 264, 268
bond lengths 105
effective 142
equilibrium 141
experimental 114 116

bond specific Badger rules 118
bonds
delocalized 134
hydrogen 96
intramolecular hydrogen 51
metal metal 111
polarity 107
spectroscopic and geometrical
constants 106 108
stretching 113 116

borazine 51
Born Oppenheimer (BO) approximation 65
dipole moments 185 186
discussion 180 182

Born Oppenheimer (BO) Hamiltonian 67
boron trifluoride 359 360
borylene 359 360
Bose Einstein condensation (BEC) 210
bosons 19, 189
Bouchiat Hamiltonian 211
boundary conditions
conducting 287, 305
toroidal 295

Brahe, Tycho 377
bridging 338
Bunsen, Robert Wilhelm Eberhard 380 381
buta 1,3 diene 32
1 butyl 3 methyl imidazolium (BMIMþ)

284, 314

c
calculations
coupled cluster 213
coupling constants 54
direct time domain 231 238
errors 55
generalized dielectric constant 286 293
harmonic frequencies 355
Hückel 208
magnetic tensors 63 104
multireference 364
nonadiabatic 173 199
SSCC 48 50
vibrational frequencies of new
molecules 353 375

canonical linear harmonic oscillator 11 12,
18 19
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Car Parrinello molecular dynamics (CPMD)
scheme 162

carbenes 367 371
carbon monoxide ion (COþ) 383 385
carbon tetrachloride (CCl4) 367 371
carbon trimer 387 389
carbonaceous Swan bands 382
Cartesian vectors, orthonormal 193
CASSCF (complete active space self consistent

field) 153
cassiterite 344
catalysts, enantioselective 254
cations
organic 284
trihydrogen 25

CC (coupled cluster) theory 153
CCl4 (carbon tetrachloride) 367 371
CD (circular dichroism), vibrational 223 239
CE (Cotton effect) 242, 256
cells, biological 310 311
center of mass motion 24, 283
center of mass operator 176
charge
�charge arm� 284
charged dipolar systems 279 321
Mulliken 356
nuclear charge distribution model 213
surface 159

chemical reactions
simple atom molecule 353
surface 324 325

chemical shift 37 41
CSA tensor 329

chemistry
environmental 323 351
organometallic 374
quantum 1 36

CHF3 (fluoroform) 371 374
CH3F (fluoromethane) 360 362
CHFClBr 206 207, 212 214
chiral adsorbates 262
chiral molecules 201 221
randomly oriented 233

chiral phosphorus compounds 214
chirality
axial 215
intrinsic 244
operator 203
rule 251

chiroptical spectroscopic technique 224
chirospecific response 232
chloroform 101, 305, 364 366
chromophores 243 244, 248 252
benzene 270

CI (configuration interaction), truncated 259
circular birefringence (CB) 223 239
circular dichroism (CD)
electronic 241 277
vibrational 223 239

circular polarized c radiation 207
CIS (configuration interaction singles)

153 155, 161 162
Clausius Mosotti equation 184
closed shell systems, neutral 140
CMB (cosmic microwave background) 384
COþ (carbon monoxide ion) 383 385
�coarse grained� models 66
codeposition 357, 369
cold molecules 206
collective dipole moment, total 282 286
color, �Theory of Light and Colours� 379
comet rule, empirical 270
comet tail bands 383 384
commuting operators 178 179
complete active space self consistent field

(CASSCF) 153
complex electric field 235
complex numbers 15, 26 27
hyper 18

complexes
Al organic 337 339
Kubas 367
metal dihydride 362
super 366 367
tempo alcohol 89

compliance constants 139 140, 362
computation, symbolic 34
computational conformational

optimization 253
computational dielectric spectroscopy
applications 299 316
charged dipolar systems 279 321

computational NMR spectroscopy 37 61
computational simulation, see simulation
computational spectrometry
carbon trimer 388
concepts 1 36
environmental chemistry 323 351

condensation, Bose Einstein 210
Condon
Franck Condon factors 384
Franck Condon like response 160

conducting boundary conditions 287, 305
conductivity
dielectric 312 314
frequency dependent 313
parabola 316
static 289, 312
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configuration, absolute/relative 241,
261 270

configuration interaction (CI), truncated 259
configuration interaction singles (CIS)

153 155, 161 162
conformation 241
peptides 100

conformational manifolds 246 247
conformational optimization,

computational 253
conformational search, Monte Carlo

based 267
conformers, b sheet 230, 303
conjugated aromatic ring 97
conservation of orbital symmetry 33
constants of integration 10
contaminants, organic 323
continuum models 53
PCM, see polarizable continuum model

coordinate matrix 7
coordinate transformation 175, 193
coordinates
electronic 180, 185 186
mass weighted 119
molecule fixed system 192 195
redundant sets 137
translation free internal 177 178

correlated Gaussian functions 189
correlation, auto 288
correlation coefficients 142
correlation functions, time 286
cosine functions, phase shifted 302
cosmic microwave background (CMB) 384
Cotton effect (CE) 242, 256
Coulomb, DC HF theory 206
Coulomb interactions 174, 180, 228, 295
Coulomb�s law 294
counterions, iminio 267
coupled cluster calculations 213
coupled cluster (CC) theory 153
coupled oscillators 248 251
coupling
degenerate 251
hyperfine 71, 81, 91
mass 123
quadrupole 71 72
Renner Teller 388
spin orbit 70 71
vibronic 261

coupling constants
Fermi 203
hexafluorocyclotriphosphazene 54
hyperfine 66 84
spin spin 45 52

CPT symmetry 201
creation operator 15 16
cross correlation function 227
cross polarization detection

configuration 232 234
crystal field, lattice 209
crystal truncation rod (CTR) 329 330
crystals, macroscopic 3
CSA (chemical shift anisotropy) tensor 329
CTR (crystal truncation rod) 329 330
cuprite 29
cyanide 383 385
cybotactic region 101
cyclic amines 39
cyclobutene 32
cyclohexa 1,3 diene, 5 methyl 245
cyclohexane 158
cyclopentadienyl anion 267
D lines of sodium 380

d
d orbital hole 29
dAMP (20 deoxyadenosine 50

monophosphate) 339
Daphniphyllum macropodum 267
Davydoff splitting 253
DC HF (Dirac Coulomb Hartree Fock)

theory 206
Debye equation 184
Debye processes 300
decomposition
singular value 269
system bath 86

defects, �free from� 30
deformation mode 366 367
degenerate coupling 251
degrees of freedom, angular 192
delocalization, spin 97
delocalized bonds 134
delta function, Kronecker 5
DEMO (dynamic extended molecular

orbitals) 187
denatured proteins 229
density functional theory (DFT) 131, 163,

212 214
astronomical molecular spectroscopy
392 394
environmental chemistry 330 333,
342 345
magnetic parameters 64, 72 73, 79, 82
NMR spectroscopy 46 50
periodic DFT MD simulations 336
time dependent, see time dependent density
functional theory
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density matrix 65
20 deoxyadenosine 50 monophosphate

(dAMP) 339
destruction operator 15 16
detection, cross polarization 232 234
determinant
�excited� 152
Slater 68, 152

deviation, mean absolute 83 84
DeVoe method 248 251
DFT, see density functional theory
di (tert butyl nitroxide (dtbn) 85, 95
diagnostic interionic modes 355
dialane, dibridged 356 359
diastereomeric compounds 266
diatomic molecules
as anharmonic oscillator 17 20
Badger type relationships 112 118
dipole moments 190
heteronuclear 195

3a,6a diazapentalene 45
dibridged dialane 356 359
dicarbon 385 387
valence states 386

dichroism
linear 248
vibrational circular 223 239

dicyanoamide, 1 ethyl 3 methyl
imidazolium 290, 301

dielectric conductivity 312 314
dielectric constant
generalized 286 293, 315 316
imaginary part 226
local 293
solvents 88

dielectric field equation 279 282
dielectric permittivity 314
dielectric polarization, total 279
dielectric relaxation time 300
dielectric solvent effects (DSE) 53
dielectric spectroscopy, computational

279 321
differential operators 9
differential overlap 259
diffuse interstellar bands (DIBs) 390 392
diffusion tensor, generalized 98
diffusive operators 66
dihedral angle 212, 254
dihydride complex, metal 362
1,2 dihydro 1,2 azaborine 52
dimer model 335
dimers 253
dimethyl ether 24
dipolar displacement 288, 295

dipolar moment, molecular electric 32
dipolar spin spin interaction, magnetic 71
dipolar systems, charged 279 321
dipole densities, translational/rotational 280
dipole dipole tensor 294
dipole moment
diatomic molecules 190
EEDM 202
measurements 184 185
nonadiabatic calculation 173 199
total collective 282 286

dipoles
oscillating electric 233
transition 250

Dirac constant 4
Dirac Coulomb Hartree Fock (DC HF)

theory 206
Dirac matrices 204
Dirac operators
creation and destruction 15 16
parity conserving 208

Dirac pseudoscalar 203
Dirac van Vleck vector model 46
direct magnetic dipolar spin spin

interaction 71
direct time domain calculation 227 231
direct time domain measurement, VOA free

induction decay field 231 238
discreteness, laws of 3 5
dispersion, optical rotatory 223
dispersion repulsion contribution 94
dissection
molecular 244
polyatomic molecules 118 131

dissolved organic matter (DOM) 323
distance, �effective� 77
DNA, computational dielectric

spectroscopy 309 310
DOM (dissolved organic matter) 323
donor ions, proton 52
double bonds 143
double hybrid functionals 260
double perturbation theory 72
ds DNA 310
DSE (dielectric solvent effects) 53
dtbn (di tert butyl nitroxide) 85, 95
dynamic criterion 127
dynamic extended molecular orbitals

(DEMO) 187
dynamical effects 84 98
dynamical variables 18
dynamics
molecular, see molecular dynamics
water 343 345
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e
ECD (electronic circular dichroism) 241 277
hybrid approaches 247 256
solid state 266 268
spectra 254 255, 268 270
TDDFT 246, 257 272

EEDM (electron electric dipole
moment) 202

effective bond lengths 142
effective distance, 77
effective force constants 131
effective Green function 298
effects
Cotton 242, 256
dielectric solvent 53
dynamical 84 98
electron correlation 212
environmental 86 89
Mills Nixon 41
modeling of solvent effects 157 161
polarity 158
short /long range solvation 167
solvent 53 54
stereoelectronic 84 98
Zeeman 22

Einstein
BEC 210
Einstein�s relation 99
Nernst Einstein relation 312 313

electric dipolar moment, molecular 32
electric dipoles, oscillating 233
electric field, complex 235
electric field gradient 81 82
electric Hessian matrix 75
electric resonance experiments, molecular

beam 185
electric transition dipole 250
electrocyclic process, stereospecific 32
electron correlation effects 212
electron electric dipole moment

(EEDM) 202
electron paramagnetic resonance (EPR) 63

104
electron rich methyl halides 360
electron spin resonance (ESR) 101, 213, 333
observables 64

electronic Bohr magneton 67
electronic circular dichroism (ECD) 241 277
hybrid approaches 247 256
solid state 266 268
spectra 254 255, 268 270

electronic coordinates 180, 185 186
electronic effects, stereo 84 98
electronic spectroscopy, parity violation 209

electronic structure theory 67 69
electronic Zeeman interaction 72
electrostatic interactions 20
electrostatic potential, molecular 44
electrostatics, finite system 294 299
empirical comet rule 270
S enantiomer 205
enantioselective catalysts 254
enantioselective HPLC 263
Encyclopedia of Computational

Chemistry 333
energy
absorption 166
excitation energy errors 164 165
gas phase 92 93
kinetic 80
PED analysis 128 129
potential energy surface 118
residual 8
Stark rotational 184
vibrational rotational 21 22
zero point 8

energy matrix 7
enthalpy, reaction 332
environmental chemistry 323 351
environmental effects 86 89
EPR spectra, free radicals 63 104
equation of motion (EOM) formalism 154
equations, see laws and equations
equilibrium
bond lengths 141
generalized dielectric constant 286 293
geometry 90

errors
excitation energy 164 165
in theoretical calculations 55
self interaction 258

ESR (electron spin resonance) 101, 213, 333
observables 64

ether, dimethyl 24
1 ethyl 3 methyl imidazolium

dicyanoamide 290, 301
ethylene, twisted 211
Euler Lagrange equations 129
Ewald scheme 298
exchange correlation functional, hybrid 155
exchange potential, Kohn Sham 156
excitation energy errors 164 165
excitation spectra, fluorescence 387
�excited� determinants 152
exciton chirality rule 251
exciton coupled ECD 245
experimental bond lengths 114 116
experimental coupling constants 54
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experimental force constants, bond
stretching 113 116

extended X ray absorption fine structure
(EXAFS) spectroscopy 329 330

extinction coefficients, molar 157, 249

f
F substituted borazines 51
FC (Fermi contact) 46
Fe hydroxide dimer model 335
femtosecond spectral interferometric

approach 232 238
a FeOOH (goethite) 324, 334 336
Fermi contact (FC) 46
Fermi coupling constant 203
Fermi resonances 132 133
fermions 189
Feynman theorem, Hellmann 179, 186,

190 191
FID (free induction decay) field 231 238
field
CASSCF 153
complex electric 235
dielectric 279 282
FID 231 238
force field parameterization 345
interaction with molecules 182 184
lattice crystal 209
Lorentz 296
Maxwell 279, 294
reaction field method 296 297
reactive force 333
self consistent 28, 73

field gradient, electric 81 82
field reduced splitting 195
fine structure, EXAFS spectroscopy 329 330
finite system electrostatics 294 299
first hydration layers 317
fluorescence excitation spectra 387
2 fluorobenzamide 38
fluoroform (CHF3) 371 374
fluoromethane (CH3F) 360 362
Fokker Planck operators 66
folding motion 128
force
long range intermolecular 183
reactive force field 333

force constant matrix 139
force constants
compliance 139 140
effective 131
experimental 113 116
intrinsic 138
quadratic 131

force field parameterization 345
four particle molecule 188
Fourier Laplace transform 287, 293,

300 302
Fourier transform spectral interferometry

(FTSI) 234 237
Fourier transformation 14
Fox Herzberg system 385 386
fractionation factors, isotopic 328
Franck Condon factors 384
Franck Condon like response 160 161
Fraunhofer, Joseph (von) 380
�free from defects� 30
free induction decay (FID) field 231 238
free radicals, EPR spectra 63 104
Free Wilson matrices 43
frequencies
fundamental 359 361, 365, 370 373
harmonic 355
intrinsic 135 139
IR active 358
local modes 134 135
overtone 136
vibrational 326, 353 375

frequency dependent bandwidth 261
frequency dependent conductivity 313
friction tensor 99
FTSI (Fourier transform spectral

interferometry) 234 237
functionals 82 84
DFT, see density functional theory
double hybrid 260
hybrid 69
hybrid exchange correlation 155

functions
correlated Gaussian 189
cross correlation 227
effective Green 298
Gaussian 13
Green 279
Havriliak Negami 301
Kronecker delta 5
one center Gaussian 191
phase shifted cosine 302
polynomial 190
SCF wavefunction 187
time correlation 286
time correlation function theory
224 227
variational 179, 189
wavefunction 9
Whittaker M/W 10 13

fundamental frequencies 359 361, 365,
370 373
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g factor 21 22
c radiation, circular polarized 207

g
g tensor 66 84
isotropic 85

Galilei, Galileo 377
gas phase energy 92 93
gauge including atomic orbitals (GIAOs) 80,

328
Gaussian functions 13
correlated 189

Gaussian theorem 281
generalized dielectric constant (GDC)

286 293, 315 316
generalized diffusion tensor 98
geometry
molecular 106 108, 182
optimization 109

Glashow Salam theory, Weinberg 202
glass, surfaces 341
GLOB model 93
goethite (a FeOOH) 324, 334 336
gold nanoclusters 262
gradient, electric field 81 82
gradient vector 139
great mural quadrant 377
Green function 279
effective 298

Green Kubo approach 289
group theory 201
groups
Schleyer�s 44
symmetry breaking 244

h
halides, electron rich methyl 360
Hamiltonian 7
Born Oppenheimer 67
Bouchiat 211
molecular 23, 174 178, 192
nonrelativistic 16
radiation matter interaction 224 225
spin 66 84

harmonic frequencies 355
harmonic oscillator
canonical linear 11 12, 18 19
quantum theories 5 20

harmonic potential 120
harmonic wave number 26
Hartree Fock (HF) theory 69
DC HF 206
time dependent 257

Havriliak Negami function 301

Heisenberg�s principle of indeterminacy 5
helical systems 215
helicity rules 269
helicogenic amino acids 100
a helix, VCD spectra 231
Hellmann Feynman theorem 179, 186,

190 191
hen egg white lysozyme 305
Hermite polynomial 11 13
Herschbach Laurie equations, Badger 111
Herzberg system, Fox 385 386
Hessian matrix 105
electric 75

heterocycles, aromatic 37
heterodyned spectral interferograms 237
heteronuclear diatomic molecules 195
heteropentalenes 42 43
hexafluorocyclotriphosphazene 54
HF (Hartree Fock) theory 69
DC HF 206
time dependent 257

high harmonic spectra 31
high resolution spectroscopy 206
Hohenberg Kohn theorems 68
hohlraum radiation 19
Hönl London factors 384
Hooke�s law 6
Hückel calculations 208
�Hump�, DIB 392
Huygens, Christiaan 378
hybrid bases, Ahlrich like 46
hybrid ECD approaches 247 256
hybrid functionals 69, 155
double 260

hybrid QM/molecular mechanics (QM/MM)
approach 159 161

hybridization 30
hydrated ionic liquids 318
hydration layers, first and second 317
hydrazones 39
hydrocarbons, polycyclic aromatic 325, 391
hydrodynamic approach, mesoscopic 99
hydrogen
dibridged dialane 356 359
solid 358
supercomplex 366 367

hydrogen atoms, data analysis 82 83
hydrogen bonds
intramolecular 51
solute solvent 96

hydrolysis 342
hypercomplex numbers 18
hyperfine coupling 71, 81
constants 66 84
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vinyl 91
hyperfine structure 203
hypersurface 25

i
ICSS (isochemical shielding surfaces) 41 42
identical particles, permutation 178
imaging, tomographic 30
iminio counterion 267
INDCO 96
independent systems approximation

(ISA) 247
indeterminacy, principle of 5
induction decay, free 231 238
inelastic neutron scattering (INS) 330 331
infrared, see IR
integration, constants of 10
intensities, Raman 327
intensity of transition 14
intercept 40
interface, mineral water 342 343
interferograms, heterodyned spectral 236
interferometer, Mach Zehnder 235
interferometry, spectral 232 238
interionic modes 355
intermolecular forces 183
internal coordinate modes, adiabatic

124 131
internal coordinates, translation free

177 178
internal displacement coordinates 121
internuclear axis 194
interstellar bands, diffuse 390 392
interstellar regions, polyatomic

molecules 389
intramolecular hydrogen bonds 51
intrinsic chirality 244
intrinsic force constants 138
intrinsic frequencies 135 139
inverse Fourier transform 14
ionic liquids
hydrated 318
molecular 311 316

ionic lithium dioxide molecule 354 356
ionization 353
ions
COþ 383 385
isotropic monoatomic 311
proton donor 52

IR active frequencies 358
IR spectra
aromatic bands 394
laser ablation 357, 366

IR/Raman spectra 325 328, 334 336

iron, see Fe
ISA (independent systems approximation)

247
isochemical shielding surfaces (ICSS) 41 42
isolated peptides, VCD spectra 228
isolated stretching modes 132 134
isolation, matrix 353 354
isotope shift 203
isotope substitution 132 133
isotopic fractionation factors 328
isotopic variants 21 23
isotropic g tensor 85
isotropic monoatomic ions 311
isotropic polarizability 191

j
Jones interaction, Lennard 296

k
Kepler, Johannes 377
ketones 123
kinetic energy operator 80
Kirchhoff, Gustav Robert 380 381
Kobayashi Maskawa mechanism 202
Kohn Sham exchange potential 156
Kohn Sham procedure 68 69
Kramers Kronig relation 249
Kramers Kronig transformation 224
Kramers operator 208
Kronecker delta function 5
Kubas complex 367
Kubo approach, Green 289
a lactalbumin 305

l
Lagrange multiplier 124 126
Laplace, Fourier Laplace transform 287, 293,

300 302
laser ablation 353 354
lattice crystal field 209
lattice sum techniques 298
laws and equations
anticommutation rules 204
asymmetry 82
augmented Liouville equation 287
Badger Herschbach Laurie equations 111
Badger rule 105 149
Clausius Mosotti equation 184
Coulomb�s law 294
Debye equation 184
dielectric field equation 279 282
dipolar displacement 288
Einstein�s relation 99
empirical comet rule 270
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Euler Lagrange equations 129
exciton chirality rule 251
Gaussian theorem 281
helicity rules 269
Hellmann Feynman theorem 179, 186,
190 191
Hohenberg Kohn theorems 68
Hooke�s law 6
Kramers Kronig relation 249
laws of discreteness 3 5
linear polarization 225 226
linear response equations 76 82
Liouville equation 65
Nernst Einstein relation 312 313
Newton�s second law 6, 119
Poisson equation 294, 310
quantum laws 3 5
Raman intensities 327
Rosenfeld equation 242 243, 246
Schrodinger�s equation 9 12, 24, 67
Schwinger Lüders Pauli theorem 201
vibrational secular equation 131

laws of discreteness 3 5
LD (linear dichroism) measurements 248
leading parameter principle 129
Lecture, Bakerian 379
Lennard Jones interaction 296
light, �Theory of Light and Colours� 379
line shapes 98 101
VCD 227

linear dichroism (LD) measurements 248
linear harmonic oscillator, canonical 11 12,

18 19
linear optical activity susceptibility 227, 234
linear polarization 225
linear response equations 76 82
linear response theory 72 76
D lines of sodium 380
Liouville equation 65
augmented 287

Liouville transformation 27
liquid state NMR 328
liquids, molecular ionic 311 316
lithium dioxide molecule 354 356
llama antibody heavy chain variable

domain 305
local density approximation, adiabatic 155
local dielectric constant 293
local excitations 164 165
local mode frequencies 134 135
localized vibrational modes 122 124
London factors, Hönl 384
long range intermolecular forces 183
long range solvation effects 167

Lorentz field 296
Lorentzian curve 127
low frequency motions 92
Lüders Pauli theorem, Schwinger 201
lysozyme, hen egg white 305

m
Mach Zehnder interferometer 235
macropodumine C 267
macroscopic crystals 3
MAD (mean absolute deviation) 83 84
magic angle spinning (MAS), liquid

state 329, 339 341
magnetic dipolar spin spin interaction 71
magnetic parameters 84 86
magnetic shielding, nuclear 208
magnetic tensor 63 104
magnetic transition dipole 250
magnetogyric ratios 37
magneton, Bohr 67
manifolds, conformational 246 247
maser 389
Maskawa mechanism, Kobayashi 202
mass, reduced 106
mass coupling 123
mass weighted coordinates 119
matrix
density 65
Dirac matrices 204
force constant 139
Free Wilson 43
Hessian 75, 105
orthogonal 193
Wilson 121

matrix isolation laser ablation 353 354
matrix mechanics 6 9
matrix method 251 252
matter/antimatter asymmetry 201
Maxwell field 279, 294
MC (Monte Carlo) based conformational

search 267
MC (Monte Carlo) simulations 334
MD, see molecular dynamics
mean absolute deviation (MAD) 83 84
measurements
dipole moments 184 185
direct time domain 231 238
LD 248
vibrational OA FID 237 238

mechanics
matrix 6 9
molecular, see molecular mechanics
quantum, see quantum mechanics
wave 9 15
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memory, temporal 286
mesoscopic hydrodynamic approach 99
mesoscopic level 293 294
metals
dihydride complex 362
metal metal bonds 111
transition 374

methane 362 364, 371
AICoM frequencies 138

methanol 101
N methyl acetamide (NMA) 165 166
5 methyl cyclohexa 1,3 diene 245
methyl halides, electron rich 360
methyl radical 90
methylidene 360 366, 371
methylidyne 383 385
microscopic reversibility 8
microwave background, cosmic 384
Millikan�s measurement 4
Mills Nixon effect 41
mineral surfaces 341
mineral water interface 342 343
Möbius rings 41
modeling of solvent effects 157 161
models, see theories and models
modes
deformation 366 367
interionic 355
normal 127 129
stretching 132 134
vibrational 105 149
XH stretching 132 134

molar extinction coefficient 157, 249
molecular anatomy 243 246
molecular angular momentum 178
molecular beam electric resonance

experiments 185
molecular dissection 244
molecular dynamics (MD) 63, 95 98,

165 167, 262, 342, 345
Car Parrinello 162
computational dielectric spectroscopy 282,
311 313, 317 318
periodic DFT MD simulations 336
QM/MM MD 227 231
vibrational circular dichroism 224, 228, 238

molecular electric dipolar moment 32
molecular electrostatic potential 44
molecular geometry 182
molecular Hamiltonian 23, 174 178, 192
molecular ionic liquids 311 316
molecular mechanics 18
QM/MM approach 159 161
QM/MM MD 227 231

molecular orbitals (MO) 68
dynamic extended 187

molecular resolution 282 286
molecular spectroscopy, astronomical

377 398
molecular structure
and quantum mechanics 23 33
conformational manifolds 246 247

molecule fixed coordinate systems
192 195

molecules
bio 303 311
chiral 201 221, 233
cold 206
diatomic 20 23, 112 118, 190
four particle 188
heteronuclear diatomic 195
interaction with external fields 182 184
ionic lithium dioxide 354 356
neutral 177
overtone frequencies 136
physical properties 4
polyatomic 23, 118 131, 140 143
quasi diatomic 122 124
small 383 390
spectroscopic and geometrical
constants 106 108
super 53, 151

molybdenum 364 366
monoatomic ions, isotropic 311
monodentate bridging 338
mononucleotides 339
Monte Carlo based conformational

search 267
Monte Carlo (MC) simulations 334
morelloflavone, 3,80 0 biflavonoid 264
Morse potential 107, 109
Mosotti equation, Clausius 184
Mössbauer spectroscopy 207 208
motion
center of mass 24, 283
EOM formalism 154

Mulliken charges 356
MUlti SIte Complexation (MUSIC)

model 325
multiexponential fit 302
multiplier, Lagrange 124 126
multireference calculations 364
mural quadrant, great 377

n
Na, see sodium
NALMA/NAGMA 305
nanoclusters, gold 262
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natural organic matter (NOM) 337
nebula, �Red Rectangle� 392
Negami function, Havriliak 301
neglect of differential overlap approximation

(NDO) 259
Nernst Einstein relation 312 313
neutral closed shell systems 140
neutral molecules 177
neutron scattering, spectra 330 331
new molecules, vibrational frequencies

353 375
Newton�s second law 6, 119
NICS (nucleus independent chemical

shifts) 37, 41 45
nitrogen, astronomical spectroscopy 394
nitroxide radical 88
Nixon effect, Mills 41
NMR
liquid state 328
MAS 339 341
solid state 341
solution state 337 340
spectra 328 329
triplet wavefunction model (NMRTWM)
46

NMR properties 37 41
NMR spectroscopy
computational 37 61
parity violation 208 209

NOM (natural organic matter) 337
non BO approaches 180
nonadiabatic calculation of dipole

moments 173 199
noncommuting operators 15
noninteracting reference system 68
nonrelativistic Hamiltonian 16
A nor 2 thiacholestane 211
normal mode vectors 121
normal modes, characterization 127 129
normalization 10 13
nuclear anapole moment 209
nuclear Bohr magnetons 67
nuclear charge distribution model 213
nuclear magnetic resonance, see NMR
nuclear magnetic shielding 208
nuclear orbit interaction 71
nucleotides 309
nucleus independent chemical shifts (NICS)

37, 41 45
number
complex 15, 26 27
harmonic wave 26
hypercomplex 18
operator 15

o
OA (optical activity)
linear susceptibility 234
vibrational 224

observables 17
spectroscopic 65

observed orbitals 29
octahedral coordination 341
one center Gaussian functions 191
ONIOM scheme 93
operators
center of mass 176
chirality 203
commuting 178 179
differential 9
Dirac�s 15 16
kinetic energy 80
Kramers 208
noncommuting 15
number 15
parity 204
parity conserving Dirac 208
stochastic 66
vector 78

Oppenheimer . . ., see Born Oppenheimer . . .
optical activity (OA)
linear susceptibility 234
Raman 241
vibrational 224

optical rotation (OR) 241
optical rotatory dispersion (ORD) 223
optimization
computational conformational 253
geometry 109

orbit, spin /nuclear orbit interaction 70 71
orbitals 3
conservation symmetry 33
d orbital hole 29
gauge including atomic 80, 328
molecular 68
observed 29
perturbed 74
�quasi restricted� 80

organic cations 284
organic complexes, Al 337 339
organic contaminants 323
organic matter
dissolved 323
natural 337

organic molecules, overtone frequencies 136
organometallic chemistry 374
orthogonal matrix 193
orthonormal Cartesian vectors 193
oscillating electric dipoles 233
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oscillator strength, DIBs 391
oscillators
anharmonic 20 23
coupled 248 251
harmonic 5 20

out of plane bendings 90
overlap factors, spatial 164
overtone frequencies, organic molecules 136
overtone spectroscopy 134 135

p
PAHs (polycyclic aromatic

hydrocarbons) 325
interstellar regions 391

parabola, conductivity 316
paramagnetic resonance, electron, see EPR
parity conserving Dirac operator 208
parity operator 204
parity violation in chiral molecules 201 221
Parrinello MD scheme, Car 162
particle in a box 2
particle mesh Ewald (PME) method 299
Pauli theorem, Schwinger Lüders 201
PCBs (polychlorinated biphenyls) 325
pentalene dianion 42
peptides
computational dielectric spectroscopy
304 305
conformations 100
spin labeled 101
VCD spectra 228

periodic DFT MD simulations 336
permanent dipole/quadrupole moments 183
permittivity, dielectric 314
permutation of identical particles 178
perturbation theory
double 72
orbitals 74
Stark shift 195 196

phase shifted cosine functions 302
phenomenological spin Hamiltonian 63
phenyl radical 86
philosophical point of view 2
phosphate
binding on alumina 339 340
IR/Raman spectra 334 336

phospholipase C c1 307
phosphorus compounds, chiral 214
photolysis 357
photons
physical properties 4
two photon Ramsey fringe
spectroscopy 207

photosynthetic reaction center 262

physical properties of molecules and
photons 4

(1S) b pinene 237
pioneer quantum mechanics 17
Planck constant 4
plane bendings, out of 90
platinum 367 371
plumbagin 38
PME (particle mesh Ewald) method 299
point dipole approximation 76
Poisson equation 294, 310
polarity, bonds 107
polarity effects 158
polarizability, isotropic 191
polarizability tensor 257
polarizable continuum model (PCM) 87,

159 160, 165 166
environmental chemistry 331

polarization
cross 232 234
Debye equation 184
linear 225 226
total dielectric 279

polarized c radiation, circular 207
polyatomic molecules 23
Badger type relationships 140 143
dissection 118 131
interstellar regions 389

polychlorinated biphenyls (PCBs) 325
polycyclic aromatic hydrocarbons

(PAHs) 325
interstellar regions 391

polymers 248
polynomial, Hermite 11 13
polynomial function 190
population analysis 229
porphyrin 254 256
post Hartree Fock (HF) method 257
potential
harmonic 120
Kohn Sham exchange 156
molecular electrostatic 44
Morse 107, 109

potential energy distribution (PED)
analysis 128 129

potential energy surface (PES) 118
principle of indeterminacy, Heisenberg�s 5
probability, transition 14
probe solvent interactions 65
property surface 89
proteins
computational dielectric spectroscopy
305 309
structure 229
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proton donor ions 52
proxyl radical 85
pseudoeigenvalue problem 120
pseudoscalar, Dirac 203
pyramidal structures 91

q
quadrant, great mural 377
quadratic force constants 131
quadrupole coupling 71 72
quadrupole moment 183
quantitative analysis 1
quantum chemistry 1 36
quantum laws 3 5
quantum mechanics
and molecular structure 23 33
approach to ECD 256 271
QM benchmarks 163
QM/MM approach 159 161
QM/MM MD 227 231
simulation methods 152 157

quantum theory
harmonic oscillator 5 20
history 17, 377 383

quasi diatomic molecules 118 131
quasi elastic neutron scattering (QENS)

330 331
�quasi restricted� orbitals (QROs) 80

r
radiation, hohlraum 19
radiation matter interaction

Hamiltonian 224 225
s radical (vinyl) 84
radicals
free 63 104
tempo 85, 88 89
vinyl 91
vinyl 84 86

radioastronomy 389 390
RAHB (resonance assisted hydrogen

bond) 51
Raman intensities 327
Raman optical activity (ROA) 241
Raman spectra 325 328, 334 336
Ramsey fringe spectroscopy, two photon 207
random phase approximation (RPA) 257
randomly oriented chiral molecules 233
rare earth nuclei 209
rat fatty acid binding protein 305
RC (relative configuration) 241
reaction field (RF) method 296 297
reactions
enthalpies 332

simple atom molecule 353
surface 324 325

reactive force field 333
�Red Rectangle� 392 394
Redfield limit 63
reduced mass 106
redundant coordinate sets 137
reference compound 40
reference system, noninteracting 68
refractive index 250
relative configuration (RC) 241
relaxation time, dielectric 300
Renner Teller coupling 388
representation theory 201
residual energy 8
resonances, Fermi 132 133
response
chirospecific 232
Franck Condon like 160
linear 72 76

retinol 246
reversibility, microscopic 8
rhodopsin 246
rigid rotator model 195
rings
conjugated aromatic 97
Möbius 41

ROA (Raman optical activity) 241
rod, crystal truncation 329 330
Rosenfeld equation 243, 246
rotation, optical 241
rotational dipole densities 280
rotational energy, Stark 184
rotational spectra 173
rotational strength 258
rotation(al) . . .see also vibration(al)

rotation(al) . . .
rotator, rigid 195
rotatory dispersion, optical 223
Royal Society 378 379
RPA (random phase approximation) 257
rutile 344
Rydberg excitations 164 165

s
Salam theory, Weinberg Glashow 202
salicylic acid 337
scaling parameters 73
scattering, neutron 330 331
Schleyer�s group 44
Schrodinger�s equation 9 12
Born Oppenheimer 67
polyatomic molecules 23

Schwinger Lüders Pauli theorem 201
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second hydration layers 317
secular equation, vibrational 131
self consistent field (SCF) 28, 73
complete active space 153
wavefunction 187

self interaction error 258
self term, water water 306
semiempirical methods 152
Sham . . ., see Kohn Sham . . .

b sheet conformers 230, 303
shielding
absolute 37 38
isochemical 41
nuclear magnetic 208
through space NMR 41

shift
chemical 37 41, 329
isotope 203
Stark 195 196
toroidal 283

short range solvation effects 167
short time dynamical effects 89 98
simulations
Monte Carlo 334
periodic DFT MD 336
quantum mechanical methods 152 157
UVVis spectroscopy 151 171

single bonds 143
singular value decomposition (SVD) 269
Slater, Born Oppenheimer

approximation 180
Slater determinant 68, 152
slope 40
small molecules, astronomical

spectroscopy 383 390
Sn, see tin
sodium, D lines 380
solid hydrogen 358
solid state ECD 266 268
solid state NMR 341
solid surfaces 324
solute solvent hydrogen bonds 96
solute solvent interactions 53
solution state NMR 337 340
solvated biomolecules 303 311
solvation effects, short /long range 167
solvatochromism 157 158
solvent effects 53 54
modeling 157 161

solvent solvent interactions 65
solvents, dielectric constant 88
Soret transition 255
spatial overlap factors 164
speciation 323 324

spectra
�background corrected� 327
ECD 254 255, 268 270
fluorescence excitation 387
high harmonic 31
IR/Raman 325 328, 334 336
neutron scattering 330 331
NMR 328 329
rotational 173
types 325
VCD 229 231

spectral analysis 23
spectral interferograms, heterodyned 236
spectral interferometry, femtosecond

232 238
spectrometry, computational, see

computational spectrometry
spectroscopic constants, molecules 106 108
spectroscopic observables 65
spectroscopy 1
astronomical 377 398
chiroptical techniques 224
computational dielectric 279 321
computational NMR 37 61
electronic 209
EXAFS 329 330
high resolution 206
history 377 383
interstellar nitrogen 394
Mössbauer 207 208
NMR 208 209
overtone 134 135
Ramsey fringe 207
UVVis 151 171
vibration rotation 206 207

spherical vector components 196
spin, total 78
spin delocalization 97
spin Hamiltonian 66 84
spin labeled peptides 101
spin orbit coupling 70 71
spin resonance, electron, see ESR
spin spin coupling constants (SSCC) 45 52
calculations 48 50

spin spin interaction, magnetic dipolar 71
spinning, magic angle 329, 339 341
splitting
Davydoff 253
field reduced 195
zero field 66 84

stability criterion 127
standing wave, X ray 329 330
Stark rotational energy 184
Stark shift, perturbation theory 195 196
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states
transition 3
vibrational rotational 196

static conductivity 289, 312
stereochemistry, DeVoe method 252 256
stereoelectronic effects 84 98
stereospecific electrocyclic process 32
stochastic operators 66
stretching, bonds 113 116
stretching modes
antisymmetric 135
isolated 132 134

structure, molecular 246 247
structure theory, electronic 67 69
subazaporphyrins 38
substitution, isotope 132 133
subunits, alanine 304
sum techniques, lattice 298
supercomplex 366 367
supermolecules 53, 151
surface charges, apparent 159
surface reactions 324 325
surfaces
isochemical shielding 41
mineral/glass 341
property 89
solid 324

susceptibility, linear OA 227, 234
SVD (singular value decomposition) 269
Swan bands, carbonaceous 382
Swan system 385 386
symbolic computation 34
symmetric top 186
symmetry
CPT 201
molecular systems 178 179
orbital 33

symmetry breaking groups 244
symmetry criterion 127
system bath decomposition 86

t
Tamm Dancoff approximation (TDA) 155
�task specific� ionic liquids 311
tautomerism 43 44
Taylor expansion 119, 182
Teller coupling, Renner 388
tempo radical 85
tempo alcohol complexes 89
tempo choline 88

temporal memory 286
tensor
CSA 329
diffusion 98

dipole dipole 294
friction 99
g 66 85
magnetic 63 104
polarizability 257

tesserae 87, 93
tetrahedral coordination 341
theoretical calculations, errors 55
theories and models
Bohr�s theory 5
�coarse grained� models 66
continuum models 53
coupled cluster theory 153
Dirac van Vleck vector model 46
double perturbation theory 72
electronic structure theory 67 69
environmental chemistry 331 333
EPR general model 64 66
Fe hydroxide dimer model 335
GLOB model 93
group theory 201
harmonic oscillator 5 20
Hartree Fock 69
history of quantum theory 17, 377 383
linear response theory 72 76
MUSIC 325
NMRTWM 46
nuclear charge distribution model 213
PCM, see polarizable continuum model
PES concept 118
QM/MM approach 159 161
QM/MM MD approach 227 231
representation theory 201
rigid rotator model 195
Stark shift 195 196
�Theory of Light and Colours� 379
time correlation function theory 224 227
Weinberg Glashow Salam theory 202

thorium 371
through space NMR shieldings 41
time correlation function theory 224 227
time correlation functions 286
time dependent density functional theory

(TDDFT) 151, 154 157, 162 165
ECD 246, 257 272

time dependent HF 257
time dependent spectroscopy 151
time domain approaches 223 239
time domain calculations/measurement,

direct 231 238
tin dioxide 343 345
titania, environmental chemistry 341 345
titanium 359 362
toluene 101
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tomographic imaging 30
toroidal boundary conditions 295
toroidal shifts 283
torsion 92
aryl aryl 263

torsional modes 123
total collective dipole moment 282 286
total dielectric polarization 279
total spin 78
toxicology 323
transformation
coordinate 175, 193
Fourier 14, 234 237
Fourier Laplace transform 287, 293,
300 302
Kramers Kronig 224
Liouville 27

transition dipole 250
transition metals 374
transition probability 14
transition states 3
translation free internal coordinates

177 178
translational dipole densities 280
trifluoride, boron 359 360
trihydrogen cations 25
trindoles 38
triple bonds 143
Tröger�s bases 38
truncated configuration interaction 259
truncation rod, crystal 329 330
tungsten 366 367
twisted ethylene 211
two photon Ramsey fringe spectroscopy

207
tyrosine 210

u
ubiquitin 307 308
unfolded proteins 229
uranium 371 374
UVVis spectroscopy, simulation 151 171

v
valence states, dicarbon 386
van der Waals interaction 228
vaporization 353
variational function 179, 189
vector model, Dirac van Vleck 46
vector operators 78
vectors
gradient 139
normal mode 121
orthonormal Cartesian 193

spherical components 196
vibrational circular dichroism (VCD)

223 239
vibrational correction 98
vibrational frequencies
IR/Raman spectra 326
new molecules 353 375

vibrational modes
adiabatic 105 149
localized 122 124

vibrational OA FID measurements 237 238
vibrational optical activity (VOA) 224,

231 238
vibrational rotational energy 21 22
vibrational rotational spectroscopy 206 207
vibrational rotational states 196
vibrational secular equation 131
vibronic coupling 261
vinyl, hyperfine coupling constants 91
vinyl radical 84 86
VOA (vibrational optical activity) 224

w
W, see tungsten
Waals, van der, see van der Waals
wagging 92
water
dynamics 343 345
environmental chemistry 341 345
water water self term 306

Watson Crick base pairs 140
wave, standing 329 330
wave mechanics 9 15
wavefunction 9
SCF 187
wavefunction based ab initio methods 152

Weinberg Glashow Salam theory 202
Whittaker M function 10
Wilson matrix 121
Free 43

x
X ray standing wave (XSW) techniques 329

330
XC kernel 75
XH stretching modes 132 134

y
Young, Thomas 379 380

z
Zeeman effect 22
Zeeman interaction, electronic 72
Zehnder interferometer, Mach 235
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zero field splitting 66 84
zero frequency limit 292
zero point energy 8
zinc(II), environmental chemistry 341 343

zinc finger 303
ZINDO method 154
zirconium 362 364
ZORA 212

416j Index


	Computational Spectroscopy: Methods, Experiments and Applications
	Contents
	Preface
	List of Contributors
	1 Concepts in Computational Spectrometry: the Quantum and Chemistry
	1.1 Introduction
	1.2 Quantum Laws, or the Laws of Discreteness
	1.3 Quantum Theories of a Harmonic Oscillator
	1.3.1 Matrix Mechanics
	1.3.2 Wave Mechanics
	1.3.3 Dirac.s Operators for Creation and Destruction
	1.3.4 Discussion of Quantum Theories in Relation to an Harmonic Oscillator

	1.4 Diatomic Molecule as Anharmonic Oscillator
	1.5 Quantum Mechanics and Molecular Structure
	1.6 Conclusions
	References

	2 Computational NMR Spectroscopy
	2.1 Introduction
	2.2 NMR Properties
	2.3 Chemical Shifts
	2.4 NICS and Aromaticity
	2.5 Spin–Spin Coupling Constants
	2.6 Solvent Effects
	2.7 Conclusions
	2.8 The Problem of the Error in Theoretical Calculations of Chemical Shifts and Coupling Constants
	References

	3 Calculation of Magnetic Tensors and EPR Spectra for Free Radicals in Different Environments
	3.1 Introduction
	3.2 The General Model
	3.3 Spin Hamiltonian, g-Tensor, Hyperfine Coupling Constants, and Zero-Field Splitting
	3.3.1 The Spin Hamiltonian
	3.3.2 Electronic Structure Theory
	3.3.3 Additional Terms in the Hamiltonian
	3.3.4 Linear Response Theory
	3.3.5 Linear Response Equations for Spin Hamiltonian Parameters
	3.3.6 Computational Aspects: Functionals and Basis Sets

	3.4 Stereoelectronic, Environmental, and Dynamical Effects
	3.4.1 Structures and Magnetic Parameters
	3.4.2 Environmental Effects
	3.4.3 Short-Time Dynamical Effects

	3.5 Line Shapes
	3.6 Concluding Remarks
	References

	4 Generalization of the Badger Rule Based on the Use of Adiabatic Vibrational Modes
	4.1 Introduction
	4.2 Applicability of Badger-Type Relationships in the Case of Diatomic Molecules
	4.3 Dissection of a Polyatomic Molecule into a Collection of Quasi-Diatomic Molecules: Local Vibrational Modes
	4.3.1 Localized Vibrational Modes
	4.3.2 The Adiabatic Internal Coordinate Modes
	4.3.3 Properties of Adiabatic Internal Coordinate Modes
	4.3.4 Characterization of Normal Modes in Terms of AICoMs
	4.3.5 Advantages of AICoMs

	4.4 Local Mode Properties Obtained from Experiment
	4.4.1 Isolated Stretching Modes
	4.4.2 Local Mode Frequencies from Overtone Spectroscopy
	4.4.3 Local Mode Information via an Averaging of Frequencies: Intrinsic Frequencies
	4.4.4 Compliance Force Constants

	4.5 Badger-type Relationships for Polyatomic Molecules
	4.6 Conclusions
	References

	5 The Simulation of UV-Vis Spectroscopy with Computational Methods
	5.1 Introduction
	5.2 Quantum Mechanical Methods
	5.3 Modeling Solvent Effects
	5.4 Toward the Simulation of UV-Vis Spectra
	5.5 Some Numerical Examples
	5.6 Conclusions and Perspectives
	References

	6 Nonadiabatic Calculation of Dipole Moments
	6.1 Introduction
	6.2 The Molecular Hamiltonian
	6.3 Symmetry
	6.4 The Hellmann–Feynman Theorem
	6.5 The Born–Oppenheimer Approximation
	6.6 Interaction between a Molecule and an External Field
	6.7 Experimental Measurements of Dipole Moments
	6.8 The Born–Oppenheimer Calculations of Dipole Moments
	6.9 Nonadiabatic Calculations of Dipole Moments
	6.10 Molecule-Fixed Coordinate System
	6.11 Perturbation Theory for the Stark Shift
	6.12 Conclusions
	References

	7 The Search for Parity Violation in Chiral Molecules
	7.1 Introduction
	7.2 Experimental Attempts
	7.2.1 Vibration–Rotation Spectroscopy
	7.2.2 M€ossbauer Spectroscopy
	7.2.3 NMR Spectroscopy
	7.2.4 Electronic Spectroscopy
	7.2.5 Other Experiments

	7.3 Theoretical Predictions
	7.4 Conclusions
	References

	8 Vibrational Circular Dichroism: Time-Domain Approaches
	8.1 Introduction
	8.2 Time-Correlation Function Theory
	8.3 Direct Time-Domain Calculation with QM/MM MD Simulation Methods
	8.4 Direct Time-Domain Measurement of VOA Free Induction Decay Field
	8.4.1 Conventional Differential Measurement Method
	8.4.2 Femtosecond Spectral Interferometric Approach
	8.4.2.1 Cross-Polarization Detection Configuration
	8.4.2.2 Fourier Transform Spectral Interferometry
	8.4.2.3 Vibrational OA-FID Measurement


	8.5 Summary and a Few Concluding Remarks
	References

	9 Electronic Circular Dichroism
	9.1 Introduction
	9.2 Molecular Anatomy
	9.3 Conformational Manifolds and Molecular Structure
	9.4 Hybrid Approaches
	9.4.1 Coupled Oscillators and the DeVoe Method
	9.4.2 The Matrix Method
	9.4.3 Applications

	9.5 The QM Approach
	9.5.1 Assignments of Absolute Configurations
	9.5.1.1 The Solid-State ECD TDDFT Method

	9.5.2 Interpretations of ECD Spectra
	9.5.3 Other Applications

	9.6 Conclusions and Perspectives
	References

	10 Computational Dielectric Spectroscopy of Charged, Dipolar Systems
	10.1 Methods
	10.1.1 Dielectric Field Equation
	10.1.2 Molecular Resolution of the Total Collective Dipole Moment
	10.1.3 Computing the Generalized Dielectric Constant in Equilibrium
	10.1.4 Finite System Electrostatics

	10.2 Applications and Experiments
	10.2.1 Solvated Biomolecules
	10.2.1.1 Peptides
	10.2.1.2 Proteins
	10.2.1.3 DNA
	10.2.1.4 Biological Cells

	10.2.2 Molecular Ionic Liquids
	10.2.2.1 Conductivity and Dielectric Conductivity
	10.2.2.2 Dielectric Permittivity
	10.2.2.3 Generalized Dielectric Constant


	10.3 Summary and Outlook
	References

	11 Computational Spectroscopy in Environmental Chemistry
	11.1 Introduction
	11.1.1 Need for Computational Spectroscopy
	11.1.1.1 Speciation
	11.1.1.2 Surface Reactions

	11.1.2 Types of Spectra Calculated
	11.1.2.1 IR/Raman
	11.1.2.2 NMR
	11.1.2.3 EXAFS + CTR + XSW
	11.1.2.4 QENS and INS


	11.2 Methods
	11.2.1 Model Building
	11.2.2 Selecting a Methodology

	11.3 Examples
	11.3.1 IR/Raman Phosphate on Goethite
	11.3.2 Solution-State NMR of Al–Organic Complexes
	11.3.3 Solid-State NMR of Phosphate Binding on Alumina
	11.3.4 Solid-State NMR of Aluminum Species at Mineral and Glass Surfaces
	11.3.5 Water and Zn(II) on TiO2
	11.3.6 Water Dynamics on TiO2 and SnO2

	11.4 Summary and Future
	References

	12 Comparison of Calculated and Observed Vibrational Frequencies of New Molecules from an Experimental Perspective
	12.1 Introduction
	12.2 Experimental and Theoretical Methods
	12.2.1 The LiO2 Ionic Molecule

	12.3 Aluminum and Hydrogen: First Preparation of Dibridged Dialane, Al2H6
	12.4 Titanium and Boron Trifluoride Give the Borylene FB=TiF2
	12.5 Ti and CH3F Form the Agostic Methylidene Product CH2=TiHF
	12.6 Zr and CH4 Form the Agostic Methylidene Product CH2=ZrH2
	12.7 Mo and CHCl3 Form the Methylidyne CH≡MoCl3
	12.8 Tungsten and Hydrogen Produce the WH4(H2)4 Supercomplex
	12.9 Pt and CCl4 Form the Carbene CCl2=PtCl2
	12.10 Th and CH4 Yield the Agostic Methylidene Product CH2=ThH2
	12.11 U and CHF3 Produce the Methylidyne CH≡UF3
	References

	13 Astronomical Molecular Spectroscopy
	13.1 The Giants. Shoulders
	13.2 The First Spectroscopists and Seeds of Quantum Theory
	13.3 Small Molecules
	13.3.1 CH, CN, CO, CO+þ
	13.3.2 Dicarbon: C2
	13.3.3 The Carbon Trimer: C3
	13.3.4 Radioastronomy

	13.4 The Diffuse Interstellar Bands
	13.4.1 The Hump

	13.5 The Red Rectangle, HD44179
	13.6 The Aromatic Infrared Bands
	13.7 The Holy Grail
	References

	Index


